TRUONG THPT CHUYEN PE ON KIEM TRA CUOI KY 2

THANG LONG NAM HOC 2022 — 2023
—— —x kA — — — Mon Toan
(Dé gdém 04 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdt dé

Cau 1: Cho s6 phiic z = a + bi, (a,b € R). Ménh dé nao sau day sai?

A. |z] = Via+ b la mo6-dun cua z. B. Z = a— bila s phiic lién hop cia z.
C. ala phan thuc cia z. D. b 12 phan 4o ctia z.

Cau 2: Cho s6 phiic z = 24 i. S6 phuc lién hop Z c6 phan thuc, phan 4o lan ludt 1a

A. 2val. B. —2va—1. C. —2val. D. 2va—1.
Cau 3: Tim nguyén ham ctia ham s f(x) = 3x* — 1.

A. /f(x)dx:x3+x—|—C. B. /f(x)dx:x3+C.

C. /f(x)dx:x3—x+c. D. /f(x)dx:6x+C.
Cau 4: Tim ho nguyén ham ctia ham s f(x) = cos2x.

A. /c0s2xdx:2sin2x+C. B. /costdx: —%sin2x+C.

C. /cos2xdx: —2sin2x+C. D. /costdx: %sian—f—C.

Cau 5: Viét cong thiic tinh thé tich V ctia khdi tron xoay dudc tao ra khi quay hinh phang gidi han béi dd
thi ham s6 lién tuc y = f(x), truc Ox va hai dudng thang x = a, x = b (a < b), xung quanh truc Ox.
b b b b

A. V:/|f(x)|dx. B. V:/fz(x)dx. C. V:n/fz(x)dx. D. V:n/f(x)dx

Cau 6: Trong khong gian véi hé toa do Oxyz, cho mit phang (P): 2x —y+ 3z —2 = 0. Diém nao dudi day
thudc (P)?
A. P(1;1;0). B. M(1;0;1). C. N(0; 1;1). D. O(1;1;1).

Cau 7: Cho cac ham s f(x), g(x) lién tuc trén tap xac dinh. Ménh dé nao sau day la sai?
A [kp =k [ f(x)dx. 6 £0) B. [ ) st)dx= [ flx)dx- [ gx)as
C [l +ee]dr= [0+ [ed D, [f©d=f@)+C (CER)

Cau 8: Trong khong gian véi hé toa dd Oxyz, cho mit phang (P): 4x+ 3z — 5 = 0. Tinh khoang céch d tit
diém M(1;—1;2) dén mit phang (P).
7 1

4
A.d—g. B.d=1. C.d—g. D.d—g.

Cau 9: Trong khong gian véi hé toa dd Oxyz, phuong trinh nao dudi day 1a phuong trinh ctia mit phang di
qua diém M (1;2 — 1) va c6 mot véc-to phap tuyén 7 = (2;0;—3)?

A. 2x—3z—-5=0. B. 2x—3z+5=0. C.x+2y—z—-6=0. D. x+2y—z—-5=0.
Cau 10: Trong khong gian v6i hé toa do Oxyz, cho mit cau (S): (x —2)> +y* + (z+ 1)* = 4. Toa d6 tam I

clia mit cau (S) 1a

A I(2;1-1). B. 1(2;0;—1). C. I(—2;0;1). D. 1(—2;1;1).
1
Cau 11: Tinh tich phan / = / 3 dx
2 3 9
A I= 3 B. I—ln3 C.I—g. D. I =2In3.



Cau 12: Trong khong gian vdi hé toa dd Oxyz, cho diém A(—2;3;1). Hinh chiéu vudng goc ctia diém A 1én
truc Ox c6 toa do la
A. (2;0;0). B. (0;—3;—1). C. (—2;0;0). D. (0;3;1).

Cau 13: Cho cdc ham sb f(x) va F(x) lién tuc trén R théa F'(x) = f(x), Vx € R. Tinh / x) dx biét
F(0)=2,F(1)=5.

A. /Olf(x)dx:—?). B. /Olf(x)dx:7. C. /Olf(x)dle. D. /Olf(x)dx:

. . 147i
Cau 14: Tinh mo6-dun cta so phuc z bict z = 3 + 4l_.
—4i
A. |z]| =25V2. B. |z] =0. C. |7 =V2. D. z] =2.
A . . i 1A . . 2 x y+2 z+4
Cau 15: Trong khdng gian véi hé toa dd Oxyz, cho duong thang (d): 3T - 1 Mot véc-to chi
phuong ctia dudng thang (d) c6 toa do 1a
A. (0;—-2;—4). B. (0;2;4). C. (3;—151). D. (3;—1,0).
. 2 -2 3 o
Cau 16: Trong khong gian véi hé toa dO Oxyz, cho duong thang (d): x—ll— _ 7 T = ot va diém

A(1;—-2;3). Mit phang qua A va vudng géc vdi dudng thang (d) c6 phuong trinh Ia
A x—y+2z—-9=0. B. x—2y+3z—14=0. C. x—y+2z+9=0. D. x—2y+3z-9=0.

Cau 17: Tinh dién tich S cta hinh phing gi6i han bdi dd thi cdc ham sb y = 3x%, y = 2x+5, x = —1 va

256 269
A S= B. §=—. . S=0. D. §=27.
S= 57 S > C.S$=9 S=27

Cau 18: Cho s phiic z, biét s6 phiic lién hop 7 = (1 —2i)(1+i)>. Diém biéu dién z trén mit phing phiic
Oxy la di€ém nao dudi day?

A. P(6;-2). B. M(2;6). C. 0(6;2). D. N(2;-6).
Cau 19: Trong khong gian v6i hé toa do Oxyz, cho hai diém A(3;2;0), B(1;0 : —4). Mit cau nhan AB lam
duong kinh c6 phuong trinh la

A X4y 4+ —4x—2y+4z—15=0. B. >+’ +22+4x+2y—4z—15=0.

C. > +y*+72—4x—2y+4z+3=0. D. 2+ + 2 +4x+2y—4z+3=0.

1
Cau 20: Tinh tich phan I = / (2x + 1)e*dx bang cach dit u = 2x+ 1, dv = e*dx. Ménh dé nao duéi day
0
dung?

1 1
A. I:(2x—|—1)ex}(l)—2/ e dx. B. I:(2x+1)ex{(l)+/ e
0 0
1 1
C. 1:(2x+1)eX}(1)—/ e dx. D. I=(2x+1)ex|(1)—|—2/ e dx.
0 0
Cau 21: Cho tich phan I = / f(x)dx = 8. Tinh tich phan I = / dx
A I1=12 LI =2. CI—32 D. I=3.

Cau 22: Tim tat ca céc gid tri thuc x, y sao cho: x — 1 —yi =y + (2x —5)i.
A x=3y=2. B. x=2,y=1. C.x=-2,y=—1. D. x=-2,y=09.
_>
Cau 23: Trong khong gian v6i hé toa do Oxyz, cho ad = (1;-1;3), b =(2;0;,—1). Tim toa do véc-to
%
W =2d-3b.
A W = (4,2;-9). B. W =(—4;,—2:9). C. 7 =(1;3;—11). D. ¥ = (—4;-59).
Céu 24: Ham sb nao sau day khong 1a mot nguyén ham clia f(x) = \3/)_6 trén (0; +o0)?

3V 3x\/_ 3 4 3V
4

A F(x)= T+1 B. F5(x) = C. Fy(x) = Rl +4. D. /(x)= +2.




. . T
Cau 25: Cho hinh phang D gidi han bdi duong cong y = sinx, truc hoanh va cac duong thang x = 0,x = r
Khbi tron xoay tao thanh khi D quay quanh truc hoanh cé thé tich V bing bao nhiéu?

av=i(5-9) mv-ieva) ev-ievi) nv-i(39)

Cau 26: Trong khong gian véi hé toa dd Oxyz, phuong trinh nao dudi diy la phuong trinh cia mot mat

cau?
A X2+ +22—2x+4y+32+8=0. B. X’ +y?+722—2x+4y+3z+7=0.
C. ¥+ —2x+4y—1=0. D. >+ —2x4+6z—2=0.
2 2 2
Cau 27: Cho biét / Fx)dr =3 va / 2(x)dx = —2. Tinh tich phan 7 — / 2+ f(x) — 2g(x)] dx.
0 0 0
A. I=18. B. 1=5. C.I1=11. D. 1=3.
1 1
Cau 28: Ki hiéu z;, 2, 12 hai nghiém phtc ctia phuong trinh 27> —4z+9 =0. Tinh P = — 4+ —.
2
4 4
A P=——. B. P=_. C.Pzg. D.P:—g.
9 9 4 4

x=3—t
Cau 29: Trong khong gian v6i hé toa dd Oxyz, cho dudng thang (d): { y = —1+2¢ (¢ € R). Phuong trinh

7= -3t

nao dudi dy 12 phuong trinh chinh tic ctia dudng thang (d)?
x=3 y+1 z x+3  y—1 Z

A. = =—. B. =—F=—.
—l1 22 —33 —l3 21 —33
x+1  y—-2  z— x—3 y+1 z—

C. 3T 1 3 D. 1 -5 T 3

Céu 30: Trong khong gian véi hé toa dd Oxyz, mit cau tdm /(3;—1;0), ban kinh R = 5 ¢6 phuong trinh
la
A (x+3)2+(y—1)+22=5. B. (x—3)*+(+1)>+22=5.
C. (x=3)>+(y+1)>+2=25. D. (x+3)2+(y—1)2+7>=25.
Cau 31: Tim ho nguyén ham ctia ham sb f(x) = x(x+ 1)20%3,
(x+1)2025 (x4 1)204
A. = — .
/ Fxdr =53 2004 €
B. / F(x) dx = 2025(x + 1)224 4 2024 (x + 1)2% 4. C.

(e 1)2025 (x4 1)2024
C. / fae= D 0D e
D. /f(X)dx =2025(x+ 1)2024 —2024(x+ 1)2023 el

x=1—t
Cau 32: Trong khong gian v6i hé toa dd Oxyz, cho duong thing (d): { y = —142¢ (t € R). Pudng thing

7=2—t
di qua di€m M(0; 1; —1) va song song véi dudng thang (d) c6 phuong trinh 1a

x y—1 z+1 x+1 y—2 z+1
A. _= — B. - - .
1 -2 . 1 | 11 —12 21
x _y+b z— x—1 y+2 z—
L — = = . D. - - .
¢ —1 2 —1 1 —1 2

Cau 33: Trong khong gian véi hé toa do Oxyz, cho U = (2;—1;1), V= (0; —3; —m). Tim sb thuc m sao
cho tich v6 huéng w-V =1
A. m=4. B. m=2. C. m=3. D. m=-2.

Cau 34: Cho ham s6 f(x) = 2x+€*. Tim mot nguyén ham F (x) ctia ham s f(x) théa man F(0) = 0.

3



A. F(x)=x>4+e"—1. B. F(x)=x>+¢" C. Flx)=¢"—1. D. F(x) =x’>4e"+1.
Cau 35: Tim tit ca cdc s6 phuc z théa 2z — 3(1 +1i) = iz+7 — 3i.

8 4 8 4
N e NN 2 —2x—1 ., .
Cau 36: Cho F(x) la mot nguyén ham ctia ham so6 f(x) = ——7 thoa man F(0) = —1. Tinh F(—1).
A. F(—=1) = —In2. B. F(—1)=—2+In2. C. F(—1)=1In2. D. F(—1)=2+1In2.

Cau 37: Tap hop diém bi€u dién sb phuc z théa mén |z+ 1| = |1 —i — 2z| 1a dudng tron (C). Tinh béan kinh
R cta duong tron (C).

10 7 V10
A.R=—. B. R=2V3. C.R=—. D. R=——.
9 3 3
1 sin’x N R
Cau 38: Tinh tich phan / = - dx bang cach dét u = tanx, ménh dé nao dudi day dung?
cos®x
I ° 1 1 1
A. I:/ u® du. B. I:/ — du. C. I:—/ u® du. D. I:/ u® du.
0 0 u 0 0
Céu 39: S6 phiic z = a+ bi (a,b € R) théa man z+ 1+ 3i—|z|i = 0. Tinh S = a — 3b.
7 7
A.S:—g. B. S$=3. C. §=-3. D.S:§.

Cau 40: Trong khong gian véi hé toa do Oxyz, cho mit ciu (S): x> +y* + 72 +4x — 2y — 4 = 0 va diém
A(1;1;0) thudc (S). Mit phang tiép xtic v6i (S) tai A c6 phuong trinh la
A x+y=1=0. B. x+1=0. C. x+y—-2=0. D. x—1=0.
Cau 41: Trong khong gian v6i hé toa dd Oxyz, cho mit phang (P): x —my+z— 1= 0(m € R), mit phang
(Q) chia truc Ox va di qua diém A(1;—3;1). Tim s6 thuc m d€ hai mit phang (P), (Q) vudng géc.
1

1
A m=-3. B.m:—g. C.m:§. D. m=3.

¢yv3+1 —bV3 . R
Cau 42: Cho X dr =2 V3 v0i a,b 1a cac sO nguyén. Ménh dé nao dudi day la dung?
1 X
A . a—2b=12. B. ab=24. C.a—b=10. D. a+b=10.
Cau 43: Trong khong gian véi hé toa dd Oxyz, cho bon diém A(1;0;3), B(2;—1;1), C(—1;3;—4), D(2;6;0)
tao thanh mot hinh tf dién. Goi M, N 1an lugt 1a trung diém cic doan thang AB, CD. Tim toa do trung diém
G cua doan MN.

4 8
A. G(4;8;0). B. G(2;4;0). C. G<§;§;O). D. G(1;2;0).
. 1 4 .
Cau 44: Trong khong gian vé6i hé toa dd Oxyz, cho dudng thang (A): )Hl_ = )% = % vadiem A(2;0;1).
Hinh chiéu vuong goc ctia A trén (A) 1a di€ém nao dudi day?
A. 0(2;2;3). B. M(—1;4;,—4). C. N(0;—2;1). D. P(1;0;2).
Cau 45: Tinh dién tich S ctia hinh phang gidi han bdi dd thi cic ham s6 y =2 -2,y =0vax=2.
2+2In2 3—4In2 3+4In2 2—2In2
A S=———. B. S=———. S=—. D S=—F—.
S In2 S In2 C.s In2 S In2
Cau 46:



Mot ngudi chay trong thdi gian 1 gio, van téc v (km/h) phu thudc thoi gian ¢ (h) c6 dd thi v,
lam mot phan ctia dudng parabol vé6i dinh 7 %; 8) va truc d6i xiing song song véi truc tung 8
nhu hinh vé. Tinh quiang dudng S ngudi d6 chay dudc trong khoang thdi gian 45 phut, ké tit
khi bat diu chay.

A. §=53km. B. S$=4)5km. C. S=4km. D. §=23 km.

Cau 47: Trong khong gian v6i hé toa do Oxyz, cho mit cau (S): (x—1)% = (y+2)? 42> =4 ¢6 tim I va
miit phang (P): 2x —y+ 2z +2 = 0. Tim toa d6 diém M thuoc (P) sao cho doan thang IM ngin nhit.

1 4 4 11 8 2
A. (—5,—5,—5). B. (—3,—5,—5). C. (1;-2;2). D. (1;-2;-3).

Cau 48: Trong khong gian véi hé toa dd Oxyz, cho diém M(3;2;1). Mit phang (P) qua M va cit céc truc
Ox, Oy, Oz lan lugt tai A, B, C sao cho M 1a truc tim tam gidc ABC. Phuong trinh mit phang (P) 1a

X,y z Xy z
A. —-6=0. B. -+Z+-=0. C. -+Z+-=1 D. 3x+2 —14=0.
X+y+z 3+2+1 3+2+1 X+2y+2z
. —3+4i|+1 1 )
Cau 49: Cho so phiic z = a + bi, (a,b € R) thda man l2=3+ l|_+ = — va md-dun |z| 16n nhat. Tinh
3z—3+4i|-3 2

tong S = a+b.

A §S=2. B. §=-1. C. S=-2 D. S=1.

2
Cau 50: Cho hinh phang D gi6i han bdi dd thi cic ham s6 y = %, y = v/2x. Khéi tron xoay tao thanh khi

quay D quanh truc hoanh c6 thé tich V bang bao nhiéu?
287 127 4w 36m
A V=—-. B.V=—. C.V=—. D V=—.
5 5 3 35



PAP AN TRAC NGHIEM

1.A 2.D 3.C 4.D 5.C 6.C 7.B 8.B 9.A 10.B

11.A 12.C 13.D 14.C 15.C 16.A 17.B 18.D 19.C 20.A

21.C 22.B 23.B 24.D 25.A 26.B 27.C 28.B 29.A 30.C

31.A 32.A 33.B 34.A 35.D 36.A 37.D 38.D 39.B 40.D

41.D 42.C 43.D 44.D 45.D 46.B 47.A 48.D 49.C 50.B

LOI GIAI CHI TIET

Cau 1: Cho s phiic z = a + bi, (a,b € R). Ménh dé nao sau day sai?

A. |z] = Via+ b 1a mo-dun cia z. B. 7 = a— bila s phiic lién hop cia z.
C. ala phan thuc cia z. D. b 12 phan 4o ctia z.

Loi gidi.
Theo dinh nghia ¢6 |z| = \/a? + b?. Viy |z| = Va+ b 12 mo-dun clia z 1a ménh dé sai.
Qs Chon dadp 40 (A) .. ...\

Cau 2: Cho s6 phic z = 2+ i. S6 phic lién hop Z c6 phan thuc, phan 4o lan ludt 1a
A. 2val. B. —2va-—1. C. —2val. D. 2va —1.

Loi giai.
z=2+i=>7=2—1i. Viy 7 c6 phan thuc, phan 4o lan lugt 12 2 va —1.
& Chon dAp an (D) ...\ttt et e e

Cau 3: Tim nguyén ham ctia ham sé f(x) = 3x> — 1.
A. /f(x)dx=x3+x+C. B. /f(x)dx:x3+C.

C. /f(x)dx:x3—x+c. D. /f(x)dx=6x+C.

Lui giai.

/f(x)dx—/(3x2_1)dx—x3—x+C.

& Chon dAp an (C) . ...\t

Cau 4: Tim ho nguyén ham cta ham sd f(x) = cos 2x.

1
A. /cos2xdx:2sin2x+C. cos2xdx = —3 sin2x+C.

5. |
1
C. /costdx: —2sin2x+C. D. /costdx: Esian—i—C.

Loi giai.
_ 1
Ap dung cong thiic /cos(ax +b)dx = —sin(ax+b) 4+ C.
a
1
Vay /cos2xdx =5 sin2x+C.
Qs Chon dAP AN (D) ...\ttt et



Cau 5: Viét cong thiic tinh thé tich V ctia khdi tron xoay dudc tao ra khi quay hinh phang gi6i han bdi do
thi ham s6 lién tuc y = f(x), truc Ox va hai duong thang x = a, x = b (a < b), xung quanh truc Ox.
b b b b

A. vz/|f(x)ydx. B. V:/fz(x)dx. C. V:n/fz(x)dx. D. V:n/f(x)dx

Loi giai.
Theo ly thuyét V = n/f2 (x)dx

& Chon dAp an (C) ... ..ot O

Cau 6: Trong khong gian véi hé toa dd Oxyz, cho mit phang (P): 2x —y+ 3z — 2 = 0. Piém nao duéi
day thudc (P)?
A. P(1;1;0). B. M(1;0;1). C. N(0;1;1). D. O(1;1;1).

Loi giai.
Thay toa do diém N(0;1; 1) vao phuong trinh mit phang (P) = 2-0—143-1—2 =0 (ding). Vay N € (P).

& Chon dap an (C) ... ..\ O

Cau 7: Cho cdc ham s6 f(x), g(x) lién tuc trén tap xac dinh. Ménh dé nao sau day la sai?

A [k =k [ ) dx, 6 £0) B. [ f()-g /f dr- [ o)
C [ +swlar=[fx)de+ [gwar.  D. [Fx)de=re+C. (CER)

Lui gidi. | |
Meénh dé sai 1a /f(x)dx = /f(x) -g(x)dx- /g(x) dx.
&: Chon dédp anB) o BT RRRR O

Cau 8: Trong khong gian véi hé toa dd Oxyz, cho mit phang (P): 4x+ 3z — 5 = 0. Tinh khoang cach d
tir diém M(1; —1;2) dén mit phang (P).

4 7 1
A d=-. B. d=1. C.d=-. D. d=-.
5 5 5
Loi giai.
. |4+3-2-75|
Taco6dM,(P)) = ——+———=1.
. (P)) = 5
& ChQndépén ............................................................................ O

Cau 9: Trong khong gian véi hé toa dd Oxyz, phuong trinh nao duéi day 1a phuong trinh clia mit phang
di qua diém M (1;2 — 1) va c6 mot véc-to phap tuyén 7 = (2;0; —3)?
A. 2x—3z—-5=0. B. 2x—3z+5=0. C.x+2y—z—6=0. D.x+2y—z—-5=0.

Loi gidi.
Phuong trinh mit phing qua M(1;2;—1) va c6 véc-to phap tuyén 7 = (2;0;—-3) 1a2(x—1) = 3(z+1) =
0&2x—3z—-5=0.



& Chon dap dn(A) . ...\ O

Cau 10: Trong khong gian véi hé toa do Oxyz, cho mit cdu (S): (x—2)% 4y + (z+1)% = 4. Toa d6 tam
I ctia mit cau () Ia
A I(2;1-1). B. 1(2;0;—1). C. 1(-2;0;1). D. I(—2;1;1).

Lui gidi.
TAm ctia mit cau (S) 14 1(2;0; —1).
Qe Chondap An(B) ..ottt e e O

1
Cau 11: Tinh tich phan 7 — / 3*dx.
0

2 3 9
A [=—. B. I=—. LI ==, D. I =21In3.
In3 In3 ¢ 1
Loi gidi.
) ! kL L)
APdUHgC6ngthli’CCéI—/() Sde:RO:E
& Chon dédp én@ ............................................................................ O

Cau 12: Trong khong gian v6i hé toa do Oxyz, cho diém A(—2;3;1). Hinh chiéu vudng géc ctia diém A
1én truc Ox cé toa d6 la
A. (2;0;0). B. (0;—-3;—1). C. (—2;0;0). D. (0;3;1).

Loi giai.
Toa d6 diém H 1a hinh chiéu vudng géc clia diém A trén truc Ox 1a (—2;0;0).
& Chon dAp an (C) ... ..ot O

1
Céu 13: Cho cic ham sb f(x) va F(x) lién tuc trén R théa F'(x) = f(x), Vx € R. Tinh / £ (x) dx biét
0
F(0)=2,F(1)=5.
1 1

A./Of(x)dx:—3. B. [ fMd&x=7. C /Olf(x)dle. D. /Olf(x)dx:&

0

Li gidi.

1
Tacc’)/ F(x)dx = F(1) = F(0) = 3.
0
& Chon dAP AN (D) ...\ttt et e O
. p 147
Cau 14: Tinh mo6-dun cua so phic z biet z = 3+ 41..
— 4l
A. |z] =25V2. B. || =0. C. |z| = V2. D. |z =2.
Loi gidi.
14+7i
Tacéz:3+4l.:—l+iélz\:\f2
— 4l
& Chon dap an (C) ... ..\ O



Cau 15: Trong khong gian véi hé toa d6 Oxyz, cho dudng thang (d): g = )%12 = HT4 Mot véc-to chi
phuong ctia dudng thing (d) c6 toa do 1a
A. (0;—-2;—4). B. (0;2;4). C. (3;—151). D. (3;—-1,0).

Loi giai.

Pudng thang (d): ;ﬁ = )7;#12 = Z—|1—4 c6 mot véc-td chi phuong c6 toa do 1a (3;—1;1).

& Chon dap an (C) ... ..\ O
Cau 16: Trong khong gian véi hé toa do Oxyz, cho duvng thang (d): x—i—2 = y_—12 _Be va diém
A(1;—2;3). Mit phang qua A va vudng géc véi dudng thang (d) c6 phuong trinh la

A x—y+2z-9=0. B. x—-2y+3z—-14=0.

\_ C.x—y+2z+9=0. D. x-2y+3z—-9=0.

Li gii.

Pudng thing d c6 véc-to chi phuong o = (1;—1;2).

Vi mit phang (P) di qua A va vudng goéc v6i dudng thang d nén (P) c¢6 véc-to phap tuyén = (1;-1;2).
Vay phuong trinh mit phang (P) 1a (x —1) — (y+2) +2(z—3) =0 x—y+27—9=0.

& Chon dap dn(A) . ...\ O

Cau 17: Tinh dién tich S cta hinh phing gi6i han bdi do thi cdc ham sb y = 3x%, y =2x+5,x = —1 va

2
A S= 26

_7.

269

B. §S=—.
27

C. §=0. D. S=27.

Loi giai.
Xét phuong trinh hoanh do giao diém cla hai do thi 3 =2 +5e 3% —2x—5=0. Phuong trinh c6 hai

nghiémx:—l,x:§.
2 3 2
Dién tich ctia hinh phang cin tim 12 § = /\(3x2—2x—5)\dx: /(3x2—2x—5)dx’ + /(3x2—2x—5)dx’
| ~1 5
3
3 2 175 175 269
32 ) 32
(3 —2-5 B R O P i
(x X x) | + (x X x) : ‘ 77 ' ’ + 77 77
Qe ChON dAP AN (B) ...\ttt et e e e e e O

Cau 18: Cho sb phiic z, biét s6 phic lién hop 7 = (1 —2i)(1+i)*. Diém biéu dién z trén mit phing phiic
Oxy 1a diém nao dudi day?
A. P(6;-2). B. M(2;6). C. 0(6;2). D. N(2;-6).

Loi gidi.

Coz=(1-20)14i) = (1=2i)(1+3i+ 3> +i%) = (1 = 2i)(—=242i) = 2+ 6i = z = 2 — 6i. Viy diém
bi€u dién cta z 1a N(2;—6).

& Chon dAP AN (D) ...\ttt e e e e O



Ciu 19: Trong khong gian v6i hé toa do Oxyz, cho hai diém A(3;2;0), B(1;0 : —4). Mit ciu nhan AB
lam duong kinh c¢6 phuong trinh la
A X2y +2—4x—2y+4z—15=0. B. X2 +y*+22+4x+2y—4z—15=0.
C.X>+y*+22—4x—2y+4z+3=0. D. 2+ + 72 +4x+2y—4z+3=0.

Li gidi.

AB=(-2;-2;,—4) = AB =26,

Vi mit cau nhan AB lam dudng kinh nén c6 tam / (2;1;—2) la trung di€ém ctia AB va ban kinh R = AZB =6.
Phuong trinh ctia mit cdula (x —2)> + (y = 1)> + (z4+2)? =6 x> +y* + 72 —dx —2y+4z+3 =0.

& Chon dap an (C) ... ..\ O

1
Céau 20: Tinh tich phan / = / (2x + 1)e*dx bang cich dit u = 2x+ 1, dv = e*dx. Ménh d nao dudi
0
day dang?
1 1
A. 1=(2x+1)ex\é—2/ e¥dx. B. I:(2x+1)ex|(1)—|-/ e dx.
0 0

1 1
C.I= (2x—|—1)ex‘(1)—/0 e™ dx. D.I= (2x+1)ex|(1)+2/0 e*dx.

o

Losi gidi.
batu =2x+1,dv=e"dx = du = 2dx,v =¢".
1
I=(2x+ 1)e*'|(1)—2/ e*dx.
0
& Chon dap dn(A) . ...\ O

3 12
Cau 21: Cho tich phan I = / #(x)dx = 8. Tinh tich phan I = / £(5) a
4
A I=12. B. =2 C. 1=32. D.1=3.

Loi gii.
Détt:Z:>x:4t:>dx:4dt.Khix:4¢t:l;x:12:>t:3.
27 5 3
1:/ f<4>dx:4/ F()dt=4-8=32.
4 J1
& Chon dAp an (C) .. ..ot O

Cau 22: Tim tit ¢4 cdc gia tri thuc x, y sao cho: x — 1 —yi =y + (2x — 5)i.
A x=3y=2. B. x=2,y=1. C.x=-2y=-1. D. x=-2,y=09.

Li gidi.

x—1 =y x—y =1 x=2
x—1—yi=y+(2x-35)i & & &
—y =2x—5 2x+y =5 y=1
Q¢ Chondap dn (B) ...ttt et et O
%
Cau 23: Trong khong gian v6i hé toa do Oxyz, cho qd = (1;—-1;3), b = (2;0;—1). Tim toa d0 véc-tg
_>
U =2d-3Db.
A. W = (42;-9). B. W=(-4-29). C ¥=(;3-11). D. 7 =(-4-59).




Li giai.
W =24 35 = (—4,-29).
Qe Chon dap AN (B) ... ve ettt e O

Céu 24: Ham s6 nao sau day khong 12 mot nguyén ham cia f(x) = /x trén (0; +o0)?

3v/x* 3 3 33
A. FI(X)ZT+1 B. F3( ) X\/_+3 C. F4(x):Zx%+4 D. FZ(X): 4x n

Li gidi.

V6i x € (0;+00), ta cod /f(x)dx:
& Chon dap an @ ............................................................................ U

Cau 25: Cho hinh phang D gi6i han bdi dudng cong y = sinx, truc hoanh va cic dudng thang x = 0,x =
3 Khoi tron xoay tao thanh khi D quay quanh truc hoanh cé thé tich V bang bao nhiéu?

A V= Z(g—?> B.V:%(Z—\@). c.vzg(z—ﬁ). D.V:1<E—£>.

Loi gidi.

; . : 3
V—ﬂ/sm xdx—;t/(l—cost)dx Z(x—stx) , Z(Zx—stx)O —Z<Z—\2[)
0
& Chon dip én@ ............................................................................ O

Cau 26: Trong khong gian véi hé toa dd Oxyz, phuong trinh nao dudi ddy 1a phuong trinh ciia mot mat

cau?
A P4y +2—2x+4y+324+8=0. B. X’ +y’ +2° —2x+4y+3z+7=0.
C. x2—|—y2—2x+4y—1:()_ D. x2—|-Z2—2)C+6Z—2=0.

Loi giai.
3

Xét phuong trinh x> +y> + 22 — 2x+4y+3z+47=0=a=1,b= —2,c = —5d=1 = a?+bP 4 —d=

1 R

1 > 0. Vay x> +y* + 722 — 2x+ 4y +3z+ 7 = 0 1a phuong trinh mit cau.

Qs Chondap dn (B) ...ttt O

2 2 2
Cau 27: Cho biét/ flx)dx=3 Vé/ g(x)dx = —2. Tinh tich phan / :/ [2x+ f(x) —2g(x)] dx.
0 0 0
A. I=18. B. [ =5. C.I1=11. D. I =3.

Li gidi.

2
I—/ [2x+ f(x) —2g(x)]dx = / 2xdx+/ f(x)dx— 2/ —x2|0—|—3—2-(—2):11.
0
&: Chon dédp én@ ............................................................................ O
A i S A L . 2 . 1 1
Cau 28: Ki hiéu z;,z; 1a hai nghiém phuc cua phuong trinh 2z —4z+9=0. Tinh P = — + —.
1 Q2
4 4 9 9
A P=——. B. P=_. . P==. D. P=—-.
9 9 ¢ 4 4




Lui giai.

Phuong trinh 2z° —4z+9 = 0 ¢6 hai nghiém z; = 1 + \/217'1', n=1-— ‘/2r4i.
VéyP:l—kl: ! - L4
' 21 2 V14, Vid 9
1—}—71 I—TZ
& Chondap dn (B) . .....''ne et et O
x=3—t

Cau 29: Trong khong gian véi hé toa dd Oxyz, cho dudng thang (d): { y=—1+2¢ (t € R). Phuong

z7=-3¢

trinh nao dudi day 1a phuong trinh chinh tic ctia dudng thing (d)?
x=3 y+1 z x+3  y—1 Z

A. - - * B. Yy _
22 23 N

c Xl _y-Z_z-5 p *o_yrl_z=5
\_ 3 -1 T 3 1 2 3

Loi gidi.

Pudng thing (d) di qua diém M(3;—1;0) va nhan i/ = (—1;2;—3) lam véc-to chi phuong. Phuong trinh
x—=3 y+1 z
-1 2 =3

& Chon dap dn(A) . ...\ O

chinh tic ctia (d):

Cau 30: Trong khong gian véi hé toa do Oxyz, mit cau tdm I(3; —1;0), ban kinh R = 5 ¢6 phuong trinh
la

(x=3)2+(y+1)2+2=5.
x+3)2+(y—1)2+72 =25

A (x+3)2+@y-1)*+7=5. B.
C. (x—3)24+(+1)>+2%=25. D. (

Loi gidi.
it cu tam 7(3;—1;0), ban kinh R = 5 ¢6 phuong trinh 1a (x —3)% 4 (y+ 1) + 2> = 25.
& Chon dap dn(C) ...\ u it O

Cau 31: Tim ho nguyén ham ctia ham sb f(x) = x(x+ 1)20%,

(x_|_ 1)2025 (x+ 1)2024
A. dx = — .
/ f) 2025 2004 €

B. /f(x) dx = 2025(x 4 1)2°%* 12024 (x4 1) 1 C.

DB (x4 1)
C. / flxydx= 2L D e
\_ D. /f(x)dX=2025(x+1)2024_2024(x+ )23 .
Lui gii.
flx)dx= / x(x+1)2"dx = / (x+1—1)(x+1)2Bdx = / e+ 122 — (x4 1)2929] g — (e+ 125
: : R ~ 205
(x + 1)2024
2004 ¢
R Chon dap dn (A) ... oo O



x=1-—¢

Cau 32: Trong khong gian v6i hé toa do Oxyz, cho dudng thang (d): { y=—1+2¢ (t € R). Puong

z=2—t
thang di qua di€ém M(0; 1; —1) va song song v6i duong thang (d) c6 phuong trinh 13
A x y—1 z+1 B x+1 y—2 z+1
'1_—21_ 1‘1 ' 11_—12_ 21'
C.i:}izz;. D = _yte z— )
-1 2 -l 1 -1 2

Loi giai.

Ro rang M ¢ (d).

Pudng thing (d) c6 mot véc-to chi phuong 1a o0 = (—1;2;—1).

Puong thang di qua M(0;1;—1) va song song v6i dudng thiang (d) c6 phuong trinh 12 )Ic —2 =

& Chon dap dn(A) . ...\ O

Cau 33: Trong khong gian véi hé toa do Oxyz, cho = (2;—151), V= (0; —3; —m). Tim s6 thuc m
sao cho tich vo huéng w-V =1
A. m=4. B. m=2. C. m=3. D. m=-2.

Loi gidi.
Tacd6 - V=1e3-m=1em=2.
Q Chondap dn (B) .......'net e O

Cau 34: Cho ham s6 f(x) = 2x+¢*. Tim mot nguyén ham F (x) ciia ham s6 f(x) thda man F(0) = 0.
A F(x)=x*4+e"—1. B. F(x)=x"+e". C. Flx)=¢"—1. D. F(x) =x*>4e" +1.

Lui gii.

F(x):/(2x+ex)dx:x2—|—ex+C.
F0O)=0=14C=0=C=—1.ViyF(x) =x*+¢" — 1.
Qs Chon dadp 40 (A) ... ..o O

Cau 35: Tim tit ca cdc s6 phuc z théa 2z — 3(1 +i) = iz+7 — 3i.
8 4 8 4
A.zzg—gi. B. z=4-2i C.z=§+§i. D. z=4+2i

Loi giai.
10
Tac62z—-3(1+i)=iz+7-3i 2—-i)z=107=— S z=4+2i.

2—i
&, Chon dip én@ ............................................................................ U
R N wr-2—1 )
Cau 36: Cho F(x) 1a mot nguyén ham cia ham so f(x) = ——1 théa man F(0) = —1. Tinh
F(-1).
A. F(-1)=—In2.  B. F(-1)=-2+n2. C. F(—1)=1In2. D. F(—1)=2+1In2.

Li gidi.



22 —2x—1 1
F(x):/ S dx:/(2 —>dx:x2—ln\x—1]+C.

x—1 x—1
F(0)=0—Inl4+C=C=—1.VayF(—1)=1-In2—1=—In2.
& Chon dap dn(A) . ...\ O

Cau 37: Tap hdp di€ém biéu dién sd phic z thda man |z + 1| = |1 —i — 2z| 1a dudng tron (C). Tinh ban
kinh R cta duong tron (C).

A. R_190 B. R=2V3. C.R:%. D.R:@.

Li giai.
Goi s6 phiic z = x + i, (x,y € R).

x+yi+1|=|1—i=2(x+yi)| < /( x+1 +y —\/1—2x (—1=2y)22 e xX*+2+14+y =1—

4x 4 4x° +1—|—4y+4y X2 —|—y —2x—|—3y—|—§

e e 2 2\* 1

Tap hop cac di€m biéu dién so phic z la duong tron tam <1; —3), ban kinh R = \/1 + (—3) —3=
V10

3
& Chon dip én@ ............................................................................ U

R L Tsin’x . . . _ )

Cau 38: Tinh tich phan I = / o dx bang cach didt u = tanx, ménh dé nao dudi day dung?

0 X
i, ) )
A.I:/udu. B. I= /—du C.Iz—/udu. D.I:/udu.
0 0 0
Loi giai.
T .2 T
1
I—/4 Sm4xdx—/4tan2x- 5 dx
0 cos*x 0 : COS“X
batu =tanx = du = ———dx.
COS“ X 1

o T

Délcén:x:O:u:O,x:Z:u: l.SuyraI:/ u®du.
0

Qs Chon ddp AN (D) ... ..vvv ettt et e e O

Cau 39: S phiic z = a+bi (a,b € R) théa man z+ 1 +3i — |z]i = 0. Tinh S = a — 3b.
7

A.S:—g. B. S$=3. C. §S=-3. D. S=

[SSEIEN|

Loi giai.
Goi s phic z = a+bi, (a,b € R).
Ta c6 phuong trinh z+1+3i—|z[i=0< (a+bi) +143i—iVa>+b>=0& (a+1)+ <b+3 \/a2+b2>

a+1=0 a=—1
0= & 4 -SuyraS=a—3b=3.
b+3— a2+b2:0 b:—g
Q¢ Chon dap dn (B) ...ttt ettt O



Céu 40: Trong khong gian véi hé toa do Oxyz, cho mit cau (S): X2+ y2 + 72 +4x— 2y —4 =0 va diém
A(1;1;0) thudc (S). Mit phang tiép xic véi (S) tai A c6 phuong trinh 1a
A x+y=1=0. B. x+1=0. C.x+y—2=0. D. x—1=0.

Losi gidi.

Mit cau (S) ¢6 tam I(—2;1;0), ban kinh R = \/(—2)2 +14+0+4=3.Taco TA = (3;0;0).

Mt phang cin tim di qua A c6 véc-td phéap tuyén TA = (3;0;0) c6 phuong trinh 1a 3(x — 1) +0(y — 1) +
0(z—0)=0&x—1=0.

Qs Chon ddp dn (D) ... ..vvt ettt et e O

Cau 41: Trong khong gian véi hé toa do Oxyz, cho mit phang (P): x —my +z—1=0(m € R), mit
phang (Q) chda truc Ox va di qua diém A(1;—3;1). Tim s6 thuc m d& hai mit phang (P), (Q) vudng
gdc.

A m=-3. B.m:—g. C.m=§. D. m=3.

Loi giai.

Ta c6 OA = (1;=3;51), 7 = (1;0;0). Mit phang (Q) di qua diém A(1;—3;1) va chda truc Ox = (Q) c6
véc-td phap tuyén 7o = [52,_1)] = (0;1;3).

Miit phing (P) ¢6 véc-to phéap tuyén 7 p = (1;—m;1).
(P)L(Q)eTp-Hog=00-141-(—m)+1-3=0&m=3.

Qe Chon daAp AN (D) . oot e e OdJ
C p

e\/3—|—lnxdx_ a—bvV3

Cau 42: Cho == v6i a,b 12 cdc sd nguyén. Ménh dé nao dudi day la ding?
! x
A. a—2b=12. B. ab =24. C. a—b=10. D. a+b=10.

Loi giai.
dx
Ditu =3+ Inx = u?> =3 +Inx = 2udu = —.

X
Péicinix=1=u=V3:x=e=u=2.
e \/3+1 2 20317 16—6/3
Khidé/ dezz/ Pde= 2 :J.Vaya:16,b:6:>a—b:10.
1 X V3 3 V3 16
& Chon dap an (C) ... ..o O

Cau 43: Trong khong gian v6i hé toa do Oxyz, cho bdn diém A(1;0;3), B(2;—1;1), C(—1;3;—4),
D(2;6;0) tao thanh mdt hinh td dién. Goi M, N 1an luct 1a trung diém cic doan thang AB, CD. Tim

toa do trung di€ém G ctia doan MN.

4 8
A. G(4;8;0). B. G(2;4;0). C. G<§;§;O>. D. G(1;2;0).

Loi giai.
) ) 3 1

Goi M la trung di€ém doan thang AB = M (2; —2;2> .
. 5 19

Goi N la trung diém doan thang CD = N (2; 2;—2) ).

Goi G la trung diém doan thang MN = G(1;2;0).
& Chon dAp an (D) ...\t e e O



2 1 4 -
Cau 44: Trong khong gian v6i hé toa dd Oxyz, cho dudng thang (A): )% = )% = % va diém
A(2;0;1). Hinh chiéu vudng goc ctia A trén (A) 1a diém nao dudi day?
A. 0(2;2;3). B. M(—1;4;,—4). C. N(0;—2;1). D. P(1;0;2).

Loi giai.

Pudng thing (A) di qua M(—1;—4;0), ¢6 véc-to chi phuong i a = (1;2;1).
x=—1+t¢

Phuong trinh tham s clia dudng thang (A): { y= —4+2¢

7Z=1.
Goi P 1a hinh chiéu vudng géc ctia A trén (A). Khi d6 P € (A) = P(—1+t;—4+2¢;1).
Ta c6 AP = (=3+1,—4+42t;0—1).
VIAP L dpnénAP-Wp=061-(—341)+2-(—442)+1-(1—1) =01 =2= P(1;0;2).
Qs Chon dAP AN (D) ...\ttt et e e e O

Cau 45: Tinh dién tich S ctia hinh phang gidi han bdi dd thi cic ham s6 y =2"—2, y=0vax=2.
2+2In2 3—4In2 3+4+4In2 2—2In2
A s=2T20% B.s=2 "% c.s=21212 D §=-_°-"%

In2 In2 In2 In2

Loi giai.
Phuong trinh hoanh do giao diém ctia do thi ham s6 y = 2* — 2 va truc hoanh: 2 —2 =0 < x = 1.

2 2 5
N ) N . N * 2—2In2
Dién tich hinh phang cin imla S = [ [2'=2|dx= [ (2'=2)dx = =5 —2x =15
. i n
1

& Chon dAP AN (D) ...\t e e e e e O

Cau 46:
Mot ngudi chay trong thdi gian 1 gid, van tdc v (km/h) phu thudc thsi gian ¢ (h) c6 @6 v,
thi lam mot phan clia dudng parabol véi dinh 7 %; 8) va truc dbi xiing song song vdi
truc tung nhu hinh vé. Tinh quang dudng S ngudi d6 chay dudc trong khoang thai gian
45 phuit, k€ tir khi bat diu chay.

A. §=53km. B. §=4,5km. C. S=4km. D. §=23 km.

\ 2

Loi giai.
Tir gia thiét cong thiic biéu thi véan tdc theo thoi gian ¢6 dang v(r) = ar® + bt +c.
Dua vao hinh vé ta c6 hé phuong trinh

c=0 a=—-32

1\? 1 4 2
a.(2> —|—b'(2>—0—c:8 Sph=32 . Vay ham vén toc la v(r) = —32¢° + 32¢.
a+b+c=0 c=0

.3

Do d6 quang dudng ngudi dé di dudc sau 45 phiit 1a S = / ' (—32¢*+32¢) dt = 4,5 km.
0

Q¢ Chon dap dn (B) ...ttt ettt et e O

11



Cau 47: Trong khong gian véi hé toa do Oxyz, cho mit cu (8): (x—1)2 = (y+2)?>+z2 =4 c6 tim I va
miit phang (P): 2x —y+2z+2 = 0. Tim toa dd diém M thuodc (P) sao cho doan thang IM ngan nhit.

1 4 4 11 8 2
A. (—5,—5,—5). B. <—3,—§,—§>. C. (1;-2;2). D. (1;-2;-3).

Loi giai.

Mit cau (S) ¢6 tam I(1;—2;0) va ban kinh R = 2.

Khoéng cach tif I dén mit phang (P) ngin nht khi va chi khi M 1a hinh chiéu vudng géc ctia I 1én miit
phang (P).

x=1+2t
Duong thang di qua / va vudng goc véi mit phang (P) c6 phuong trinh tham sé1a { y=—2—¢ . Khi d6

=2
toa do diém M 1a nghiém ctia hé phuong trinh
1
( (
x=1+2¢ x=1+2¢ r=73
4
y=-2—t y=-—-2—t y:—g
=3 = A
([ 2x—y+2z+2=0 2(142t)—(2—1)+2(2t)+2=0 t__%'
\ 3
o 1 4 4
VaytoaddodiemMla ( —=;—=;—= |.
ay toa d0 di€ém a< 373 3)
& Ch(_)ndépén@ ............................................................................ O

Cau 48: Trong khong gian vdi hé toa do Oxyz, cho diém M(3;2;1). Mit phing (P) qua M va cit c4c truc
Ox, Oy, Oz lan lugt tai A, B, C sao cho M 1a truc tdm tam gidc ABC. Phuong trinh mit phang (P) la

X 'y z
A. —6=0. B. S4+Z+-==0.
J;+yy+zz6 0 s+5+1=0
C.-+24+=1 D. 3x+2y+z—14=0,
G337 X+2y+z

Li gidi.
y

Gia st A(a;0;0), B(0;b;0), C(0;0;c¢), khi &6 phuong trinh mit phang (ABC): o + b + o,
a c

— —
Ta c6 BC = (0; —bsc), CA = (a:0;—¢) vaAM = (3 —a;2;1), BM = (3;2 — b3 1).
Vi M 1a tryc tam tam giac ABC nén ta c6 hé

AM -BC =0 “2b+c=0 c=2b
= =
W-a:O 3a—c=0 ¢ =3a.
3 2 1 3 2 1 14
Mat khac vi M thuéc (ABC)nén —+ -+ -=1lo -+ —+—=1a=—.
a b c a 3a 3a 3
14 .
Thay a = 3 b =17, c = 14 ta dugc phuong trinh mit phang (ABC): 3x+2y+z— 14 = 0.
& Chon dAP an (D) ...\t et O

2 —3+4i|+1 1 .
Cau 49: Cho so phiic z = a+bi, (a,b € R) théa man o l|, AL va mo-dun |z| 16n nhat. Tinh
3lz—3+4i|-3 2

tong S = a+b.
A §S=2. B. S=-1. C. S=-2. D. S=1.

12



Loi gidi.
t+11 1
33 2 7

z—344i|=5<|a+bi—3+4i|=5<|(a—3)+(b+4)i|=5< (a—3)*+ (b+4)* =25 a* +b* -
6a+8b =0 < a* 4 b* = 6a — 8b.
Tacé (6a—8b)* < 100(a” +b?), suyra |z|* < 100|z|* < |z|* = 100[z]> <0< 0 < |z]* < 100 < 0 < |z] < 10.

bat t = |z — 3 +4i|, ta dugc phuong trinh

a®+b* =100
.. [ A > v . 2 2 6a_8b:100 a:6
Gia trj 16n nhat cua |z| bang 10 khi { a“+b"=6a—8b = & =S =
a b 4a+3b=0 b=-8
6 8
a+b=-2.
& Chon dap an (C) ... ..o O

Cau 50: Cho hinh phang D gi6i han bdi dd thi cac ham s y = %, y = v/2x. Khdi tron xoay tao thanh

khi quay D quanh truc hoanh c6 thé tich V bing bao nhiéu?
287 127 4w 367
A V=—. B.V=—-. C.V=—. D.V=———m.
5 5 3 35

Lui gidi.

X2 x>0 x=0
Phuong trinh hoanh d¢ giao di€ém —- = v2x < ¢ 4 & y
2 I :2_x x:2.
4 R
2 x2 2 y=v2x
Thé tich vat th€ tron xoay tao thanh [a V = 7 - / (V2x)? — (2) dx =
0
2
4 5\ |2
X X 127
o (o (235
0 o i 2 X
Qs Chon dap AN (B) ...ttt et et O

13



TRUONG THPT CHUYEN PE ON KIEM TRA CUOI KY 2

THANG LONG NAM HOC 2022 — 2023
—— —x kA — — — Mon Toan
(Dé gdém 04 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdt dé

Cau 1: Trong khong gian vé6i hé truc toa dd Oxyz, cho mit phang (P): x+y —2z+3 = 0. Mot véc-td phap
tuyén clia mit phang (P) la

A 7 =(1;1-2). B. 77 = (0;0;-2). C. 7= (1;-2:1). D. 7 =(-2:1;1).
Cau 2: Trong khong gian véi hé truc toa dd Oxyz, mit ciu (S) : (x+2)* 4 (y—1)? +z° = 4 ¢6 tam I va ban
kinh R bang

A. 1(2;—-1;0),R=4. B. 1(2;,—-1;0),R=2. C. I(—2;1;0),R=2. D. I(—2;1;0),R =4.

Cau 3: Trong khong gian v6i hé truc toa dd Oxyz, diém nao sau day thudc mit phang x — 3y +2z+1 =
0?
A. N(0;151). B. 0(2;0;—-1). C. M(3;1;0). D. P(1;1;51).

Cau 4: Trong khong gian vé6i hé toa do Oxyz, dudng thang A di qua A(2;—1;2) va nhan U = (—1;2;—1)

lam véc-to chi phuong c6 phuong trinh chinh tac 1a

x—=2 y+1 z-2 x+1 y=2  z+1

A. A: = = . B. A: = =
h 2 s 21 yi2 o
[ e DAY tFE_iT
-1 2 —1 2 —1 2
Cau 5: Phan 4o ctia s6 phic z =2 —3i la
A. 2. B. 3. C. 3i. D. 3.
Cau 6: Diém M trong hinh vé bén 1a diém biéu dién s6 phiic z. Tim phan y
thuc va phan 4o ctia s6 phiic.
1
0 x
Y
M
A. Phan thuc 12 1 va phan 4o 1a —2i. B. Phin thyc 1a —2 va phan 4o 1a 1.
C. Phan thuc 12 —2 va phan 40 12 i. D. Phan thuc 12 1 va phan 4o 12 —2.
Cau 7: Tim nguyén ham ctia ham s f(x) = 2x+ 1.
2
A. /(2x+1)dx:%+x+C. B. /(2x+1)dx:x2+x+C.
C. /(2x—|—1)dx:2x2—|—l+C. D. /(2x—|—l)dx:x2—|—C.

Cau 8: Trong khong gian véi hé toa do Oxyz, mit phing () di qua diém M(1;2;—3) va nhan 7 =
(1; —2;3) 1am véc-to phdp tuyén c6 phuong trinh 1a

A x—2y—3z24+46=0. B. x—2y—3z—6=0. C. x—2y+3z—12=0. D. x—2y+3z+12=0.
x—=3 y+2 z+1

1 . Diém nao sau day

Cau 9: Trong khong gian véi hé toa dd Oxyz, cho dudng thing d:
khong thudc dudng thang d?
A M(1;—-1;-3). B. N(3;—2;-1). C. P(1;—-1;-5). D. 0(5;-3;3).

Cau 10: Cho sb phiic z = —3 — 2i. Téng phan thuc va phin 4o ctia s phic z bing



A —1. B. —i C. -5. D. —5i.

Cau 11: Tinh tich phan I = / 2¢e* dx.

0
A I=¢*—2e. B. [ =2e. C.1=2e+2. D. [=2e-2.
Cau 12: Cho ham s6 f(x) théa man f’(x) = 3 +2sinx va £(0) = 3. Ménh dé nao duéi day ding?
A. f(x) =3x—2cosx+>5. B. f(x) =3x+2cosx+3.
C. f(x) =3x—2cosx+3. D. f(x) =3x+2cosx+5.
Cau 13: Tim nguyén ham ctia ham s f(x) = 3*.
A [Fa=3+c B. /3de_—+c
In3
x+l
C. /3de=3xm3 +C. D. /3de— +C.
x+1
Céu 14: Trong cdc ménh dé sau, ménh dé nao diing?
1 1
A. /sinxdx:cosx+C. B. /—dx:——2+C.
oo
C. /exdx:ex—i—C. D. /lnxdxz——f—C.
x

Cau 15: Trong khong gian véi hé toa do Oxyz, tim toa do U bidt U = 2? — 3? + 57.
A U =(5-3;2). B. W =(2;-35). C. ¥ =(2;5;-3). D. W =(-3;52).

Cau 16: Cho sb phiic z = a + bi, (a,b € R). Tinh md-dun ctia s6 phic .

A. 7] =d®+ % B. 7| = Va?+b2. C. |z = Va2 —b2. D. |z| = Va+b.
3
Cau 17: Biét / - dr=1n"" (v6i m, n 1a nhitng s6 thuc ducng va — tbi gian), khi d6, tng m+n bling
X n n
2
A. 12, B. 7. C. 1. D. 5.

T
1

Cau 18: Tinh tich phan / sinxdx.
0

) 3 3
2‘/_. B. /= ‘/7_ C.I1= —\/7_. D. I— 2+2‘/§.

A I=

x=2 y+1 z-—
-1 =1

a Ao . . 2 1 .
Cau 19: Trong khong gian véi hé toa do Oxyz, cho duong thang d: . Phuong trinh

tham sb ctia dudng thang d 1a

(x=2-2t (x=2+2
A (y=1-t ,(teR). B. {y=—1-1,(teR).
(z=—1-t (z=1—1
(x=2+21 (x=2+2
C.{y=—-1-1,(eR). D. ¢y=—1-1,(teR).
(2= —1+1 (z=—-1—1

Cau 20: Cho ham s6 f(x) lién tuc trén doan [a;b]. Dién tich S ctia hinh phang gii han béi dd thi ham sb
y = f(x), truc hoanh va hai dudng thang x = a,x = b (a < b) dudc tinh bing cong thiic
b b b

b
A S=/|f(x)|dx. B. S:n/|f(x)|dx. C. S:/\fz(x)]dx. D. S:n/}fz(x) dx

Cau 21: Cho ham s6 f(x) lién tuc trén R va a la sb duong. Trong céc khang dinh sau, khang dinh nao
dung?



A. /af(x)dxzo. B. /af(x)dx:az. C. /af(x)dx=2a. D. /af(x)dx:I.

Cau 22: Trong khong gian véi hé toa do Oxyz, cho diém M(2;—1;2). Tinh d6 dai doan thing OM.

A. OM = /5. B. OM =09, C. OM = /3. D. OM = 3.
Cau 23: Biét / F(x)dx = — +2x+C. Tinh / F(=x)dx.
A 2+ C. B. —x>+2x+C. C. —xX*—2x+C. D. X2 —2x+C.

Cau 24: Trong khong gian véi hé toa do Oxyz, cho mit ciu (S) c6 phuong trinh (x+4)% + (y —3)* + (z+
1)2 = 9. Toa d6 tam I clia mit ciu (S) la

A. 1(4;,-3;1). B. 1(—4;3;1). C. I(—4;3;-1). D. 1(4;3;1).
Céu 25: Cho s6 phiic z thda man (1 +2i)z = 4 — 3i + 2z. SO phuc lién hop ctia s6 phic z 1a

A 7=2+41 B. z=-2+i C.z=-2—-1 D z=2-i

Cau 26: Trong khong gian v6i hé toa dd Oxyz, cho hai mit phang (P): x+2y —2z4+3 =0 va (Q): x+
2y —2z— 1 = 0. Khoang céch giita hai mit phang (P) va (Q) 1a

4 2 4 4
A . B. -. C. -. D. —.

9 3 3 3

Cau 27: Dién tich hinh phéng gii han bdi hai do thi ham s6 y = x* —x va y = x biing

8 4 4 2
A - B. —. C. -. D. -.

3 3 3 3

4—3j

Cau 28: S phiic z = ——— c6 phan thuc la

A. 3. B. 3. C. —4. D. 4.
Cau 29: Trong khong gian véi hé toa dd Oxyz, mit ciu tam I(2; —1;3) tiép xiic véi mit phang (Oxy) c6
phuong trinh la

A (x—=2)2+(y+1)2+(z—3)> =9 B. (x=2)*+(y+1)*+(z-2)> =4.
C. (x—=22+(+1)>+(z=3)>=2. D. (x—22+(+1)2+(z=3)?=3.
Cau 30: Biét / f(x)dx = F(x) 4 C. Trong céc khang dinh sau, khiang dinh nao ding?
b b
A. /f(x)dx:F(b)+F(a). B. /f(x)dx:F(b)-F(a).
ab ab
C. /f(x)dx:F(a)—F(b). D. /f(x)dx:F(b)—F(a).

Cau 31: Trong khong gian véi hé toa dd Oxyz, cho hai di€ém M(2;—1;2) va N(2;1;4). Viét phuong trinh
miit phang trung truc ctia doan thang MN.

A 3x+y—1=0. B. y+z—-3=0. C.x—-3y—1=0. D. 2x+y—2z=0.
Cau 32: Trong khong gian véi hé toa dd Oxyz, dudng thang di qua hai diém A(1;2;—3) va B(2;-3;1) ¢6
phuong trinh tham s6 1a

(x =1+t (x=3—1

A (y=2-5,(teR). B. {y=-8+5¢,(t€R).
(2=2+4 (z2=5—4
(x = 1+1 (x=2+1

C. {y=2-5 ,(teR). D. {y=-3+5¢,(t €R).
7=-3-2¢ (z=1+4¢



Cau 33: Goi z; 1a nghiém phiic c6 phan 40 4m ctia phuong trinh 22 +2z+3 =0. Trén mit phang toa do,
diém nao sau day 1a diém biéu dién s6 phtc z;?

A. P(—1;—2i). B. O(—1:V2i). C. N(-1;V2). D. M(—1;—V2).
Cau 34: Trong khong gian véi hé toa do Oxyz cho céc di€ém A(1;—2;1),B(2;1;3) va mit phiang (P): x —
y+2z—3=0. Tim toa do giao di€ém H ctia dudng thang AB va mit phang (P) 1a

A. H(0;—-5;-1). B. H(1;-5;—1). C. H(4;1;0). D. H(5;0;—1).

1 N N P
Cau 35: Tinh nguyén ham A = / “Inx dx bang cach dit t = Inx. Ménh dé nao dudi day dung?
xInx

1 1
A.A:/dt. B'A:/t_zdt' C.A:/tdt. D.A:/;dt.
1

Cau 36: Biét ring /xezxdx — ae® + b v6i (a,b € Q). Tinh P = a+b.
0

1 1

A P=—. B. P=0. C.P=-.

2 4

Cau 37: Tinh thé tich V cla khéi tron xoay dudc sinh ra khi xoay hinh phing gi6i han bdi cic dudng
y= \/Zc,y = 0 va hai dudng thang x = 1,x = 2 quanh truc Ox.

A. V=3 B.V=m. C. V=1 D. V =3mx.

D. P=1.

Cau 38: Biét phuong trinh Z4224m=0 (m € R) c6 mot nghiém phtic z; = —1+ 3i va z; 1a nghiém phuc
con lai. S6 phiic z; +2z; 1a

A. —3+3i. B. —3+49i. C. -3-3i. D. —-3+9i.
Cau 39: Vit thé B gi6i han bdi mit phang c6 phuong trinh x = 0 vax = 2. Cét vat thé B véi mit phang vudng
gbc véi truc Ox tai diém c6 hoanh d6 bing x, (0 < x < 2) ta dugc thiét dién c6 dién tich bing x*(2 — x). Thé

tich ctia vat thé B 1a

2 2 4 4
A V=—m. B.V=-. C.V=_- D.V=_m
3" 3 3 3"
Cau 40: Cho s6 phtic z = a+ bi(a,b € R) thdéa man (1 +2i)z+iz = 7+ 5i. Tinh S = 4a + 3b.
A S=17. B. $=24. C.S=-T7. D. §=0.

Cau 41: Mot 6 td dang chay véi van toc 54 km/h thi ting tdc chuyén dong nhanh dan déu véi gia toc

a(t) = 3t — 8 (m/s?) trong d6 ¢ 1a khoang thoi gian tinh bang gidy. Quang dudng ma 6 o di dudc sau 10s ké

tir liic ting toc 1a

A. 150 m. B. 250 m. C. 246 m. D. 540 m.

x+2 y—1 2 dié
=*— = — va diém

. ) ; ) 2 2 —1

1(2;1;—1). Mit cau tam I tiép xuc v6i dudng thang A cat truc Ox tai hai diém A,B. Tinh d6 dai doan

AB.

A. AB=2V6. B. AB =24, C. AB=4. D. AB=6.

Cau 42: Trong khong gian v6i hé truc toa do Oxyz, cho dudng thang A :

Cau 43: Trong khong gian hé toa do Oxyz, cho phuong trinh x* +y? + 72 — 2x —4y — 6z — 11 = 0. Viét
phuong trinh mit phang (&), biét (&) song song vé6i (P) : 2x+y —2z+ 11 = 0 va cat mit cau (S) theo tiét
dién 1a mot dudng tron c6 chu vi bang 87.

A 2x+y—2x—11=0. B. 2x—y—2z—-7=0.

C. 2x+y—2z—-5=0. D. 2x+y—-2z—-7=0.



. 3
Cau 44: Cho (H) la hinh phang gidi han bdi parabol y = \/7_)62 va ntia

1 5
elip ¢6 phuong trinh y = > V4 —x2 (v6i —2 < x < 2) va truc hoanh (phan
. T+bv3
to dam trong hinh vé). Goi S la dién tich cua, biét § = u (v6i
c

a,b,c,cR). TinhP=a+b+c.
A. P=09. B. P=12. C. P=15. D. P=17.

Cau 45: Cho ham s6 f(x) c6 dao ham va lién tuc trén R théa man f(x’ 4+2x—2) =3x— 1. Tinh | =

10
[ rwax.
1
a2 B 2 c 1% D2
4 4 4 4

x=3+t1
Cau 46: Trong khong gian vdi hé truc toa do Oxyz, cho dudng thing A: { y=—1—1,(t € R), diém

7=—2+4t
M(1;2;—1) va mit cdu (S) : x* +y* + 722 —4x + 10y + 14z + 64 = 0. Goi A’ la dudng thing di qua M

4 IS 2 . g v X . AM 1 N s N A 1N A A v M
cat duong thang A tai A, cat mat cau tai B sao cho — = — va B c6 hoanh d¢ 1a s0 nguyén. Mat phang trung

AB 3
truc cua doan AB c6 phuong trinh la
A 2x+4y—4z—-19=0. B. 3x—6y—6z—62=0.
C. 2x—4y—4z—-43=0. D. 3x+6y—6z—31=0.

Cau 47: Trong khong gian v6i hé toa do Oxyz, cho hai di€ém E(1;—2;4),F(1;—2;—3). Goi M 1a diém
thudc mit phang (Oxy) sao cho téng ME + MF c6 gia tri nhd nhit. Tim toa do diém M.
A. M(—1;2;0). B. M(—1;-2;0). C. M(1;,-2;0). D. M(1;2;0).

Cau 48: Xét sb phiic z = a+ bi (a,b € R,b > 0) théa man |z| = 1. Tinh P = 2a + 4b* khi |z> — 7+ 2| dat
gia tri nho nhAt.
A. P=4. B. P=2—V2. C.P=2. D. P=2+V2.
Cau 49: Trong khong gian véi hé toa dd Oxyz, cho m,n 1a hai s thuc duong théoa man m + 2n = 1. Goi
A,B,C lan lugt 1a giao diém ctia mit phang (P) : mx 4 ny 4+ mnz — mn = 0 véi cic truc toa do Ox, Oy, Oz.
Khi mit cAu ngoai tiép ti dién OABC c6 ban kinh nhd nhét thi 2m + n c6 gid tri bang
3 4 2
A - B. —. C. - D. 1.
5 5 5
Cau 50: Cho ham s& f(x) c6 dao ham lién tuc trén doan [0; 1] thda man 3£ (x) 4+ xf’(x) = x*°**, v6i moi

1
x € [0;1]. Tinh I = /f(x)dx.
0

1
= ————. B.I:—l . C.I:—1 . D.I=—1 .
2023-2026 2024 -2025 2024 -2026 2023 -2024

—  HET—



PAP AN TRAC NGHIEM
LA|] 2Cc] 3A] 4A| sp| 6D | 7B [ 8D | 9A | 10C
11.D | 12A | 13B | 14C | 15B | 16B | 17.B | 18A | 19B | 20.A
21A | 22D | 23A | 24C | 25B | 26C | 27.C | 28B | 29.A | 30.D
3LB | 32B | 33D | 34A | 35D | 36A | 37D | 38C | 39.C | 40.D
41B | 42A | 43D | 44A | 45A | 46.C | 47.C | 48.C | 49B | 50.C

LOI GIAI CHI TIET

Cau 1: Trong khong gian v6i hé truc toa dd Oxyz, cho mit phang (P): x+y — 2z +3 = 0. Mot véc-to
phap tuyén ctia mit phang (P) la
A 7 =(1;1-2). B. 77 = (0;0;—2). C. 7= (1;-2:1). D. 7 =(-2:1;1).

Li gidi.
Miit phing (P) : x4y — 2z+3 = 0. Mot véc-to phap tuyén ciia mét phing (P) 1a 77 = (1;1;—2).
& Chon dap 4n(A) . ...\ O

Cau 2: Trong khong gian v6i hé truc toa do Oxyz, mit ciu (S) : (x+2)>+ (y— 1)> +2z> =4 c6 tam [ va
béan kinh R bing
A. 1(2;-1;0),R=4. B. 1(2;—-1;0),R=2. C. I(-2;1;0),R=2. D. I(—2;1;0),R=4.

Loi giai.

Phuong trinh mit cdu ¢6 dang (x—a)*+ (y—b)* + (z—c)* = R*. Tam I(a, b, ), ban kinh R. Tam I(—2; 1;0),
ban kinh R = 2.

& Chondap an (C) ... ..o O

Cau 3: Trong khong gian véi hé truc toa dd Oxyz, diém nao sau day thude mit phang x — 3y +2z+1 =
0?
A. N(0;1;1). B. 0(2;0;—1). C. M(3;1;0). D. P(1;1;1).

Loi giai.
Tac60—3-14+2-141=0. Vay N(0;1;1) thudc mit phang x — 3y +2z+1 = 0.
Q Chon didp 40 (A) ... ... O

Cau 4: Trong khong gian véi hé toa do Oxyz, dudng thing A di qua A(2; —1;2) vanhan o = (—1;2;—1)
lam véc-to chi phuong c6 phuong trinh chinh tic 1a

A A ET2 ¥l 272 B A *FL_y—2_z+1
) 21 h 21 h 21

CoAYre_y-l_ otz T e e
\_ 1 2 1 2 1 2

Li gidi.
Puong thé”ing A di qua A(2;—1;2) va nhan w = (—1;2;—1) lam véc-td chi phuong c6 phuong trinh chinh

tac 1a 5 | 5
A XTE_YEl i

—1 2 -1




& Chon dap dn(A) . ...\ O

Cau 5: Phan 4o ctia s6 phic z =2 —3i 1a
A. 2. B. 3. C. 3i. D. -3.

Loi giai.
Phan 40 ctia s6 phiic z =2 —3i1a —3.
& Chon dAP an (D) ...\ttt et e O

Ciu 6: DPiém M trong hinh vé bén 1a di€ém biéu dién s6 phiic z. Tim phan y

thuc va phan 4o ctia s phiic.

| J—

_2f--

<

A. Phan thuc Ia 1 va phan 4o 1a —2i. B. Phan thuc la —2 va phan 4o 1a 1.
. C Phan thuc 1a —2 va phan 4o 1a i. D. Phan thyc 12 1 va phan 40 12 —2.

Lo gidi.
S6 phtic z ¢6 phan thuc 13 1 va phan 4o 1a —2.
Qs Chon ddp dn (D) . ... .vvt ettt e O

Céu 7: Tim nguyén ham cda ham s6 f(x) = 2x+ 1.
A. /(Zx—l—l)dx:%—l—x—i—C.

B /(2x+1)dx:x2+x+c.
C. /(2x+1)dx=2x2+1+c. D. /(2x+1)dx:x2+C.

Loi gii.
/(2x+ 1)dx=x*+x+C.

Qe Chondap An(B) ... .ovet ettt e O

Cau 8: Trong khong gian véi hé toa do Oxyz, mit phing (o) di qua diém M(1;2;—3) va nhin 77 =
(1;—2;3) 1am véc-to phdp tuyén c6 phuong trinh 1a

A x—2y—-3z+6=0. B. x—-2y—3z—-6=0.

C.x—2y+3z—-12=0. D. x—2y+3z+12=0.

Loi gidi.

Mt phing (o) di qua diém M(1;2;—3) vanhan 7 = (1;—2;3) 1am véc-t6 phap tuyén c6 phuong trinh 1a
I(x—1)—2(y—2)+3(z+3)=0<x—2y+3z+12=0.

& Chon dAP an (D) ...\t et e O



R - 3 2 1 o
Cau 9: Trong khong gian véi hé toa do Oxyz, cho duong thang d: a ;= y +1 = Z: . Biém nao sau
day khong thuoc dudng thang d?
A M(1;,—-1;-3). B. N(3;-2;-1). C. P(1;—-1;-5). D. O(5;-3;3).

Loi gii.

1-3 —1+42  —3+1
Ta co: =

10 7 g

& Chon dap 4n(A) . ...\ O

nén diém M(1; —1;—3) khong thuoc dudng thang d.

Cau 10: Cho s6 phiic z = —3 — 2i. Téng phan thuc va phin 4o ctia sb phtc z bing
A, —1. B. —i. C. -5. D. —5i.

Loi giai.

S6 phic z = —3 — 2i ¢6 phan thuc bing —3, phin 40 bang —2. Téng phan thuc va phan 4o ctia s6 phiic z 1a
5.

& Chon dAp an (C) ... ..\t O

1
Cau 11: Tinh tich phan / = / 2¢e*dx.
0

A. I =¢e*—2e. B. [ =2e. C.I=2e+2. D. [ =2¢—2.

Loi giai.

1 1
- - 1
TacéI:/Zexdx:2/exdx:2(ex) 0:26—2
0 0
& Chon dAp an (D) .. ...t e e e e O

CAu 12: Cho ham sd f(x) théa man f'(x) = 3 +2sinx va £(0) = 3. Ménh dé nao duéi day ding?
A. f(x) =3x—2cosx+5. B. f(x) =3x+2cosx+3.
C. f(x) =3x—2cosx+3. D. f(x) =3x+2cosx+5.

Loi giai.

Ta co f(x) :/f’(x)dx:/(3+2sinx)dx:3x—2cosx+C.
F0)=3e 24C=3&C=5.

Véy f(x) =3x—2cosx+S5.

Q Chon didp 40 (A) ... ..o O
Céu 13: Tim nguyén ham ctia ham s f(x) = 3*.
3X
A. /3de=3X+c. B. /Sxdx:—-i—C.
In3
3x+1
C. /3de=3x1n3+c. D. /3de= s
x+1
Li gidi.
3)C
Ta cé /3de: 2 L
. In3
Qe Chon dAp AN (B) ...ttt e e e e O



Cau 14: Trong cic ménh dé sau, ménh dé nao diing?

A. /sinxdx:cosx—l-C. B. /%dx:—é—i—c.
C. /ede:eerc. D. /lnxdx=%+C.
Loi giai.
efdx=¢e"+C.
& Chon dAp an (C) ... ..t O

X = -
tCﬁu 15: Trong khong gian véi hé toa do Oxyz, tim toa do Ubibt =217 — 3? +5k.

A. W =(5-3;2). B. W = (2;-3;5). C. ¥ =(2:5;-3). D. W =(-3;5;2).

Lo gidi.
W=27 3745k = =(2,-3:5).
G ChON AP AN (B) . ..ottt O

Céu 16: Cho s6 phiic z = a + bi, (a,b € R). Tinh md-dun ctia s6 phic Z.
A. |z|=a*+ b~ B. 7| =V +12. C. |zl = Va2 -b2 D. |z =Va+b.

Loi giai.

Z| = Va2 + b2

Qe Chon dap AN (B) ..ottt O
3
Cau 17: Biét / = dr = In" (véi m,n 1a nhiing s6 thuc duong va ™ i gian), khi do, téng m + n
x n n
2
bing
A. 12. B. 7. C. 1. D. 5.
Loi giai.
3
T 3 4
Taco/dlenx+1|‘ —In4—In3=1In-.
x+1 2 3
2
Vaym=4,n=3.Tongm-+n="1.
Qs Chondap dn (B) ...ttt e O

/3
1

Cau 18: Tinh tich phan / sinxdx.
0

2—4/2 2 2 2 2
A 7=212V2 B =Y2 c1—_Y2 D 1= 21V2
\_ 2 2 2 2
Loi giai.

T

4 T N
Tacé:/sinxdx:—cosx‘4 :_£+1: 2-v2

0 2 2

0

& Chondépén@ ............................................................................ O



o -2 1 —1
Cau 19: Trong khong gian v6i hé toa do Oxyz, cho dudng thang d: a > :y+1 — I . Phuong trinh
tham s6 ctia dudng thang d 1a
(2=2—2 (x=2+21
A {y=1—¢ ,(teR). B. {y=—-1—1,(t€R).
(z=—1—1 lz=1-1¢
(x=2+2t (x=2+42¢
C.<y=—-1—¢,(teR). D. (y=-1-1t,(€eR).
k \Z:_1+t KZz—l—lf
Loi giai.
x=2+2t
Phuong trinh tham s6 ctia dudng thangd1a { y=—1—7,(t € R).
z=1—t
Qs Chondap dn (B) ...ttt e O

Cau 20: Cho ham s6 f(x) lién tuc trén doan [a;b]. Dién tich S ctia hinh phang gi6i han bdi dd thi ham

s6 y = f(x), truc hoanh va hai dudng thang x = a,x = b (a < b) dudc tinh bing cong thiic
b

b b b
A.S:/|f(x)|dx. B.S=7t/|f(x)|dx. C.S:/\fz(x)ydx. D.S:n/|f2(x)|dx.

a

-

Li gidi.
b
s= [ 1) ax

a
& Chon dap 4n(A) . ...\ O

Cau 21: Cho ham s6 f(x) lién tuc trén R va a 12 s6 duong. Trong cdc khang dinh sau, khiang dinh nao
dung?

A. /af(x)dx:0. B. /af(x)dxzaz. C. /af(x)dx:2a. D. /af(x)dle.

Loi giai.

a
Goi F(x) la mot nguyén ham cta f(x). Ta co: /f(x) dx = F(x)

a

& Chon dap an(A) . ...\ O

Cau 22: Trong khong gian vé6i hé toa dd Oxyz, cho diém M (2; —1;2). Tinh do dai doan thang OM.
A. OM = /5. B. OM =9. C. OM = /3. D. OM =3.

Loi giai.
Tacé OM = (2;—1;2) = |OM| = \/22+(—1)2+22: V9 =3,
Qs Chon dap dn (D) . ... .vvt ettt O




Chu 23: Biét / F(x)dx = —% +2x+C. Tinh / Fl=x)dr.
A 2+ 2x+C. B. —x*+2x+C. C. —x>2—2x+C. D. x> —2x+C.

Loi giai.

Ta c6 /f(x)dx:x2+2x+C:>f(x) = 2 +2= f(—x) =2x+2

:>/f(—x)dx:x2—|—2x—|—Cl.

& Chon dip én@ ............................................................................ U

Cau 24: Trong khong gian véi hé toa dd Oxyz, cho mit ciu (S) c¢6 phuong trinh (x +4)% + (y—3)% +
(z+1)*> = 9. Toa do tam I ctia mit cau (S) la
A. I1(4,-3;1). B. I(—4;3;1). C. I(—4;3;-1). D. 1(4;3;1).

Loi giai.

Dang phuong trinh mit ciu (§) 1a (x—a)? + (y— b)* + (z— ¢)> = R?. Khi d6 mit ciu () c¢6 tam I(a, b, ).
Vay I(—4;3;—1).

& Chon dAp an (C) ... ..\t 0

Céu 25: Cho s6 phtic z théa man (14 2i)z = 4 — 3i +2z. S6 phiic lién hgp cla sb phic z 1a
A Z=2+1 B. 2=-2+i. C.z=-2—1. D.z=2-1i

Li gidi.

batz=a+bi.

Taco: (14+2i)z=4—-3i4+2z (—14+2i)z=4-3icz=—2—1.

Vay z = —2+1i.

Q¢ Chon dap AN (B) ...ttt et et e O

Cau 26: Trong khong gian véi hé toa dd Oxyz, cho hai mit phang (P): x+2y—2z+3=0va (Q): x+

2y —2z— 1 = 0. Khoang cich giita hai mit phang (P) va (Q) 1a
4 2 4 4
A —. B. -. C. - D. —.
9 3 3 3

Loi giai.
Lay M(—3;0;0) € (P). Vi (P) || (Q) nén khoéng céch giita hai mit phang (P) va (Q) bing khoang cich tit
diém M dén mit phang (Q).
2y — 2z — 1 4
Tacod(M,(Q)) = M 2w =2 1] _ 4
V124224 (=22 3
& Chon dAp an (C) ... ..o O

Cau 27: Dién tich hinh phéng gidi han bdi hai dd thi ham s6 y = x> — x va y = x bing
8 4 4 2

A - B. ——. C. - D. -.
3 3 3 3

Lui gidi.

2

Phuong trinh hoanh do giao diém gitiay = x~ —x va y = x la:



5 x=0
X —x=x& )
=2

Dién tich hinh phéng gi6i han bdi hai db thi ham s6 y = x> —x va y = x bing

2 2 2
1 2 4
W—x—x|de= [ [x*—2x|dx=— [ (x*=2x)dx = — [ =x> —¥? = —.
| 3 0o 3

0 0 0

& Chon dap an (C) ... ..\ O

, 4-3i . .
Cau 28: S6 phic z = — ¢6 phén thuc 1a
l
A. 3. B. 3. C. 4. D. 4.

Loi giai.
4-3i —i(4-3i) —4i+3i° \ 4
Tacdz=—; - d . 2 S —3 —4i. Vay phan thuc cua so phuc z la —3.

i
Qe Chon dap An (B) ... et ettt e e O

Cau 29: Trong khong gian v6i hé toa do Oxyz, mit cau tam /(2; —1;3) tiép xiic véi mit phang (Oxy) cé
phuong trinh la

A (x=2)%+ (y+1)2+(z—3)% =09. B. (x—2)*+(y+1)>+(z—-2)* =4.

C. (x—2)%+(y+1)2+(z—3)2=2. D. (x—2)°+(y+1)>+(z—3)* =3.

Loi giai.

Miit phang (Oxy) c6 phuong trinh z = 0.

Khoang céch tir I ¢én mit phiang (Oxy) lad =3 =R.
MEiit cAu thda yéu cau bai toan c6 phuong trinh 13
(x=2"+(+1)°+(z—3)>=9.

& Chon dép an @ ............................................................................ O
Cau 30: Biét / f(x)dx = F(x) +C. Trong céc khang dinh sau, khang dinh nao ding?
b b
A. /f(x)dx:F(b)—l—F(a). B. /f(x)dx:F(b)-F(a).
ab ab
C. /f(x)dsz(a)—F(b). D. /f(x)dx:F(b)—F(a).
\ a a
Loi gii.
b
/f(x) dx = F(b) — F(a).
a@ Chon dap an @ ............................................................................ 0

Cau 31: Trong khong gian véi hé toa dd Oxyz, cho hai diém M(2; —1;2) va N(2;1;4). Viét phuong trinh
miit phang trung truc ctia doan thang MN.
A 3x+y—-1=0. B. y+z—-3=0. C.x—-3y—1=0. D. 2x+y—-2z=0.

Lui gidi.



Goi I 1a trung diém ctia doan thang MN.

XM XN
V=" xp=2
YM + YN
.VI:T<:> vy =0.
M+ 2N z7=3
] =
\ 2

Khi d6 1(2;0;3). MN = (0;2;2).
Phuong trinh mit phang trung truc ctia doan thang MN 142y +2(z—3) =0& y+z—3 =0.

Qe ChON dAP AN (B) ...\ttt e e e e et e O
Cau 32: Trong khong gian véi hé toa do Oxyz, dudng thang di qua hai diém A(1;2;—3) va B(2;—-3;1)
c6 phuong trinh tham s6 1a

(= 1+1¢ (x=3—1

A {y=2-5,(teR). B. {y=-8+5¢,(teR).
\Z:2+4t kZ=5—4l‘
(x =1+t (x=2+1

C. qy=2-5t ,(teR). D. {y=-3+5¢,(teR).
\ \z=-3-% (z=1+41

Loi giai.
AB = (1;-5;4).
x=1-—t
Pudng thang di qua hai diém A(1;2;—3) va B(2; —3;1) c6 phuong trinh tham s61a { y=2+5¢ ,t € R.
1=-3—-4
V6i t = —2, ta dugc M(3;—8;5) thuoc duong thang AB. Khi d6, dudng thing AB c6 phuong trinh tham s
x=3—t
y=—8+5,(t eR)
z=5—4t
& Chon dap a4 (B) ...ttt e e e e e O

Cau 33: Goi z; 1a nghiém phiic ¢6 phan 40 4m ctia phuong trinh 22 4+2z+3 =0. Trén mit phéng toa do,

diém nao sau day 1a diém biéu dién s6 phtc z;?

A. P(—1;—V2i). B. O(—1:V2i). C. N(-1;V2). D. M(—1;—V2).
Loi giai.
. 5 z=—1+2i L
Tacoz"+2z4+3=0«< .Vlzlcophénaoémnénzlz—l—\ﬁi.
7=—1-+2i
Vay diém biéu dién s phiic z; 1a diém M(—1;—v/2).
Qs Chon dAP AN (D) ...\ttt et e e e O

Cau 34: Trong khong gian véi hé toa d Oxyz cho cic di€ém A(1; —2;1),B(2;1;3) va mit phang (P): x —
y+2z—3 =0. Tim toa do giao di€ém H ctia duong thang AB va mit phang (P) 1a
A. H(0;—-5;—1). B. H(1;-5;—1). C. H(4;1;0). D. H(5;0;—1).




Lui giai.

AB = (1;3;2).
Puong thang di qua hai diém A, B ¢6 phuong trinh tham s6:
x=1+t

y=-2+3t,teR

z=1+2t
Vi H 1a giao diém clia dudng thang AB va mit phang (P) nén H thudc duong thang AB.
Khi d6 H(1+¢,—2+3¢,1+2¢). Vi H ciing thudc mit phiang (P) nén
14+1—(—2431)+2(14+2)-3=0<1r=—1.
Vay H(0; —5; 1)
& Chon dap dn(A) . ...\ O

1 N A p
Cau 35: Tinh nguyén ham A = / ] dx bang cach dit t = Inx. Ménh dé nao dudi day dung?
xXinx

| |
A.A:/dt. B.Az/t—zdt. C.A:/tdt. D.Az/;dt.

Li gidi.
1
Ditt =Inx = df = —dx.

1 X
A—/m
1

Qs Chon dAP AN (D) ...\ttt e et e O

1
Cau 36: Biét ting / xe?dx = ae® + b v6i (a,b € Q). Tinh P = a +b.
0

1 1
A P=_. B. P=0. C.P=-. D.P=1.
2 4

Loi giai.
1
I = /xezxdx— ae® +b.

0
U—x du = dx
bat , 1 .
dv=eXdx |v=_e
1 2
1 ! 1 1 1,1 1 ]
I:— . X _/ 2xdx_ 2 2x _72 -
T ) 2° 2¢ 7 4° 2Ty
0
\% b=t vayp—1
ayad= — = — a = —.
ly b= VayP =2
& Chon dap dn(A) ... .. O

Cau 37: Tinh thé tich V cta khdi tron xoay dudc sinh ra khi xoay hinh phang gi6i han bdi cic dudng
y =/2x,y =0 v hai dudng thang x = 1,x = 2 quanh truc Ox.
A. V=3. B. V=m. C. V=1 D. V =3m7.

Li gidi.



Thé tich V ctia khéi tron xoay dudc sinh ra khi xoay hinh phéng gi6i han bi cac dudng y = v/2x,y = 0 va
hai dudng thang x = 1,x = 2 quanh truc Ox la
2 2
2

n 2 n
V:n/ (\/2?) dx:7r/x2dx:7r-x2 = 3.

1

1
Qs Chon ddp dn (D) ... ..vvt et et e O

Cau 38: Biét phuong trinh z2 42z +m = 0 (m € R) ¢6 mot nghiém phtic z; = —1 + 3i va z5 1a nghiém
phtic con lai. S6 phic 71 + 225 1a
A. —3+3i. B. -3+9.. C. -3-3i D. -3+409i.

Lui gidi.

TaC6Z1+Z2: 7:*2<=>Z2:*2*11 =-24+1-3i=-—1-3i.
a
Vay z1 +2z0 = =3 —3i.
& Chon dap an (C) ... ..\ O

Cau 39: Vit thé B gi6i han bdi mit phang c6 phuong trinh x = 0 va x = 2. Cit vat thé B v6i mit phang
vuong géc véi truc Ox tai diém c6 hoanh do biang x, (0 < x < 2) ta dugc thiét dién c6 dién tich bing
x?(2 —x). Thé tich ctia vét thé B la

2 2 4 4
A V==Cnr B. V==, V== D.V=_m.
Vv 37r Vv 3 C.v 3 % 371'
Loi giai.
2 2 4
ThétichcﬁavatthéBléV—/x2(2—x)dx—/(2x2—x3)dx—3.
0 0
&; Chon dap én@ ............................................................................ O

Cau 40: Cho s6 phiic z = a + bi(a,b € R) théda man (1 +2i)z+iZ =7+ 5i. Tinh S = 4a + 3b.
A S=T. B. $=24. C.S=-T7. D. S=0.

Loi giai.
bat z = a—+ bi.Ta co:
(1+2i)(a+ bi) +i(a—bi) =7+ 5i < a+ bi+2ai + 2bi* + ai — bi* = 0

S a+bi+2ai—2b+ai+b=7+5i
< (a—b)+(Ba+b)i=T7+5i

a—b=7
=
3a+b=5

a=73
=
b= —4
Viy S = 4a+3b =0.
Qs ChOn dAP AN (D) ...\ttt et et e e O

10



Ciu 41: Mot 6 to dang chay vé6i van toc 54 km/h thi ting téc chuyén dong nhanh dan déu véi gia toc
a(t) = 3t — 8 (m/s?) trong d6 7 1a khoang thdi gian tinh bing gidy. Quing dutng ma 6 to di dugc sau 10s
ké tir ldc ting toc 1a

A. 150 m. B. 250 m. C. 246 m. D. 540 m.

Loi giai.

Ta c6 54 km/h = 15 m/s.

Van toc ctia 6 td c6 phuong trinh v(¢) = /(3t —8)dt = ztz —8t+C.
Viv(0) = 15 nén v(1) = }2 — 8t +15.

Quang duong di dudgc cua 6 t6 ¢ phuong trinh

s(t) = / @;2 8+ 15) dr = ;ﬂ 4P 15t4C

Vis(0) =0nén C=0.

Vay quang duong di dugc cua 6 t6 sau 10 s 1a 250 m.
Qe Chon dAp an (B) ..ottt e e O

. 2 -1 .
Cau 42: Trong khong gian véi hé truc toa do Oxyz, cho dutng thang A : % = yT = il va diém

1(2;1;—1). Mit cau tam I tiép xic v6i dudng thang A cit truc Ox tai hai diém A, B. Tinh do dai doan
AB.
A. AB=26. B. AB =24, C. AB=4. D. AB=/6.

Loi giai.
Pudng thing A ¢6 véc-to chi phuong 1a 7 = (2;2;—1).
Lay diém M(—2:1;0) € A. IM = (—4;0;1).

__>
. ) , IM, )| V72
Khoang cach tur / dén dudng thang A 1a l |7‘ J = =2V2.

3
Phuong trinh mit cau tim / tiép xic véi dudng thang A 1a
(=22 + (=1 +(+1)°=8.
Hoanh do cta hai di€ém A, B 1a nghiém ctia phuong trinh

x=v6+2
(x=224+0—-12+0+172=8 (x—22=6< .
x=—V6+2
Tit d6, ta dudgc A(V6+2;0;0) va B(—v6+2;0;0). Viy do dai doan AB bang 2v/6.
& Ch(_)ndépén@ ............................................................................ O

Cau 43: Trong khong gian hé toa do Oxyz, cho phuong trinh x* +y? 4+ 72 — 2x — 4y — 6z — 11 = 0. Viét
phuong trinh mit phang (o), biét (&) song song véi (P) : 2x+y —2z+ 11 = 0 va cit mit cau (S) theo
tiét dién 1a mot dudng tron c6 chu vi bang 87.

A 2x+y—2x—11=0. B. 2x—y—2z—-7=0.
\_ C 2x+y—2z-5=0. D. 2x+y—-2z—-7=0.

Loi giai.
Vi (@) || (P) nén phuong trinh mit phiang (&) c6 dang 2x+y —2z+c¢ = 0.
Mt cau (S) ¢6 tam I(1;2;3) va ban kinh R = 5.

Puong tron c6 chu vi 87 nén ban kinh r = 4.

11



Khodang cach tif tim / dén mit phang P bang 3.

2-14+2-2-3 =11
Tir d6 ta 6 d(1, (P)) = 121+ i PN IIP PR .
V224124 (-2)2 c=—17
Vi (o) || (P) nén phuong trinh mit phang (o) 1a 2x+y —2z—7 = 0.
Qs Chon ddp dn (D) ... ..vvv ettt et e e O
N NS 2 . s 9,0 \/§ 2 s o
Céau 44: Cho (H) la hinh phang gidi han bdi parabol y = 5 X va nua y
1
elip c6 phuong trinh y = 5\/4—x2 (v6i —2 < x < 2) va truc hoanh 1
R . bv/3
(phan t6 dam trong hinh v€). Goi S 1a dién tich cua, biet § = M
C _ X
(leabceR) TinhP=a+b+c. 2 o 2
\_ A. P=09. B. P=12. C. P=15. D. P=17
Loi giai.
Hoanh dd giao diém cta hai do thi:
1
\[xz—z 4—x2ex==l.
Do tinh chit dbi xiing ctia do thi nén
3 1 | 2
S=2 2/x2dx+2/\/4—x2 _2(Sl+52)
0 1
I
Sy —\/g/xzdx— V3
2
1
:f\/4—x2dx. Pit x = 2sint = dx = 2costdt.
T
=l=t=—x=2=t=—.
x ) n6 X 5
Véit € [E’ﬂ = cost > 0= \/4 x2 = 2V/cos2t = 2cost.
T T T
2 2 2 T
1 2 3
S2 = 2/4cosztdt:/2cosztdt /(1+cos2t) dr = <t+51n2t> ‘,2[ :73r_\4f.
i T T 6
6 6 6
3 21 V3 4n—3
ViyS=—+———= =4b=—-1,c=6
A R T 6 ’ '
=P=a+b+c=09.
& Chon dap dn(A) . ...\ O

Cau 45: Cho ham sb f(x) c6 dao ham va lién tuc trén R thoa man f(x> +2x—2) =3x—1. Tinh [ =

10
[ rwar
1
135 125 105 75
A —. B. —. . — D. —.
" 4 4 €7 4

Loi giai.
Pitu=x"+2x—2=du=(3x>+2)dx. Tacéx=1=u=1,x=2=u=10.
2 10 2
135

I:/f(x3+2x—2)(3x2—|—2)dx:/f(u)du:/(3x—1)(3x L2)de= =2,

1 1 1

12
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& Chon dap dn(A) . ...\ O

x=3+t
Cau 46: Trong khong gian véi hé truc toa dd Oxyz, cho dudng thang A: { y=—1—17,(t € R), di€ém
=2+t
M(1;2;—1) va mit cau (S) : x> +y> + 7> —4x + 10y + 14z + 64 = 0. Goi A’ 1a dudng thing di qua M cit
dudng thang A tai A, cat mit cau tai B sao cho % = % va B c6 hoanh d6 1a s6 nguyén. Mt phang trung
truc cua doan AB c6 phuong trinh la
A 2x+4y—4z—19=0. B. 3x—6y—6z—62=0.
\_ C 2x—4y—4z-43=0. D. 3x+6y—6z—31=0.

Loi gii.
ViA€Anéntac6A(3+1t;,—1—1,—-2+1).

Goi B(x,y,z7).
—
AM:(—2—t;3+t;1—t@:(x—3*t;y+1+t;z+2—t).
LoAM AB = 3AM

0O —— =-5nen — —.

AB AB = —3AM

-

Truong hop 1: AB = 3AM. Ta c6 hé phuong trinh
xX—3—t=-6-3t x=-3-2t
y+1+t=943t < {y=8+2t
Z2+2—-t=3-3t z=1-2¢
ViB € (S) nén
(=32t =2+ (8+2t+5)*+(1-2t+7)*~14=0
& 1212 + 401 + 244 = 0 vo nghiém.

R ? 7 P .
Truong hop 2: AB = —3AM. Ta c6 hé phuong trinh
x—3—-t=6+3t x=9+4t
y+14+t=-9-3t = {y=—10—4t.

z+2—t=-3+3¢ z=—5+4+4t
ViB € (S) nén

t=—1
(944t —2)2+ (=10 =41 +5)> + (=5+4r+7) - 14 =0 =482+ 112t + 64 =0 &= 4

t=—=

3

Vi B ¢6 hoanh d9 nguyén nén t = —1. Tur d6, ta dugc A(2;0; —3),B(5;—6;—9).
Phuong trinh mit phang trung truc ctia doan thang AB 1a
2x—4y—4z7—-43=0.
& Chon dAp an (C) .. ..\t O

Ciu 47: Trong khong gian v6i hé toa dd Oxyz, cho hai di€ém E(1;—2;4),F(1;—2;—3). Goi M 1a diém
thudc mit phang (Oxy) sao cho téng ME + MF c6 gia tri nhd nhit. Tim toa do diém M.
A. M(—1;2;0). B. M(—1;-2;0). C. M(1,-2;0). D. M(1;2;0).

Loi giai.
Mit phang (Oxy) c6 phuong trinh z = 0.
Thay toa do di€ém E, F vao phuong trinh mit phiang (Oxy) ta dugc 4- (—3) < 0. Vay E, F niam khéc phia so

13



v6i mit phang (Oxy).
ME + MF nhd nhit khi 3 diém M, E, F thang hang hay ]\ﬁ cung phuong véi m
Do M € (Oxy) nén dat M(a;b;0).
ME = (1—a;—2— b:4), EF = (0,0, 7).
_ { l-a=0 {a =1
Tir do ta dudc & .
—2—-b=0 b=-2
Vay M(1;-2;0).
& Chon dAp an (C) ... ..\t O

Cau 48: Xét s6 phiic z = a+ bi (a,b € R,b > 0) thda man |z| = 1. Tinh P = 2a + 4b* khi |z* — 7+ 2| dat
gia tri nhé nht.
A.P=4 B. P=2—2. C. P=2. D. P=2+V2.

Loi gii.
z=a+bilzd]=1=a+b=1cb=1-d.
DEY |12 = |z1] - 22| vaz-Z= |z|* nén

2

27
=14 —

-2

b? —1)+2b(a—1)i| = \/(az—bz— 1)2+4b2(a—1)2.

Thay f(a) = (a*+a—1)>+(1—a*)(a—1)* = 4a® — a* —4a+2 trén [—1;1].
1

fl(a)=12a*—2a—4=0<a==hoica= ——.

o=t (-2) = 2 2= 2

1 3
Suyramaxz3—z+2|:13khia:—2:>b:\2[:>P:2a+4b2:2.

2
12 —z4+2|=|z(2-1+= )| =7 = |22 =142z = [(a+bi)* — 1 — 2a — 2bi| = |(a* —
<

Qo Chon daAp AN (C) oottt e e e e OdJ
C p

Cau 49: Trong khong gian vé6i hé toa do Oxyz, cho m,n 12 hai s6 thuc duong théa man m +2n = 1. Goi
A,B,C lan lugt 1a giao di€m ctia mit phang (P) : mx + ny +mnz — mn = 0 v6i cdc truc toa do Ox, Oy, Oz.
Khi mit cau ngoai tiép ti dién OABC c6 ban kinh nhd nhét thi 2m +n 6 gid tri bang

3 4 2

A. 5 B. s C. 5 D. 1.
Li giai.
(P) : mx+ny+mnz—mn = 0.
Suy ra A(n;0;0),B(0;m;0),C(0;0;1).
TAm mat cau ngoai tiép OABC la K(g; %; ;)
Béan kinh r = OK = ,124_;124_1
r nhé nhét khi va chi khi n +m?* + 1 nhd nhét.
m—|—2n:1<:>m:1—2n:>n2+m2—|2—1:5n2—4n—|—1.
Xét P(n) =5n* —4n+1=5 (n—§> —I—;.
Suyrarnh()nhét@n:?ém:l—:zs.KhidéijLn::.
Q¢ Chon dap AN (B) ...ttt ettt et O



Cau 50: Cho ham s6 f(x) c6 dao ham lién tuc trén doan [0; 1] théa man 3 f(x) +xf’(x) = x*°23, v6i moi
1
x € [0;1]. Tinh I = /f(x)dx.
0

1 1 1 . 1
" 2023-2024°

A l=———. B I=—1—+. Cl=—"——.
\_ 2023 -2026 2024 -2025 2024 -2026

Loi giai.

Tir 3/ (x) +xf(x) = x*°% = £(0) = 0. Ta c6 31 (x) +xf'(x) = x2*%
& 32 f(x) + 33 (x) = 820
<:>/3x2f(x)dx—|—/x3f/(x)dx:/xzozsdx (x).

bit K = /x3f/(x)dx.

u=x> du = 3% dx
dv=f(x)dx |v=rlx)
=K=x>f(x)— [ 3x*f(x)dx.

1
Tt (), ta duge x> f(x) = / PP dx = P f(x) = ———x*%0 1 C. Ma £(0) = 0.

) 1
ay f(x) 2026x2023'
1

1
& Chondap an (C) ... ..o O
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TRUONG THPT CHUYEN PE ON KIEM TRA CUOI KY 2

THANG LONG NAM HOC 2022 — 2023
—— —x kA — — — Mon Toan
(Dé gém 05 trang) Thoi gian lam bai: 90 phiit, khong ké'thoi gian phdt dé

Cau 1: Tim nguyén ham cda ham s6 f(x) = cos2x.

A. /f(x)dx:%sian—kC. B. /f(x)dx:—%sian—kC.
C. / F(x)dx = 2sin2x+C. D. / Fx)dx = —2sin2x+C.

Cau 2: Tinh md-dun cta sb phic z = 4 — 3i.
A z]=7. B. 7| =V7. C. |z|=5. D. |z| =25.

. 1 -2
Cau 3: Trong khong gian v6i hé toa dd Oxyz, cho duong thang d: x—}l— = yT

= —i2’ véc-td nao dudi
déy 1a véc-to chi phuong ctia dudng thang d?

AW =(-1;-32). B. 7 =(1;32). C. 4 =(1;-3;-2). D.u=(-1;3-2).
Cau 4: Trong khong gian v6i hé toa dd Oxyz, cho hai di€ém A(2;3;—1), B(1;2;4). Phuong trinh dudng
thang nao dudc cho dudi diy khong phai 1a phuong trinh dudng thang AB?

x=2—1t
x+2 y+3 z-—1
A. — — . B. = —
1 1 5 y=3-t
z7=—1+5¢
x=1-—1¢
x—1 y—-2 z—4
C. = — . D, g =
y=2-t1 1 1 =5
z=4+5t

Cau 5: Trong khong gian vdi hé toa dd Oxyz, cho di€ém A(2;1;1) va dudng thing d : * = =
Tinh khodng céch tit A &én dudng thang d.

A. ¥ B. V5. C. 2V/5. D. 3V/5.

Cau 6: Trong khong gian véi hé toa dd Oxyz, cho céac di€ém A(1;0;3), B(2;3;—4),C(—3;1;2). Tim toa do
diém D sao cho ti gidc ABCD Ia hinh binh hanh.

A. D(—2;4;-5). B. D(4;2;9). C. D(6;2;-3). D. (—4;-2;9).
Cau 7: Trong khong gian v6i hé toa dd Oxyz, cho hai di€ém M(2;1;—2), N(4; —5;1). Tim do6 dai doan thang
MN.

A. 49. B. 7. C. V7. D. V41,

Cau 8: Trong khong gian véi hé toa dd Oxyz, cho ba diém A(1;0;0), B(0; —2;0),C(0;0;3). Phuong trinh
nao duéi day 1a phuong trinh mét phang (ABC)?
X y < X y < X y z X oy Z
A —4+—+-=1. B. - +—+-=1. C. —+=+=-=1. D. - +-+—=1.
3+—2+1 1+—2+3 —2+1+3 3+1+—2
Cau 9: Cho biét F(x) 1a nguyén ham ctia ham s f(x). Tim I = / [2f(x) 4 1]dx.

A . I=2F(x)+14+C. B.I=2xF(x)+1+C. C.I=2xF(x)+x+C. D.I=2F(x)+x+C.

5 7 7
Cau 10: Néu / F)dx=3va / F(x)dx =9 thi / #(x)dx biing bao nhiéu?
2 2

5
A. 3. B. 6. C. 12. D. —6.



2
Cau 11: Tinh tich phan I — / 22023xg,
0

B 24046 -1

AT B 24046 -1 24046 B 24046 1

In2 B. = 2023 C 1= 20231In2° D. 1= 20231n2°

Cau 12: Ki hiéu S 1a dién tich hinh phang gi6i han bdi dd thi ham s y = f(x), truc y
hoanh, dudng thang x = a, x = b (nhu hinh bén). Hdi khang dinh nao dudi day 1a
khing dinh diing? /\

A. S= /cf(x)dx+/bf(x)dx. B. S:/cf(x)d+/bf(x)dx.
C.S=— / Flx)dx+ /b f(x)dx. D. = /b £(x)dx.

Cau 13: Cho hai ham s6 y = f|(x) vay = f>(x) lién tuc trén doan y
[a;b] va c6 dd thi nhu hinh bén. Goi S 13 hinh phang gidi han béi
hai d6 thi trén va cic dudng thang x = a;x = b. Thé tich V cta vat

thé tron xoay tao thanh khi S quay quanh truc Ox dudc tinh bgi cong

thiic nao sau day?

(0]
b b
AV =x [0 - B)ar B. V=7 [[fi() - Aloldx.
ba ab
CVv= /[f%(x)—fzz(x)]dx D. V= ﬁ/[fl(x)—fz(x)]zdx-

Cau 14: Trong khong gian véi hé truc toa do Oxyz, cho mit phang (P): x —y+2z+ 1 = 0 va dudng thang

—1 1 . .
A i Tinh goc gitta dudng thang d va mat phang (P).

A. 16()0. ? : B. 120°. C. 150°. D. 30°.
3
Cau 15: Chol = / sin® xcosxdx va u = sinx. Ménh dé nao duéi day ding?
0
| 1 0 |
A. I:/uzdu. B. 1:2/udu. C. I:—/uzdu. D. I:—/uzdu.
0 0 | 0

Cau 16: Goi M 1a diém biéu dién ctia s phic z trong mit phang toa do, N 1a di€ém dbi xiing ctia M qua Oy
(M, N khdng thudc cic truc toa dd). S6 phitc @ c6 diém biéu dién 1én mit phang toa do 1a N. Ménh dé nao
sau day dung?

A o=-z B. o=-Z C o=z D. |o| > |z|.

CAul7: Tinh S = 1 +i+i%+ ... 4 2023 4 2024,

A S=-i. B. S=1i. C.S5=1-1. D. S=1.
Cau 18: Tinh mo-dun ciia sé phiic nghich dao ciia sé phic z = (1 — 2i)2.
1 1 1
A —. B. —. C. V5. D. —.
NG 25 Vs 5



Cau 19: Phuong trinh z2 + 3z+9 = 0 ¢6 hai nghiém phiic z,z,. Tinh S = 2122 + 21 + 22.

A. —6. B. 6. C. 12. D. —12.
Cau 20: Cho s6 phtc z thda (1+i)z = 3 —i. Tim phan 4o cta z.
A. —2i. B. 2i. C. 2. D. -2.
x+2 y-=5

Cau 21: Trong khong gian véi hé toa do Oxyz, cho diém M(1;—3;4), dudng thiang d: 3 = 5 =

: va mit phang (P): 2x+z—2 = 0. Viét phuong trinh dudng thang A qua M vudng géc véi d va song

song véi (P).

x—1 y+3 z-4 x—1 y+3 z-4

A. A: = = . B. A: = = )
1 _% A _ _% %

coA YL _yro 7 D ATl _oYPS_ i
1 1 ) 1 1 2

Cau 22: Trong khong gian v6i hé toa do Oxyz, cho mit ciu (S): x> +y? +z%> = 1 va mit phing (P): x+

2y —2z+ 1 = 0. Tim bén kinh r dudng tron giao tuyén cta (S) va (P).

A.rzl. B. r—2\/§ C. —2 D. 1
3 3 2 2

Cau 23: Trong khong gian v6i hé toa dd Oxyz, cho hai mit phang (o): x —2y —2z+4=0va (B): —x+
2y +2z—7 = 0. Tinh khoéng céch giita hai mit phang («) va ()

A. 3. B. —1. C. 0. D. 1.
Cau 24: Trong khong gian v6i hé toa do Oxyz, cho diém 1(0;2;3). Viét phuong trinh mit cau (S) tam I tiép
xuc véi truc Oy.

A X+ Gy+2)%+z+3)r =2 B. ¥+ (y+2)2+(z+3)*=3.

C. 2 +(y—2)72+(z-3)7 =4 D. 2+ (y—2)2+(z—3)*=0.
Cau 25: Trong khong gian vdi hé toa dd Oxyz, cho ba diém A(—2;3;1), B(2;1;0), C(—3;—1;1). Tim tat
cé cdc diém D sao cho ABCD la hinh thang c¢6 ddy AD va Sapcp = 3Saagc-

D(—8;-7;1) D(8;7;—1)
A. D(8;7;—-1). B. . C. . D. D(—12;—-1;3).
D(12;1;-3) D(—12;—1;3)
2 2 2
Cau 26: Tim nguyén ham F(x) cia ham s6 f(x) = 6x+ sin3x, biet F(0) = 3
2
A. F(x) =322 C°§3x +5 B. F(x) = 3
3 3
C.V=F(x)=32+2" 11 D. F(x) =322 — 2% 44,
Cau 27: Tim nguyén ham F(x) ctia ham s6 f(x) = x-e*".
1
A. F(x) =2¢"(x—2)+C. B. F(x) =5 e™ (x—2)+C.
1 1 1
CF(x)=2e"(x— = : D. F e (x— < :
C. F(x)=2e (x 2)+C (x) = € ( 2>+C

Cau 28: Biét f(x) 1a ham lién tyc trén R va /f(x) dx=9.Khidé tinh [ = /f(3x —6)dx.

0 2
A 1=27. B. I=3. C. I1=24. D. I=0.

Cau 29: Cho hinh phéng (H) gi6i han bdi do thi y = 2x — x? va truc hoanh. Tinh thé tich V vat thé tron

xoay sinh ra khi cho (H) quay quanh Ox.

4 4 16 16



Cau 30: Mot 6 td dang chay v6i van toc 10 m/s thi ngudi 14i xe dap phanh, tif thoi diém d6 6 td chuyén
dong cham dan déu vé6i van tc v(t) = —5¢ + 10 (m/ s) trong d6 ¢ 12 khodng thdi gian tinh bing gidy ké tur
lic dap phanh. Hdi tit lic dap phanh dén khi ditng han 6 t6 con di chuyén dugc bao nhiéu mét?

A. 0.2 m. B. 2 m. C. 10 m. D. 20 m.

Cau 31: Cho s6 phiic z c6 diém biéu dién trén mit phing toa do 1a M, biét 2% ¢6 . y
diém biéu dién 12 N nhu hinh vé. Ménh dé nao sau day ding? n
A 7l <L B. 1<z]<3. C.3<]z/<5  D. |z >5.

0 X
Cau 32: Tim s thuc m sao cho m? — 1 + (m+1)i 1a s6 4o.

A . m=0. B. m=1. C. m==l1. D. m=—-1.
Cau 33: Goi M, N lan lugt 1a cic diém biéu dién ctia z;, 7, trong mit phang phiic, I 1a trung diém MN, O 1a
gbc toa do (3 diém O, M, N phan biét va khong thang hang). Ménh dé nao sau diy ding?

A. |z1+22| =20L B. [z1+2| =0l
C. |z1 —22| = OM + ON. D. |z1 — 22| =2(OM + ON).
Cau 34: Cho s6 phtic z thda 2z + 3z = 10+ . Tinh |z].
A |7 =1. B. |z| =3. C. |z] = V3. D. [z| = V5.
Cau 35: Cho a,b 1a céc s6 thuc thoa phuong trinh 72 + az+ b = 0 ¢6 nghiém 3 — 2/, tinh § = a + b.
A. §=109. B. §=-T7. C.S=17. D. S=-19.

Céu 36: Trong khong gian v6i hé toa dd Oxyz, cho hinh hop ABCD.A'B'C'D’. Biét toa dd cac dinh A(—3;2;1),C(4;2;
Tim toa do diém A’ ctia hinh hop.
A. A'(=3;3;3). B. A’'(-3;-3;-3). C. A'(=3;3;1). D. A'(-3;-3;3).
y—3

oY)

Cau 37: Trong khong gian véi hé toa do Oxyz, cho dudng thang (d): XI === g, mit phang
(P): x+y—z+3 =0 vadiém A(1;2;—1). Cho duong thang (A) di qua A, cit (d) va song song v6i mit
phang (P). Tinh khodng cach tit gbc toa do O dén (A).
2v/3 4+/3 16
A 23 B V3 C. V3. D. —.
3 3 3
Cau 38: Trong khong gian véi hé toa do Oxyz, cho mit cau (S): X +y? +72—2x+27—7 =0 va diém

A(1;3;3). Qua A vé tiép tuyén AT clia mit cau (T 1a tiép diém), tip hop cic tiép diém T 1a dudng tron khép
kin (C). Tinh dién tich hinh phéng gi6i han bdi (C) (phan bén trong mét cau).

144 1447
7 204
Cau 39: Tinh tich phan I — /
e*+1
2026 2025 2024
A. I1=0. I:2—. C.I:2—. D.I:2—.
2025 2025 2024
1 X +3x
A <A 2,0 N 2 A ~, 2 s 2 2
Cau 40: Blet/z—dx:a-l—bln2+cln3 véi a, b, c 1a cac so hitu ti, tinh S = 2a+ b~ +c~.
/ x*+3x+2
A. S=515. B. S=164. C. §=436. D. S=-9.



B+l
£ 0 2 2023
Cau 41: SO diém cuc tri ciia ham so f(x) = / <\/ ?+12— 4) dr la.
1

A 1. B. 3. C. 2 D. 0.
CAu 42: Biét phuong trinh z> + 2023 - 2024z +2%°2* = 0 ¢6 hai nghiém z;,z,. Tinh § = |z;| + |22

A 2024 B. 22025 C. 21012 D. 21013
Cau 43: Cho s6 phiic z = a+bi (a,b € R,a > 0) thoéa 2z — 12|z] + (z—z) = 13— 10i. Tinh S = a + b.

A S=-17. B. S=5. C.S=1. D. S=17.

e o x 2 . .o |U2=50)z+17+T7i
Cau 44: Tap hop cac diém biéu dién so phuc z = x + yi v6i x,y € R théa man ( l)Z2+ - il 13
z2—2—1

c6 phuong trinh nao sau day?

A. (d): 6x+4y—3=0. B. (d): x+2y—1=0.

C. (C): x> +y*—2x+2y+1=0. D. (C): ¥’ +y* —4x+2y+4=0.
Cau 45: Tim tSng cdc gia tri s6 thuc a sao cho phuong trinh 72 + 37+ a® — 2a = 0 ¢6 nghiém phtc zq thoa
lzo| = 2.

A. 0. B. 2. C. 6. D. 4.

73°3°3
thay d6i sao cho hinh chiéu ctia M 1én mit phiang (ABC) nim trong tam gidc ABC va cdc mit phang
(MAB),(MBC),(MCA) hop v6i mit phing (ABC) céc géc biang nhau. Tinh gid tri nhé nhit ctia OM.

P . 548
Cau 46: Trong khong gian v6i hé toa do Oxyz, cho bon diém A(1;0;0),B(3;2; 1),C( —) va M

V2 V2
A Y2 B 2. C. V3. p. Y2
3 3 3
2 —1 —1 —1 -3
Cau 47: Trong khong gian v6i hé toa dd Oxyz, cho 3 duong thang (d) ) : al 7= Y = ¢ o (da) : a =
1 z-2 4 y—4 -1 \ , ,
)% = ZT (d3) : al 5= Y 7 = ¢ . Mt cau ban kinh nhé nhat tam I(a; b; ¢), tiép xudc v6i ba dudng
thang (d1),(d2),(d3). Tinh § = a+2b 4+ 3c.
A. S=10. B. S=11. C. S=12. D. §=13.
. 1
CAu 48: Cho ham s6 f(x) c6 dao ham trén R théa (x+2)f(x) + (x+ 1) f'(x) = e* va £(0) = > Tinh
1) 2 2
e e e e
A f(2)=—. B. f(2)=-. C. f2)=—. D. f(2)=—.
2)=1 @)= =2 )=

Cau 49: Cho dd thi (C) : y = f(x) = v/x. Goi (H) la hinh phang v
gi6i han béi (C), dudng thang x =9, Ox. Cho diém M thuoc (C),
A(9;0). Goi V; 1a thé tich khéi tron xoay khi quay (H) quanh Ox,

V5 1a thé tich khéi tron xoay khi cho tam gidc AOM quay quanh

Ox. Biét V| = 2V5. Tinh dién tich S phan hinh phang gi6i han ¢
bdi (C),OM (hinh vé khong th€ hién chinh xac di€ém M).

273 3V3 4

C4u 50: Cho sb phuc z théa man |z| = 1. Goi m, M 1an lugt la gid tri 16n nhat, gia tri nhé nhét cla P =
282 462| = |24+ 1. Tinh M —m
A M—m=1. B. M—m=3. C. M—m=6. D. M—m=12.
—HﬁT—




PAP AN TRAC NGHIEM
1LA|] 2Cc] 3A] 4a| sB| 6D | 7B | 8B | 9D | 10C
11D | 12¢ | 13A | 14D | 15A | 16B | 17D | 18D | 19.B | 20.D
21.C | 22B | 23D | 24D | 25D | 26D | 27.D0 | 28B | 29.C | 30.C
3LB | 32.C | 33A | 34D | 35C | 36A | 37.B | 38D | 39.C | 40.A
41.C | 42D | 43.C | 44A | 45D | 46A | 47.B | 48D | 49.B | 50A

LOI GIAI CHI TIET

Cau 1: Tim nguyén ham cta ham s6 f(x) = cos2x.

A. /f(x)dxz%sian—kC. B. /f(x)dxz—%sian—i—C.
C. / F(X)dx = 25in2x+C. D. / Flx)dx = —2sin2x+C.

Loi gii.

‘ | 1
Ta co /cos2xdx =5 /costd(Qx) =3 sin2x+C.
& Chon dap dn(A) . ...\ O

Cau 2: Tinh mo-dun ctia s6 phic z = 4 — 3i.
A |7 =7. B. |z = V7. C. |z] =5. D. |z] = 25.

Lo gidi.
Tacé |z| = /42 +(-3)2=5.

Qo Chon dAp AN (C) oot OdJ
C p

2 1 - 2
Cau 3: Trong khong gian v6i hé toa do Oxyz, cho dudng thang d: )% = yT = iZ véc-to nao dudi

day 1a véc-to chi phucng ctia dudng thang d?
A. W= (-1;-32). B. ¥ =(1;32). C. W =(1;-3;-2). D u=(-1;3-2).

Loi gii.
Tacé U = (1;3;—2) hay = (—1;-3;2).

& Chon dap dn(A) . ...\ O
Cau 4: Trong khong gian vé6i hé toa do Oxyz, cho hai diém A(2;3;—1), B(1;2;4). Phuong trinh dudng
thang nao dugc cho dudi diy khong phai 1a phuong trinh dudng thang AB?

x=2-—t
x+2 y+3 z-1
A. = = o B, g —
1 s y=3-t
z=—1+5t
x=1-—t
x—1 y—-2 z—-4
C = — D = =
y=2-1 1 [

k z=44+5¢




Li giai.

Tac6 BA = (I;1;=5).
Vidiém A(2;3;—1) ¢
thang AB.

Cic dudng thang con lai déu c6 véc-to chi phuong 1a (1;1; —5) va di qua diém A(2;3; —1) hoic di qua diém
B(1;2;4).

x+2 y+3 z—1 _ x+2 y+3 z-1
—_= —_= nen —_= —_=
1 1 -5 1 1 -5

khong phai la phuong trinh dudng

& Chon dap 4n(A) . ... O
A AT . o <o 2 x—1 y-=2
Cau 5: Trong khong gian véi hé toa dd Oxyz, cho di€ém A(2;1;1) va duong thang d: =5 =

—3 p g

Z—Z. Tinh khoang cach tir A dén dudng thang d.
3v5

n 2B B. /5. C. 2V/5. D. 3V/5.
\_ 2
Loi giai.

— —
Goi M(1;2;3) €d = AM = (~1;1;2) = [AM; W] = (—6;0;—3).
AM; ]| 35

Tacc’)d(A;d):H Ki ”: \3[:\/5
Qe Chon dap An (B) ..o vttt et et e O

Cau 6: Trong khong gian v6i hé toa do Oxyz, cho cic di€ém A(1;0;3), B(2;3;—4),C(—3;1;2). Tim toa
do di€ém D sao cho t giac ABCD la hinh binh hanh.
A. D(—2;4;-5). B. D(4;2;9). C. D(6;2;-3). D. (—4;-2;9).

Loi gidi.
Goi D(x;y;z) = Ch= (x+3;y—1;2—2) va BA = (—1;=3;7).

x+3=-1
bé ti giac ABCD la hinh binh hanhtac6 BA=CD = { y— 1= -3 = D(—4;-2;9).
z—2=17
Qs Chon dAP AN (D) ...\ttt e e e O

Cau 7: Trong khong gian véi hé toa dd Oxyz, cho hai diém M(2;1;—2), N(4;—5;1). Tim d6 dai doan
thang MN.
A. 49. B. 7. C. V7. D. V41,

Lui gidi.
Taco MN = (2;—6;3) = MN =4+ 36+ 9 =7.
G ChON AP AN (B) ...ttt 0

Cau 8: Trong khong gian vé6i hé toa dd Oxyz, cho ba di€ém A(1;0;0), B(0; —2;0),C(0;0;3). Phuong trinh

nao duéi day 1a phuong trinh mét phang (ABC)?
x y 'z x 0y oz x z x Yy oz
Ay 2 o B iy 2oy e A2y pifdiftog
3+—2+1 1+—2+3 ¢ —2+1+3 3+1+—2

<

Lui giai.



Mt phang (ABC) c6 phuong trinh la 1 + Y +

o
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Qe Chon dap AN (B) ...ttt ettt

CAu 9: Cho biét F(x) 1a nguyén ham ctia ham s f(x). Tim I = / [2f(x) + 1]dx
A . I=2F(x)+14+C. B. I=2xF(x)+14+C. C.I=2xF(x)+x+C. D. I=2F(x)+x+C.

Loi giai. ‘
TacéI:/[2f(x)+1]dx:2/f(x)dx+x+C':2F(x)+x+C.
& Chon dip én@ ............................................................................

Cau 10: Néu / FH)dx=3va / F(x)dx = 9 thi / F(x)dx biing bao nhiéu?

2 5 2
A3 B. 6. C. 12. D. —6.
Loi giéi.
: 3 ’
Tacé/f(x)dx:/f(x)dx—l—/f(x)dx:3—|—9:12.

2 2 5
& Chon dAp an (C) ... ..ot

Céu 11: Tinh tich phan I = / 22023xg,
0
24046 -1 24046 -1 24046 24046 —1

Al=—r— B I=—53 C =023 D=3

Lui gidi.
2

22023x 2 24046 -1
Tacél= / 22023y = / 22023%4(2023x) =
2023

20231n2l0  2023In2°

&: Chon dap AN (D) -ttt

Cau 12: Ki hiéu S la dién tich hinh phing gi6i han bdi d6 thi ham sé y = f(x), y
truc hoanh, dudng thang x = a, x = b (nhu hinh bén). Héi khang dinh nao duéi day
13 khang dinh ding? /\

A S= /Cf(x)dx+/bf(x)dx. B. S:/Cf(x)d—i—/bf(x)dx
——/Cf(x)dx—I—/bf(x)dx. D. S:/bf(x)dx

Li gidi.



Dua vio hinh biéu dién hinh phang gi6i han bdi dd thi ham s6 y = f(x), truc hoanh, dudng thing x = a,
c b
x=b,tacéS= —/f(x)dx+/f(x)dx.
a c

& Chon dAp an (C) ... ..o e O

Ciu 13: Cho hai ham sb y = fj(x) vd y = f>(x) lién tuc trén y
doan [a;b] va c6 dd thi nhu hinh bén. Goi S 12 hinh phing gidi
han bdi hai d6 thi trén va cac dudng thang x = a;x = b. Thé tich
V ctia vat thé tron xoay tao thanh khi S quay quanh truc Ox dugc

tinh bdi cong thiic nao sau day?

(0]
b b
AV =z [} - Bw)ar. B. V=7 [[fi() - Alx)dx.
ba ab
C. v = [~ Bw)ar D. V=7 [[i(x) - fa()Pd.
\ a a
Loi giai.
b

TacsV =7 [177(x) — ()

a
& Chon dap an @ ............................................................................ U

Cau 14: Trong khong gian véi hé truc toa d6 Oxyz, cho mit phang (P): x —y+2z+ 1 = 0 va dudng
) - 1 1 2 2

thang d : XT = % = % Tinh goc gitta dudng thang d va mat phang (P).
A. 60°. B. 120°. C. 150°. D. 30°.

Loi gii.
Tacd g=(1;2;—1) va 7(,)) =(1;—-1;2).

1-2-2 1 . 5 .
Do d6 cos( 4; 7(1))) — W = 3-suyra géc gilta dudng thang d va mat phang (P) bang 90° —60° =
30°.
& Chon dAP AN (D) ...\ttt e e O
2

Cau 15: Cho I = [ sin“xcosxdx va u = sinx. Ménh dé nao dudi diy ding?

O\Nm

w*du.

1 1 0
A.Iz/uzdu. B.I=2/udu. C.Iz—/uzdu. D.I=-
0 0 -1

S—0_ _

o
Loi giai.
Véiu=sinx,tacox=0=u=0;x= g = u=1. Vay
1
sin® xd(sinx) = /uzdu.
0

I = [ sin®xcosxdx =

o\m\n
O\Nm



& Chon dap dn(A) . ...\ O

Cau 16: Goi M la diém biéu dién cia sb phiic z trong mit phang toa do, N 1a diém ddi xdng ctia M qua
Oy (M, N khong thudc cic truc toa do). S6 phic  c6 diém biéu dién 1én mit phing toa do 1a N. Ménh
dé nao sau day diing?

A o=—z B. o=-zZ C. o=1z D. || > |z].

Loi giai.
Gia st M(x;y) 1a diém biéu dién s6 phic z = x + yi, v6i x,y € R, N 1a diém dbi xiing ctia M qua Oy.

Khi d6 N(—x;y) la diém biéu dién s6 phiic @ = —x+yi = —(x — yi) = —Z.
G ChON AP AN (B) ...ttt 0

CAu17: Tinh S = 1 +i+ %+ -+ 298 202,
A S=—i B. S=i. C.S=1—i. D. S=1.

Li gidi.

Taco () =1, ()" =i, ()% =—1, (i)™ = —i. Do d6
S | i P g 2023 2024 _ 129 1-i_,
1—i  1—i
& Chon dAP AN (D) ...\ttt e et O

Cau 18: Tinh mo-dun ciia sb phiic nghich déo ctia s6 phiic z = (1 — 2i)2.

1 1 1
A —. B. —. C. V5. D. —-.
/5 25 Vs 5
Loi giai.
; ; 1 —3+4i
Goi o 1a s6 phtic nghich dio ctia s6 phiic z = (1 —2i)> = 0 = - = 2—;— L
F4
1
Vay |o| = 5
& Chon dAP an (D) ...\t e e e e O

Cau 19: Phuong trinh z2 4 3z+9 = 0 ¢6 hai nghiém phiic z;,z,. Tinh S = 2120 + 21 + 22.
A. —6. B. 6. C. 12. D. —12.

Loi gidi.

Qt+n=—=-3
Theo Vi-ét ta co B a
2120 = P =9,
Dodoétaco6 S=9—-3=6.
Qs Chondap dn (B) .. ...unnt ettt O

CAu 20: Cho s6 phtic z thda (1 +i)z = 3 —i. Tim phan 4o cta z.
A. —2i. B. 2i. C. 2. D. —2.

Loi giai.
3—i R .
Tacoz= 1—_; = 1—2i, do d6 phan 4o cua z bang —2.
l



& Chon dAP an (D) ...\ttt e et e O

. 2 -5
Cau 21: Trong khong gian véi hé toa dd Oxyz, cho diém M(1; —3;4), dudng thang d: % = y—S =

—2 g . 5
va mat phang (P): 2x+z —2 = 0. Viét phuong trinh dudng thang A qua M vudng goc véi d va

song song véi (P).

x—1 y+3 z-4 x—1 y+3 z-4

A A: 11_ _13__24. B. A: _11_ _13__24.
x— y+ - X — y+ z—

C. A: = = . D. A: = = _
\_ 1 1 = 1 —1 2

Loi gii.
Vidp- T 1w py=0va WA, =0néntacéthé chon W= [ (p);7d] = (—5;-5;10). D€ cho gon ta c6
thé chon 7A = (1;1;-2).

. —1 3 —4
Phuong trinh dudng thang A qua M c6 véc-td chi phuong UplaA: * = yT _ 7

& Chon ddp an (C) . ... oo O

Cau 22: Trong khong gian véi hé toa o Oxyz, cho mit ciu (§): x> +y? +z% = 1 va mit phing (P): x+
2y —2z+ 1 = 0. Tim ban kinh r dudng tron giao tuyén cda (S) va (P).

A.rzl. B. r—z\/_ £ D. 1
3 3 2 2
Li gii.
Goi / va R 1an lugt 1a tam va bén kinh ctia (S) = 1(0;0;0), R
) 1] 1 2{
Tacod(l;(P)) = ———==-=r=VR?—d? =
(1:(P) Ji+t4+4 3 3
Q¢ Chon dap AN (B) ...ttt ettt et O

Cau 23: Trong khong gian véi hé toa dd Oxyz, cho hai mit phing (a): x —2y —2z+4 =0va (B): —
x+2y+2z—7 = 0. Tinh khoang céch giita hai mit phang (&) va (B)
A. 3. B. —1. C. 0. D. 1.

Loi giai.
Ta thdy (&) va (B) song song v6i nhau nén véi A(0;2;0) € ().

Khi d6 d[(e): ()] = d(A: (B)) = J% ’
Qs Chon dAP AN (D) .« ...\ttt ettt et O

Ciu 24: Trong khong gian véi hé toa do Oxyz, cho diém 7(0;2;3). Viét phuong trinh mit cau (S) tim /
tiép xuc véi truc Oy.

A X+ (y+2)°+(z+3)*=2. B. X’ +(y+2)2+(z+3)?=3.

C. 2+ (y—2)*+(z—3)?=4. D. >4 (y—2)*+(z—3)*=09.

Loi giai.

Taco R=d(I;0y) = /02 +32 =3,

Phuong trinh mit cu (§) 1a x>+ (y—2)2 + (z—3)*> =09.

& Chon dAp an (D) ...\t e e e O



Cau 25: Trong khong gian v6i hé toa do Oxyz, cho ba diém A(—2;3;1), B(2;1;0), C(—3;—1;1). Tim tat
ca cac di€m D sao cho ABCD 1a hinh thang ¢6 ddy AD va Sapcp = 3SaaBc-

D(—8;-7;1) D(8;7;—1)
A. D(8;7;—1). B. . C. . D. D(—12;-1;3).
D(12;1;-3) D(—12;—1;3)
Loi giai.
Ta co
1
SABCD = 5 -d(A;BC) : (BC—l—AD)
= 3SaaBc
1
= 3.2 -d(A:BC)-BC
= AD =2BC.

Miit khéc BC || AD = AD = 2BC.

Goi D(x;y;z).

Tac6AD = (x+2;y— 32— 1) va BC = (=5;—2; 1).
x42=-10 [x=-12

Suyra{ y—3=-4 =<(y=—1
z—1=2 z=3.

& Chon dap an @ ............................................................................ U

CAu 26: Tim nguyén ham F (x) clia ham s6 f(x) = 6x + sin3x, biét F (0

~—

cos3x 2
5 B. F(x) =3x*—
3 4 3 (x) =3x

3 3
C.V=F(x)=32+ 2211, D. F(x) =32 - S8

A. F(x) =3x*—

.

Loi giai.
/f(x)dx:/(6x+sin3x)dx:3x2
2 1 2
TfIF(O):§suyra—g—i-C:ghayC:l.

3
Vay F(x) = 32% — CO; T

coSs 3x

+C.

Qs Chon ddp dn (D) . ... .vvte ettt et e e O

CAu 27: Tim nguyén ham F(x) clia ham s6 f(x) = x-e*".
1
A. F(x)=2e*(x—2)+C. B. F(x) = §e2x (x—2)+C.

C. F(x) = 26% (x— %) +C. D. Flx) = e <x— —) ¢!

Lui gidi.

o P du = dx
at suy ra
dv = e**dx yo Ler



Khi do

Qs Chon dAP AN (D) ...\ttt e et e O

9 5
CAu 28: Biét f(x) l1a ham lién tuc trén R va /f(x) dx=9.Khidétinh I = /f(3x —6)dx.
0 2

A. 1=27. B. 1 =3. C. I=24. D. I=0.

Loi giai.
biatt = 3x— 6 suy ra df = 3dx. Khi do

e Vix=2thitr=0.

e Vix=5thir=09.

5 9 9
Vélylz'/f(3x—6)dx:3'/f(t)dt:3/f(x)dx:3.
2 0 0
Qs Chondap dn (B) ...ttt O

Cau 29: Cho hinh phéng (H) gii han béi d thi y = 2x — x* va truc hoanh. Tinh thé tich V vét thé tron

xoay sinh ra khi cho (H) quay quanh Ox.

4 4 16 16
AV =—-. B.V=-m. .V=—m. D V=—.
% 3 \% 37r C.V 157r \% 15

Lui giai.

Phuong trinh hoanh dd giao diém ctia do thi y = 2x — X va truc hoanh la
-3 =0&x=0 hoac x = 2.

Khi d6 thé tich V vat th€ tron xoay sinh ra khi cho (H) quay quanh Ox la

2 2
: g 4 3 5 16
V:ﬂ:/(2x—x2)2dx:7r/(4x2—|—x4—4x3)dx:77:(;C—1—);_—)54) =15
0 0
& Chon dAp an (C) ... ..\ O

Cau 30: Mot 6 t6 dang chay véi van toc 10 m/s thi ngudi 1di xe dap phanh, tif thdi diém d6 6 t6 chuyén
dong cham dan déu véi van téc v(t) = —5¢ 4 10 (m/ s) trong d6 ¢ 1a khoang thdi gian tinh bing gidy ké
tir ldc dap phanh. Héi tit lic dap phanh dén khi diing han 6 t6 con di chuyén dudc bao nhiéu mét?

A. 0.2 m. B. 2m. C. 10 m. D. 20 m.

Loi giai.
Khi dirng han thi van toc lic d6 bang khong nén thdi gian 6 to chay dudc tit lic dap phanh dén liic diing han
la

0= —-5r+10 hay t = 2.



Quang dudng 6 to di dudc tir lic dap phanh dén khi diing han 1a

2 2
5¢2
S:/(—St+10) dr=(——-+101) | =10m.
0 0
& Chon dAp an (C) ... ..ot 0
Cau 31: Cho s6 phiic z c6 diém biéu dién trén mét phing toa do 1a M, biét 2> y

c6 diém bi€u dién 1a N nhu hinh vé. Ménh dé nao sau day ding?
A |zl <L B. 1<|z]<3. C.3<]z]<5 D. [7]>5.

- 0 *

Loi giai.
Goiz=a+bivéia,b e RY vaa < b. Khi d6 2> = a®> — b> + 2abi.
Tit hinh vé ta thiy

a*—b* <0
2ab > 2b
b >-—a
a>1
{b<\@
& l<a<b<V?2
Vay 1 < |z] < 3.
Qs ChON dAP AN (B) ...\ttt et e et e O

Cau 32: Tim sb thuc m sao cho m> — 1 + (m+1)i 1a s6 4o.
A. m=0. B. m=1. C. m==l D. m=—1.

Loi giai.
m? — 1+ (m+1)ila sé 4o khi m* —1 =0 hay m = 1.
& Chondap an (C) ... ..\ O

Cau 33: Goi M,N lan luct 1a cac di€ém biéu dién ctia 71,2, trong mit phang phic, I 1a trung di€ém MN,
O 1a gbc toa do (3 diém O, M, N phan biét va khong thang hang). Ménh dé nao sau day ding?

A. |21+Z2|:201. B. |Z1—|—Zz|=0].

C. |z1 —z2| = OM + ON. D. |z1 —z2| =2(OM + ON).

Loi giai.



Goi P la diém biéu dién ctia s6 phic z1 + 2o.

Khi d6 OMPN 1a hinh binh hanh nén 201 = OP = |z; + z3|.
|z1 — 22| = MN va MN # OM + ON, MN # 2(OM + ON).
Vay ddp s6 ding l1a |71 + z2| = 20I.

Qo Chon daAp AN (A) .« oo e e e OdJ
C P

Céu 34: Cho s6 phiic z thda 2z + 3z = 10+ . Tinh |z].
A |z]=1. B. |z =3. C. |7 =V3. D. |z = V5.

Loi giai.
Goiz=a+biv6ia,beR.
Khi do6 tir gia thiét ta suy ra

2(a+Dbi)+3(a—Dbi) =10+

2a+3a=10
&
2b—-3b=1
a=72
& :
b=—1
Do d6 |z| = V/5.
Qs Chon dap dn (D) . ... .vvt ettt et e 0

OMN

Cau 35: Cho a,b 1a c4c sb thuc thda phuong trinh Z+az+b=0¢6 nghiém 3 —2i, tinh S =a+b.
A. S=19. B. S=-7. C. S=17. D. S=-19.

Loi giai.
Thay z = 3 — 2i vao phuong trinh z* 4+ az + b = 0 ta dugc phuong trinh
(3-2i)+a(3=2))+b=0
9—4+43a+b=0
&
—12—-2a=0

Khido S=a+b=-6+13=7.

& Chondap an (C) ... ..\ O

Cau 36: Trong khong gian v6i hé toa d6 Oxyz, cho hinh hop ABCD.A'B'C'D’. Biét toa dd cic dinh
A(—3;2:1),C(4;2;0),B'(—2;1;1),D'(3;5;4). Tim toa do diém A’ ctia hinh hop.
A. A'(-3;3;3). B. A'(-3;-3;-3).  C. A/(=3;3;1). D. A'(—3;-3;3).

Loi gidi.

10



Goi 1,1’ 1an lugt 1a tim ctia ABCD va A’B'C'D’. Khi d6:

. 1 1
e [ la trung diém AC nén [ (2;2; 2).

X | 5
e [’ 1a trung di€ém B'D' nén I’ (2;3;).

2
Hon nua
T /
AA'=1I" & (xq + 3590 — 25240 — 1) = (0;1;2) hay A'(—3;3;3).
& Chon dap dn(A) ...\ O
A ~ . 29 A " S 2 x—3 y—3 % o 2
Cau 37: Trong khong gian véi hé toa dd Oxyz, cho dudng thang (d): =3 7o mat phang

(P): x+y—z+3=0vadiém A(1;2; —1). Cho dudng thang (A) di qua A, cit (d) va song song v6i miit
phang (P). Tinh kho4ng cach tit gbc toa do O dén (A).
2V3 43 16
A ——. B. —. C. V3. D
3 3 v3
Loi gidi.
Goi B la giao di€ém cua (A) v6i (d) nén toa do diém B c6 dang B(3 + ;3 + 3¢,2¢).
Ta Célﬁ =2+ 143614+21).
Tt (A) song song v6i mit phang (P) nén/@-ﬁp =0 2+1)+(1+3t)—(1+2t) =0<1t=—1 hay
AB=(1;-2-1).
— — —
Ta c6 ‘AB‘ — /6, [AB;OA} — (—4;0;,-4).

Khi d6 khoang céch tit gbc toa dd O dén (A) 1a d(0,A) =

Qe Chondap An(B) ..o vttt ettt O

Cau 38: Trong khong gian véi hé toa do Oxyz, cho mit cau (S): x* +y? 472 —2x+2z—7 = 0 va diém
A(1;3;3). Qua A vé tiép tuyén AT clia mit cau (7 1a tiép diém), tap hop céc tiép diém T 1a dudng tron
khép kin (C). Tinh dién tich hinh phang gidi han bsi (C) (phan bén trong mit ciu).

A 144 B. 167 C. 4. p, 147

25 25

Li gidi.

R . TrR4
Ta c6 mit cau (S) ¢6 tam 7(1;0; —1) va ban kinh R = 3. Khi d6 AT = \/AI? —R? = 4. Do d6 T ndm trén

mit cau tdm A ban kinh 4 nén tap hop cac diém T 1a dudng tron giao tuyén clia hai mit cau (S) va S(A;4).
Khi d6 (C) c6 ban kinh r dugc tinh bdi cong thiic

AT -R 4.3 12
= = —
VAT2+R?  42+32 5
5 ;s 144
Dién tich can tim bang - > = TE
Qs Chon dAP AN (D) ...\ttt e et e e O

11
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2024
Cau 39: Tinh tich phan I = /
e*+1
—2
72026 72025 72024
2025 2025 2024

Lui giai.

2 12024 0 12024 12024
TacéI:/ dx:/dx+/ dx=J+K.
e’ +1

e +1 e*+1
-2 72
2024
Ta tinh tich phan J = /
X _|_ 1

batt = —x, khi do dt —dxvaviix=—-2thit=2,v6ix=0this=0. Khido
2 2 2
. 2024 r 2024 x 2024
J:—/() dt:/e dt:/ex dx
e T+1 el +1 er+1
0 0 0

2024 2024 004 2025 2 22025
DodolI=J+K= dx = dx = = .
4o + / +/ e+ 1 / 2025| "~ 2025

&; Chon dép an © ............................................................................

1

3
. x° 4 3x

Cau 40: B'At/—

au ié T

0
A. §=515. B. S=164. C. S =436. D. $=-9.

dx=a+bIn2+ cln3 véi a, b, c 1a cic sb hitu ti, tinh § = 2a + b + 2.

Lui gidi.

1 1
X+ 3x 14
Ta co dx = dx =

O e T3 3512 /( +x+2)

0 0
x? 5
E—3x—4ln|x+1|—|—14ln|x+2| :_5_181n2—|—14ln3.

0

5 .
Vay a=—,b=—18,c=14.Khi do tong S = 2a+ b* +¢* = 515.
& Chon dap dn(A) . ...\

A com C g 2023
Cau 41: SO diém cuyc tri ciia ham so f(x) = / (\/ 2+12— 4) dr la.

1
A. 1. B. 3. C. 2. D. 0.

Loi gidi.
2023
Taco f/(x) = < (x3+1)2+12—4) (3x2).

12



[x=0
f)=0 <
31+ 12=4
}:O
A 2
(F+1)" =4
[x=0
< |x=1
= V3.
Ta c6 bang bién thién ctia ham s f(x) nhu hinh sau
X | —oo -3 0 2 +oo
f(x) + 0 — 0 — 0 +

Tt d6 ta thay ham s6 c6 hai cuc tri.

& Chon dap an (C) ... ..o

Cau 42: Biét phuong trinh 72 + 2023 - 2024z +2%°2* = 0 ¢6 hai nghiém z;,z,. Tinh S = |z1| + |22
A. 22024. B. 22025. C. 21012. D. 21013-

Loi giai.

Phuong trinh z2 +2023 2024z +220* =0 (1)

(1) c6 A = (2023 -2024)% — 42292 < 0 nén phuong trinh (1) ¢6 hai nghiém phiic z1, 2.
Khi d6 21 =73 = |21] = |z2| = V71 22 = V22024 = 21012 o g — 21013,

Qs Chon dAP AN (D) ...\ttt e et

Céu 43: Cho s6 phiic z=a+bi (a,b € R,a > 0) thda zz— 12|z| + (z —z) = 13— 10i. Tinh S = a +b.
A S=-17. B. S=5. C.S="17. D. S=17.

Loi giai.

Tu 2z — 12|z + (z —Z) = 13 — 10i lay lién hgp hai vé ta dugc 7z — 12|z| + (2 —z) = 13+ 10i (x).
Khi d6 2|z|* —24[z| =26 = 0= |z = 13.

Ti (*)tacdz—2=—10i=b=-5=a=12=85=1.

& Chon dAp an (C) ... ..o e

13



2 . A2 X A 2, . 2,0 2 ~ 12_5' 17 7'
Cau 44: Tap hgp cac diém biéu dién so phiic z = x+ yi véi x,y € R thdéa man ( Z)Z;_ - Al =13
==
c6 phuong trinh nao sau day?
A. (d): 6x+4y—3=0. B. (d): x+2y—1=0.
\_ C. (O): #+y" —2x+2y+1=0. D. (C): X2 +y* —4x+2y+4=0.
Loi giai.
(12—5i)z+17+7i _ 13
z—2—1i N

& |12=5i||z+1+i| =13|z—2—

S |z+1+i=z—2—1]

& 6x+4y—-3=0.
Q¢ Chon didp 40 (A) .. ...\ O

Cau 45: Tim tdng cic gid tri s& thuc a sao cho phuong trinh z* + 3z + a*> — 2a = 0 ¢6 nghiém phiic z
thoa |Z0| = 2
A. 0. B. 2. C. 6. D. 4.

Loi giai.

C6 3 truong hop sau:

Truong hop 1. zo = 2 12 nghiém phuong trinh z% + 3z + a® — 2a = 0 nén a*> — 2a+ 10 = 0 v6 nghiém.
Truong hgp 2. zo = —2 la nghiém phuong trinh 24+3z4d>—2a=0néna®>—2a—2=0=a;+ay =2.
Truong hop 3. zo ¢ R 1a nghiém phuong trinh 2> +3z4+ 4> —2a =0 nén a® —2a = 4 = a3 +as = 2.

Viy tSng tit ca cdc gid tri cia sb thuc a d€ phuong trinh z° + 3z +a® — 2a = 0 ¢6 nghiém phic z( théa
|zo| =2 la 4.

Qs Chon ddp dn (D) ... ..vvt ettt et 0

2 . 548
Cau 46: Trong khong gian v6i hé toa do Oxyz, cho bon diém A(1;0;0),B(3;2;1),C (—5; 5; §) vaM
thay ddi sao cho hinh chiéu ctia M 1én mit phiang (ABC) nim trong tam gidc ABC va cic mit phang
(MAB),(MBC),(MCA) hop véi mit phang (ABC) cc géc bang nhau. Tinh gia tri nhé nhit cia OM.

A. @. B 2. C. V3. D. @.

3 3 3

Li gidi.

Goi H 12 hinh chiéu ctia M 1én mit phang (ABC).

a1k <o . A . A n Ty e
Gia thiet suy ra H la tam duong tron noi tiep tam giac ABC nén thoa BC - HA +AC ~I—ﬁ+AB-Iﬁ =0
Tac6 AB=3,AC =4,BC =5, suyra

s —
S-HA+4-HB+3-HC =0 <

S5x—1)+4(x—3)+3x+5=0 x=1

5y+4(y—2)+3y—4=0 < <cy=1 HayHIlaH(1;1;1).

5z+4(z—1)+3z—-8=0 z=1.

14



x=1+t1
Phuong trinh dudng thang MH nhan U = 7( Apc) lam véc-td chi phuong nén MH: ¢ y=1-2t.

z=142¢
o
» o] ). ity vae
Khi d6 OMyi, = d(O;MH) = = = .
‘Aﬁl‘ 1(1;—2;2) 3
& Chon dap dn(A) . ...\ O
A ~ o 0 ~ ~ N 2 x_l y_l Z—l
Cau 47: Trong khong gian v6i hé toa do Oxyz, cho 3 duong thang (d;) : =1 = 5
- ) 4 y—4 -1 \ )
(dy): a 1 3 y-|2— — < T (d3): S y_2 & T Mat cau ban kinh nhd nhat tam I(a;b;c),
tiép xtic véi ba dudng thang (d,), (d3), ( 3). Tinh S = a+2b + 3c.
_ A. §=10. B. S=11. C. S=12. D. S=13.

Loi giai.

. . dydyd
Nhén xét: ba duong thang (d;),(d>), (d3) d6i mot vudng goc véi nhau va cach déu nhau. 1
Dung hinh 1ap phuong sao cho (d}),(d>), (d3) chia 3 canh. Ta ¢6 canh hinh 14p phuong 1a a = 3.
Tac?:. (7 (AR T 2(7. FANY 2 2
d* (I;d3) =d° (I;(A'B'C'D')) +d* (I, (ADD'A")) = u” +v".
Cong vé theo vé ta dudc:
1 1 1 3 9
3 =4y + 2V > () + S () S ) =2 >
DAu " =" x4y ra khi va chi khi 7 12 tAm hinh 14p phuong.
Mit phang (P) qua d; va vudng géc d» c6 phuong trinh
(x—=1)+2(y—1)4+2(z—1)=0<x+2y+2z—5=0.
Mit phang (Q) qua d; va vudng géc d3 cé phuong trinh
2—1)=2(y—1)4+(z—1)=0=2x—2y+z—1=0.
x=3
x+2y4+2z—-5=0
Ta c6 C = d> N (P) nén c6 toa do 1a nghiém { , _ 3 oyl _z-2 Siy=—1
1 2 2 z=2
nén C(3;—1-2).
—2y+z—1=0 [*=*%
Tacé A" =d3N(Q) nén ¢ toa do la nghiém < 4 _y—4_z-1 S<{y=4
2 2 1 =1
nén A'(4;4;1).
( _XA/+XC_3+4_7
YT T T T
Theo trén thi / 1a trung di€ém ctia CA’ nén I ¢6 toa do < y; = A’ —21-yc - _12+4 = %
_zwtze 142 3
T T T T
ViaytoaS=a+2b+3c=11.
& Chondap dn (B) . ......'une et O



£ 1
CAu 48: Cho ham s6 f(x) c6 dao ham trén R thda (x +2)f(x) + (x+ 1) f'(x) = €* va f(0) = > Tinh

f(2). , ,
€ € € €
A f2)=-. B. f(2)=-. C. f(2)=—. D. f(2) = —.
Q) =5 f2)=¢ )= @) =<
Loi giai.
Tt
(x+2)f () + (x+ 1 f(x) =€
& S +2)f(x)+e(x+1)f(x) =e¥
& (x+1D) f)+ex+1)f (x) =e*
2 2
& [l D) )+ 1] de= [ s
0 0
2y
& (DS =5 (e 1)
0
1
& 3¢ f(2) - f(0) = 5 (e*—1)
2
€
= 2)=—.
f2)=~
& Chon dap an @ ............................................................................ U
CAu 49: Cho do thi (C) :y = f(x) = v/x. Goi (H) la hinh ¥
phang gidi han bdi (C), duong thiang x = 9, Ox. Cho diém
M thude (C), A(9;0). Goi V; 1a thé tich khéi tron xoay khi Y
quay (H) quanh Ox, V5 1a thé tich khéi tron xoay khi cho tam o .
gidc AOM quay quanh Ox. Biét V| = 2V5. Tinh dién tich S g
phan hinh phing gii han bdi (C),OM (hinh vé khong thé
hién chinh x4c diém M).
27V/3 3y/3 4
A. S=3. B 5= V3 c.s=3V3 D.S=-.
\_ 16 2 3
Loi giai.
9
' 81
Tacé Vy —7'C/ (ﬁ)zdx: o
2
0
8lr 1 2 8lz~~ , 27 27 33
=" e A== = hayM | === |.
Va=— & 3nlm) 0 1 OV = hay <4,2>
%
27V/3
Goi S 1a dién tich gidi han bsi (C),0x,(d) : x = —-. Suyra S| = / (V) dx = f.
0
1 3v3 27 273
eS=8§-—-- ===
2 2 4 16
Qe Chondap An (B) . ..ottt e e e e O

16



Ciu 50: Cho s6 phiic z théa man |z| = 1. Goi m,M 1an lugt 1a gid tri 16n nhit, gid tri nhd nhit clia
P= ‘z5+23+6z‘ — \z4+1\. Tinh M —m

A M—m=1.

B. M—m=3.

C.M—-—m=6.

D M—m=12.

Li gidi.

Ta cé ’Z|:1<:>’Zzl:1<:>ZZ+Z2ERV51—2§Z2+22§2.

Taco P =

Khi d6m=3;M =4. VayM —m = 1.
& Chon dép dn (A)

ZS+ZB+6Z‘—}Z4+1|

4, 2
z(z ++6)
z

26| - |2+

(z2+22)2+4‘ — |2 +2|
(2 +2) +4—-2|2+7
(|2 +22|—1)" +3.

17




TRUONG THPT CHUYEN PE ON KIEM TRA CUOI KY 2

THANG LONG NAM HOC 2022 — 2023
—— —x kA — — — Mon Toan
(Dé gdém 04 trang) Thoi gian lam bai: 90 phiit, khong ké thoi gian phdt dé

_>
Cau 1: Trong khong gian Oxyz, véc-to V= 2? + 5? — k cotoadola

5 1 25 1
A (—=2;-5;1). B. (1;=;—=]. C.|=;=;—= ). D. (2;5;-1).
( ) ( 2 2) (3 3 3) ( )
Cau 2: Trong khong gian Oxyz, véc-to nao sau day 1a véc-to phap tuyén ctia mit phang (P): 3x —z+1 =
0?
A T =(3;-1;1). B. 7, =(3;—1;0). C. 73=(3;0;—1). D. 4= (0;3;—1).

Cau 3: Mo-dun ctia s6 phiic w = a +2i véi a € R bing
A. |w|=vVa+2. B. |w|=+Va?—4. C. |w|=Va+4. D. |w| =d®+4.

Cau 4: Cho ham s6 f(x) = sin3x. Khang dinh nio sau diy diing?

1 1
A. /f(x)dngcos?ax—kc. B. /f(x)dx:—gcos?ax—kc.
C. /f(x)dx:3cos3x+C. D. /f(x)dx:—3cos3x+C.
x=1+5t¢
Cau 5: Trong khong gian Oxyz, cho dudng thang d: < y = 2¢ . Biém nao dudi diy khong thude dudng
7=—-3+t1
thang d?
A M(—4;-2;—4). B. N(1;0;-3). C. P(6;2;2). D. 0(51;20;7).

Cau 6: Trong khong gian Oxyz, phuong trinh mit phang di qua di€ém M (—4;2;1) va c6 véc-to phap tuyén
7w =(1;-2:2) 1a

A x—2y+2z+6=0. B. x—2y+2z+8=0. C.x—2y+2z—6=0. D. x+2y+2z—-6=0.
Cau 7: Trong khong gian Oxyz, phuong trinh mat phfmg lan lugt cat ba truc toa do Ox, Oy, Oz tai cic diém
A(2;0;0), B(0;3;0), C(0;0;4) 121

X Yy z X 'y z X 'y z
A —+=+-=0. B.— —:1. C. —+z+-=1. D -4+=+4+=-=
2+3+4 3+2+4 2+3+4 4+3+2

Cau 8: Cho s6 thuc a > 0, a # 1. Khang dinh nao dudi diy ding?
x+1
A. /axdxzaxlna+C. B. /ade:“ +C.
. x-l—l
C. /ade: “ e D. /adx——+C
loga Ina

Cau 9: Viét cong thic tinh thé tich V cta khéi tron xoay dudc tao ra khi quay hinh thang cong dudc gi6i
han bdi dd thi ham s6 y = f(x), truc Ox, hai duong thiang x = a, x = b (a < b), xung quanh truc Ox.
b b b b

A. V:nz/f(x)dx. B. V:/fz(x)dx. C. V:n'/|f(x)|dx. D. V:n/f2(x)dx

Cau 10: Trong khong gian Oxyz, khoang céch d tit diém M(—1;2;3) dén mit phang (P): 2x—6y+3z+1=
01la
4 6

6 4
A.d—§. B.d—?. Cd—49 Da’—49

Cau 11: Trong khong gian Oxyz, cho hai diém A(—1;2;4), B(—1;1;2). Tinh d dai doan thing AB.
A. AB=5. B. AB=1/5. C. AB=3. D. AB= /3.



2
Cau 12: Cho ham s6 f(x) c6 dao ham lién tuc trén doan [0;2], £(0) = 1; f(2) = 5. Tich phan /f/(x) dx.
0

A. 1. B. 4. C. 6. D. 2.
Céu 13: Cho sb phiic z = (\/5 + 3i> 2. Téng phan thuc va phan 4o ctia sb6 phic z 1a
A. V243, B. 6V2+11. C. 6v2-1. D. 11.
Cau 14: Trong khong gian Oxyz, cho tam giac ABC c6 A(1;2;3), B(2;—3;1) va C(3;1;2). Toa do trong

tam G cua tam giac ABC la

A. G(2;0;2). B. G(3;0;3). C. G(3;2;1). D. G(6;0;6).
Cau 15: Trong khong gian Oxyz, phuong trinh mit cAu tam 7(1;1;0) va di qua diém A(1;1;V/5) 1a

A x=1D2+G -1 +(z—V5)*=/5. B. (x+1)2+(y+ 1?2+ =5

C. (x—1)+(y—1124(z—V5?*=5. D. x—1)2+(—-12+2=5.

Cau 16: Trong mit phang toa do Oxy, sb phic z = (2 — 3i) — (3 + i) dugc biéu dién bdi diém nao sau
day?
A. M(—1;-4). B. N(1;—4). C. P(1;4). D. O(—1;4).

Cau 17: Trong mit phang toa d6 Oxy, cho hinh binh hanh Y
OABC ¢6 toa do di€ém A(3;1), C(—1;2) (nhu hinh vé bén).
S6 phiic nao sau diy c6 diém biéu dién 1a diém B?

A wp=-2+4+3i. B. wy =2+3i.

C. wy=4—1i. D. wy=—4+1i. < A(3;1)

C(=1;2)

O
Cau 18: Trong khong gian Oxyz, phuong trinh chinh tic ctia dudng thang qua diém E (1;2; —3) va F(3; —1;1)

la

x—1 y—2 z+3 x—=3 y+1 z—-1
A. = = . B. = = .
3 —1 1 2 -3 4
x=3 y+1 z—1 D x+1 y+2 z-3
1 2 =37 2 =3 47
) R 1
Cau 19: Cho x > 0. Tim ham sb f(x) biét riing / Fx)dr =~ +Inx+C.
X
1 1 1 1 1 1
A. = Inx+ —. B. =Inx— —. C. = +-. D. =——+-.
flx)=Inx+— flx) =Inx— - f@) =5+ fx)=—5+-

Cau 20: Goi z1, z» 1a hai nghiém phic ctia phuong trinh z2 4+ 3z +5 = 0. Tim phan thuc, phan 30 cia sb
phic w = z122 + (z1 + 22).

A. Phin thuc bang 5, phin 4o bang 3. B. Phin thuc bang 3, phin 4o bang 5.

C. Phan thuc bing —35, phan 4o bing 3. D. Phan thuc bang 5, phan 4o bang —3.

Cau 21: Trong khong gian Oxyz, cho mit phing (P): 2x+2y —z—1 =0 va mit ciu (S): x> +y? + 2% —
2x —4y+ 6z+ 5 = 0. Khang dinh nao sau diy ding?

A. (P) di qua tAm ctia mit cau (S). B. (P) cit mit cau ().

C. (P) tiép xuc v6i mit cau (). D. (P) khong cit mit cau (S).
Cau 22: Cho phuong trinh z? + mz+n = 0 véi m, n € R ¢6 mot nghiém 1a z = 1 +i. Tim mo-dun cia sb
phic w = m + ni.

A. 2V2. B. 4. C. 8. D. 16.



Cau 23: Cho ham s6 y = f(x) lién tuc trén R va c6 dd thi (C) cit truc y

Ox tai ba di€ém c6 hoanh do a, b, ¢ v6i ¢ € (a;b) nhu hinh bén. Ddt m =
c b

/ Fx)dx, n= / #(x)dx. Dién tich ctia hinh phéing giéi han bi db thi (C)

a C

va truc hoanh (phan td ddm) bang bao nhiéu? \C

a b X
A. m+n. B. —m—n. C. m—n. D. n—m. 0 \/

Cau 24: Trong khong gian Oxyz, biét mit phang (P): 3x — 2y +2z — 5 = 0 va mit phang (Q): 4x + Sy —
z+ 1 =0 cit nhau theo giao tuyén 1a dudng thiang d. Véc-to nao dudi day 1a véc-to chi phuong ctia dudng
thang d?

A V= (3;-22). B. V,=(—8;—11;23).

C. V3= (4:5-1). D. V4= (8;—11;-23).
Cau 25: Goi F(x) 1a nguyén ham cta ham s6 f(x) = 4x — 1 théa man F(0) = —1. D thi clia hai ham s6
y = f(x) vay = F(x) ¢6 bao nhiéu di€ém chung?

A. Khong co. B. 1. C. 2. D. Vb sb.
Cau 26: Trong khong gian Oxyz, cho dudng thang d: )%1 = % . _15 va mit phang (P): 3x — 3y +
2746 = 0. Trong cac khang dinh duéi day, khang dinh nao ding?

A. d cit va khong vudng goc véi (P). B. d vuong géc véi (P).

C. d song song véi (P). D. d chita trong (P).

dx. D3i bién t = /1 + Inx ta dudc két qua ndo sau day?

€
VT T Inx
Céu 27: Cho tich phin I = / vitinx
X
1

V2 V2 2 V2
A.I:/tzdt. B.I:2/t2dt. C.I:2/t2dt. D.I:2/tdt.
1 1 1

1
— —
Cau 28: Trong khong gian Oxyz, cho hai véc-to @ = (1;2;3), b = (1;m— 1;m) théa man d-b=1.Gia

tri m bang bao nhiéu?

1 5 2 2
A. . m=—. B. m=—. C m=—-. D. m=-.
m= m=3 m=—3 m=

Cau 29: Biét tap hop cac diém biéu dién sb phic z = x + yi 12 nita hinh tron tim y

0(0;0) ban kinh R = 2 (phan t6 dam, ké ca dudng gidi han) nhu hinh bén. Trong cic 12
khéng dinh sau, khiang dinh nao ding?
A x>0valz = V2 B. y>0valz|=2.
C.x>0valz] <2 D.y>0valz| <2. ol 1 |2

1
Cau 30: Tinh tich phéan [ = / (2x 4+ 1)e*dx biang phuong phdp tich phan ting phan, dit u = 2x+ 1 va
0
dv = e“dx. Két qua nao sau diy diing?
! 1 !
—/exdx. B. I=(2x+1)e" —Z/e"dx.
0 0 o %

A I=(2x+1)e"




1 1

— /ezxdx.
0

C. 1= (2x+1)ef

! 1
+2/exdx. D. I=(2x+1)e"
0
0

0
Céu 31: Cho hai s6 thuc x, y thda man x(3 +2i) +y(1 —4i) = 1+ 24i. Tinh gia tri x +y.
A x+y=4. B. x+y=3. C.x+y=2. D. x+y=-3.
2 1 2
Cau 32: Trong khong gian Oxyz, cho duong thang d : )_ZC = Ll = Z—’l_ vamat phang (P): x—2y—2z+5=
0. Tim toa d6 diém H thudc dudng thang d, biét ring khoang cich tir diém H dén mit phang (P) bang 3.
A. H(0;0;—1). B. H(-2;1;-2). C. H(2;—-1;0). D. H(4;-2;1).
Cau 33: Tinh dién tich S cta hinh phing giéi han béi do thi ham sb y = x> — 3x va truc Ox.
9 9 9 11
A S=-. B. S=-. C. S=-. D. S=—.
4 8 2 4

Cau 34: Trong khong gian Oxyz, goi H 1a hinh chiéu vudng géc ctia diém M(2;0;1) trén dudng thang

—1 -2 .
d:x :Xzz—."l‘lmtoad(f)diémH.

1 2
A. H(2;2;3). B. H(0;—-2;1). C. H(1;0;2). D. H(—1;—-4;0).

Cau 35: Trong mit phang toa do Oxy, goi M(x;y) 1a diém biéu dién sb phiic z = x +yi (x,y € R) théa min
|z+ 1 —2i| = |z|. Biét ring tap hop cic diém M 1a mdt dudng thang, tim phuong trinh dudng thang d6.
A 2x+4y+5=0. B. 2x—4y+5=0. C. 2x—4y+3=0. D. 2x—y+1=0.

1
) -5 ) 5 ,
Cau 36: Bict tich phan [ = / a 1 dx=a—1Inb véia, blacac so nguyén. Ménh dé nao sau day dung?
X
0

A. a+b=-63. B. ab= —64. C. a+b=065. D. ab = 65.
Cau 37: Trong khong gian Oxyz, cho ti dién ABCD c6 toa d6 cac dinh 1a A(0;2;0), B(2;0;0), C(0;0;2)
va D(0; —2:0). S6 do goc gitta hai dudng thang AB va CD bing

A. 30°. B. 45°. C. 60°. D. 90°.

+i

Cau 38: Phan thuc va phan 4o ctia s6 phic z = lan lugt bang
l

1_
—1 1 1 1
\@2 va \/g; . C. \@2 vaiv3+1. D.V3—-1va \/g; .

3 1
Cau 39: Cho ham sd f(x) lién tuc trén R va théa man / sinx- f(cosx)dx =4. Tinh tich phan / f(x)dx.
0

A. V3—-1vav3+1. B.

0
1 1 1 1
A /f(x)dle. B. /f(x)dx:4. C. /f(x)dx:2. D. /f(x)dx:S.
0 0 0 0
A A 2 PR 2 x—1 y+1 z _ .
Cau 40: Trong khong gian Oxyz, cho diém M(2;1;0) va dudng thang d : — =7 =7 Viét phuong
trinh dudng thang di qua diém M va song song véi dudng thang d.
Ax+2_y—|—1_z Bx—2_y—1_z
' 22_ 11_—1' ' 42_ 21_—2‘
c s _ry'_z prc_Y_Z
2 1 1 4 4 2
Cau 41: Cho sd phiic z = x+yi (x,y € R) théa man z+ 2i(Z) = 3(1 +i). Tinh gia tri ctia bi€u thic P =
4x+ Sy.
A. P=12. B. P=8. C. P=09. D. P=21.

Cau 42: Tinh thé tich V ctia khdi tron xoay tao thanh khi cho hinh phang gidi han bdi dd thi ham sb y = v/x,
dudng thang x = 4, truc Ox quay quanh truc Ox.
A. V =8m. B. V=4nr. C. V= 16m. D. V =8z



Cau 43: Cho ham sb y = f(x) > 0, Vx € [1;2] va c¢6 dao ham lién tuc trén [1;2]. Biét f(2) = 20 va

[ )
1/ dx

= In2. Tinh gia tri cda f(1).
70 W

A. f(1)=10. B. (1) =20. C. f(1)=—10. D. f(1)=0.
Cau 44: Cho tap X = {1;3;5;7;9}. C6 bao nhiéu sd phic z = x + yi c6 phan thuc, phan 4o déu thudc X va
c6 tong x+y < 10?
A. 20. B. 10. C. 15. D. 24.
Cau 45: Mot 6 to bit ddu chuyén dong véi van tde v(t) = ar® + bt v6i t tinh v

bing gidy va v tinh bing mét/gidy (m/s). Sau 10 gidy thi 6 td dat van téc cao
nhét v = 50 m/s va giit nguyén van tdc do, c6 do thi van tdc nhu hinh bén. Tinh S0F---
quing dudng s 6 to di dudc trong 20 gidy dau.

2 > >
A.s=$m. B.s:gm. C.s—80m D s=2290

0 10

) . 1 )
Cau 46: Trong khong gian Oxyz, cho bon diém A(2;0;0), B(0;3;0), C(0;0;3) va D (1; 1; —). Co tat ca
bao nhiéu mat phaalng phan biét di qua ba trong nim diém O, A, B, C, D?

A. 5. B. 6. C. 7. D. 10.
. . —1 -2 —2 —1
Cau 47: Trong khong gian Oxyz, cho bon dudng thang d : XT = )’T %, dy: * > % ¢ T ds: g
2 —4 —4 -2 . . . .
)% _ 1 vady: * ;= yT = % C6 bao nhiéu dudng thang cat ca bon duong thang da cho?
A. Khong co. B. 1.

C. 2.

D. Vo sb.

Cau 48: Xét cic sb phiic z, w thda man |z — 1 — 3i| < |z+2i| va |w+ 1+ 3i| < |w — 2i|. Tinh gia tri nhd
nhét ctia biéu thiic P = |z —w|.

3 3v26 V26 VvI13+1

A. minP = —. B. minP=——. C. minP = ——. D. minP = + .
13 13 4 2
; 4

Cau 49: Biét tich phan /

dx=+a+Vb—+/c—d (éia, b, ¢, dla cic sb nguyén
/ (x+4)/x+xVx+4 sy
duong). Tinh gidtri T =a+b+c+d.

A. T =48 B. T =46. C. T=54 D. T =52.

Cau 50: Trong khong gian Oxyz, cho hai mit cau (Sy), (S;) c6 phuong trinh Ian lugt la (x —2)% + (y —
12+ (z—1)2=16va (x—2)>+ (y—1)2+ (z—5)? = 4. Goi (P) la mit phing thay d6i tiép xic vdi ci hai
mit cAu (1), (S»). Tinh khoang céach 16n nhit ti gbc toa d6 O dén miit phang (P).

Vi
A 2T B. V15, c. 2HVIS p. 8V3+V5
2 > 2
__ HRT—



PAP AN TRAC NGHIEM
b | 2c| 3¢c| 4B| sCc| 6A| 7c | 8D | 9D | 10B
11.B | 12B | 13.C | 14A | 15D | 16A | 17.B | 18B | 19D | 20.D
21B | 22.A | 23.C | 24D | 25.C | 26A | 27.B | 28D | 29.C | 30.B
3LD | 32.C | 33.C | 34.C | 35B | 36.C | 37.C | 38B | 39.B | 40.B
41.C | 42A | 43A | 44C | 45A | 46.C | 47D | 48B | 49.c | s0.C

LOI GIAI CHI TIET

A . . [ - - A 1
Cau 1: Trong khong gian Oxyz, véc-to V=21i+ 57 — k cotoaddla

5 1 25 1
A. (=2;-5;1). B. (1,5,—5). C. (3,5,—5). D. (2;5;-1).

Loi giai.

%
Taco V=27 +57 — k = (2:5—1).
Qs Chon dAP AN (D) ...\ttt ettt O

Cau 2: Trong khong gian Oxyz, véc-to nao sau day 12 véc-to phap tuyén ctia mit phang (P): 3x—z+1=
0?
A Wi=3-151). B W2=(3-10). C W3=(30-1). D Wi=(0;3-1)

Li gidi.
Miit phing (P): 3x —z+ 1 = 0 ¢6 véc-to phap tuyén 7 = 73 = (3;0;—1).
& Chon dap an (C) . ... ..o O

Cau 3: Mo-dun ciia s6 phitc w = a + 2i véi a € R bing
A. |w|=vVa+2. B. |w|=+Va?—4. C. |w|=Va2+4. D. |w| =d*+4.

Lo gidi.
S6 phiic w = a +2i ¢6 md-dun 1a |w| = \/a? + 4.
& Chon dAp an (C) ... ..ot O

Cau 4: Cho ham s6 f(x) = sin3x. Khang dinh nao sau diy ding?
1 1
A. /f(x)dx=§cos3x+C. B. /f(x)dx:—gcos3x+C.

C. /f(x)dx:3c053x+C. D. /f(x)dx:—3cos3x+C.

Loi giai.

1
Ta co /f(x)dx = /sin3xdx = —gcos3x+C.
Q¢ ChON AP AN (B) ..o oo e 0



x=1+5t
Cau 5: Trong khong gian Oxyz, cho dudng thang d: { y =2t . biém nao duédi day khong thudc

=3+t
dudng thang d?
\_ A. M(—4;,-2;-4). B. N(1;0;-3). C. P(6;2;2). D. O(51;20;7).
Loi giai.
x=1+5¢

Thé toa do P(6;2;2) vao phuong trinh dudng thang d: { y = 2¢ ta dugc hé phuong trinh
7=-—-3+t¢t
6=1+5t t=1
2=2t & ctr=1 (vOnghiém).
2=-3+t t=-5

Véy P(6;2;2) khong thudce d.
& Chon dap an (C) ... ..o O

Cau 6: Trong khong gian Oxyz, phuong trinh mit phang di qua diém M(—4;2;1) va c6 véc-to phap
tuyén 7 = (1;-2;2) Ia
A x—2y+27+6=0. B. x—2y+2z4+8=0. C. x—2y+2z—6=0. D. x+2y+4+2z—-6=0.

Loi giai.
Miit phing qua M(—4;2;1) va c6 véc-to phép tuyén 7 = (1;—2;2) ¢6 phuong trinh la

l(x+4)—2(y—2)+2(z—1)=0
& x—2y+2z+6=0.

& Chon ddp an @ ............................................................................ U

Cau 7: Trong khong gian Oxyz, phuong trinh mét phang 1an ludt cét ba truc toa do Ox, Oy, Oz tai cac
di€ém A(2;0;0), B(0;3;0), C(0;0;4) 1a

x y 'z x 'y z Xy z Xy z
A =+=z+-=0. B. -+=-+-=1. L=+ s+-=1 D.-+=+=-=1.
2+3+4 0 3+2+4 ¢ 2+3+4 4+3+2
Li gii.
Mit phang qua ba di€ém A(2;0;0), B(0;3;0), C(0;0;4) c6 phuong trinh la
Xy z
NIRRT
2+3+4
& Chon dAp an (C) ... ..ot 0



Cau 8: Cho s6 thuc a > 0, a # 1. Khang dinh nao dudi diy ding?

ax+1
A. /axdxz *Ina+C. B. /axdxz +C.
x+1
a* a*
C. /adez +C. D. /axdxz—-i-C.
loga Ina
Lo gidi.
a)C
Tac()/axdx: —+C.
Ina
& Chon dAP an (D) ...\ttt et e O

Cau 9: Viét cong thic tinh thé tich V ctia khdi tron xoay dudgc tao ra khi quay hinh thang cong dudc gidi
han béi dd thi ham s6 y = f(x), truc Ox, hai dudng thang x = a, x = b (a < b), xung quanh truc Ox.

b b b b
A. V:nz/f(x)dx. B. V:/fz(x)dx. C. V:n/|f(x)|dx. D. V:ﬂf/fz(x)dx.

Loi giai.
b
TacoV=m /fz(x) dx.

a
& Chon dAp an (D) ...\ttt e e O

Cau 10: Trong khong gian Oxyz, khoang cich d tit diém M (—1;2;3) dén mit phang (P): 2x — 6y +3z+
1=01Ia
4 6

6 4
A d=_. B. d=-. d=—. L @ =—
d 7 d 7 C.d 49 D. d 49

Loi giai.

Ta co
2-(=1)=6-2+3-3+1
a=am,(py) =2 D023 31
V22 +(—6)2+32
_4
==
Q¢ Chon dap dn (B) ...ttt ettt O

Cau 11: Trong khong gian Oxyz, cho hai diém A(—1;2;4), B(—1;1;2). Tinh d6 dai doan thang AB.
A. AB=5. B. AB= /5. C. AB=3. D. AB= /3.

Loi giai.
TacoAB = \/(—1+ D2+(1-2)2+(2-4)2 = V5.
X ChQndépén ............................................................................ U

Cau 12: Cho ham sd f(x) c6 dao ham lién tuc trén doan [0;2], f(0) = 1; f(2) = 5. Tich phan

/zf/(x)dx.
" A1l




Lui giai.

Tacd

& Chon dap 40 (B) ...ttt e e O

) 2 . . X )
Cau 13: Cho s0 phtic z = (\/5 + 3i) . Tong phan thuc va phan ao cua so phic z la
A. V243, B. 6V2+11. C. 6V2—7. D. 11.

Loi giai.
Ta co
7= (ﬂ+3i>2 = —7+6V2i.
Vay s6 z ¢6 phan thuc bing —7 va phin 4o bing 6v/2.
T6ng phan thuc va phin 4o ctia sé phic z bing 6v/2 — 7.
& Chon dAp an (C) ... ..o O

Cau 14: Trong khong gian Oxyz, cho tam giac ABC c¢6 A(1;2;3), B(2;—3;1) vaC(3;1;2). Toa do trong
tam G cua tam giac ABC la

A. G(2;0;2). B. G(3;0;3). C. G(3;2;1). D. G(6;0;6).
Li gidi.
Taco 1+24+3 2—-3+1 3+1+2
+243 2341 3+1+
G = : : =(2:0;2).
( 3 s 3 s 3 > ( s Vs )

Vay G(2;0;2).
& Chon dap 4n(A) . ...\ O

Cau 15: Trong khong gian Oxyz, phuong trinh mit ciu tam /(1;1;0) va di qua diém A(1;1;V/5) 1a
A (x=1)2+ =12+ (z-V5?2 =5 B. (x+1)*+(y+1)*+2=5.
C. (x—1)2+(y—1)2+(z—V5)? =5. D. (x—1)>+(y—1)?>+2=5.

Li gii.
Miit ciu tam I(1;1;0) va di qua diém A(1;1;V/5) c6 ban kinh

R:IA:\/(1—1)2+(1—1)2+(\f5—0)2:f5.

Vay mit cau c6 phuong trinh
(x—1)>+(y—1)+2>=5.

Qo Chon dap AN (D) . oot e OdJ
C P

Cau 16: Trong mit phing toa dd Oxy, s6 phic z = (2 — 3i) — (3 +) dugc biéu dién béi di€m nao sau
day?
A. M(—1;-4). B. N(1;-4). C. P(1;4). D. O(—1;4).




Loi giai.
Tacd
=2-3))—(3+i)=—-1—-4i.

Vay diém biéu dién s6 phiic z 1a diém M(—1;—4).
& Chon dap dn(A) . ...\

Cau 17: Trong mit phang toa dd Oxy, cho hinh binh hanh Y
OABC c6 toa do diém A(3;1), C(—1;2) (nhu hinh vé bén).
S6 phiic nao sau diy c6 diém biéu dién 1a diém B?
A wp=—-2+3i. B. wy =2+3i.
C.wy3=4-—1. D. wy=—4+1.

C(=1;2)+

-A(31)

\_ O

Loi giai.
Do OABC la hinh binh hanh nén

Ob=0A+0C. (1)
MélO_A> (3;1) VaO? —1;2) nén tu (1) suy ra
OB=(2:3). (2)

T (2) suy ra diém B(2;3) hay diém B 1a diém biéu dién ctia s6 phiic wp = 2+ 3i.
Qe Chon dap An(B) ... ov ettt e e

F(3;—1;1) 1a

x—1 y—2 z+3 x=3 y+1 z-1

A. = = . B' = = .
33 _11 L 21 _32 43

c X _yrl_ =1 p *ri_ytz_z—5
\_ 1 2 3 D 3 4

Cau 18: Trong khong gian Oxyz, phuong trinh chinh tic ctia dudng thing qua diém E(1;2;

—3) va

Li gii.
Puong thang qua diém E(1;2;—3) va F(3;—1;1) c¢6 véc-to chi phuong

—EF = (2,-3:4).

Vay phuong trinh chinh tic ctia dudng thang EF qua F(3;—1;1) la
x=3 y+1 z-1
2 -3 4
Qs Chon dap dn (B) ...ttt et

2 A s 1
Cau 19: Cho x > 0. Tim ham s6 f(x) biét rang /f(x)dx: —+Inx+C.
x

A f(x):lnx+%. B. f(x)zlnx—é. C f)=~+L D =——1

Lui gidi.




' 1
Vl/f(x)dx +Inx+C nén

X

Qs Chon ddp dn (D) ... .'vvtt ettt e e e e e O

Cau 20: Goi z1, z» 12 hai nghiém phic cia phuong trinh z2 4 3z+ 5 = 0. Tim phan thuc, phan 4o ciia sb
phic w = 2122 + (21 + 22)i.

A. Phan thuc bing 5, phin 4o bing 3. B. Phin thuc bang 3, phan 4o bing 5.
C. Phan thyc biang —5, phan 4o bing 3. D. Phan thuc bang 5, phan 40 bang —3.

Loi giai.
Vi z1, z3 1a hai nghiém phtc cia phuong trinh 2 4+3z4+5=0néntacd

21+z=-3
2122 = 5.

w =z120+ (21 +22)i
=5-3i.

Ta co

Do d6 s6 phtic w ¢6 phan thuc bang 5, phan 4o bang —3.
Qs Chon ddp AN (D) ... .'vvt ettt e e e O

Cau 21: Trong khong gian Oxyz, cho mit phing (P): 2x+2y—z—1 =0 va mit ciu (S): x> +y> +2° —
2x — 4y + 624 5 = 0. Khang dinh nao sau diy ding?

A. (P) di qua tAm ctia mit cau (S). B. (P) cat mit cau (S).

C. (P) tiép xtc v6i mit cau (S). D. (P) khong cit mit cau (S).

Li gii.
Mit cau (S) ¢6 tam I(1;2; —3), ban kinh R = /1 +4+9 —5 = 3.

Ta co
2-14+2-2—(-3)—1|
d(1,(P)) =
(1, (P)) VATATT
8
=—-<R
3
Do d6 (P) cat mit cau (S).
Qs Chondap dn (B) ...ttt et e O

Cau 22: Cho phuong trinh Z+mz+n=0vsim, neR cémdt nghiém la z = 1 +i. Tim mo6-dun cua
s6 phic w = m + ni.
A. 2V2. B. 4. C. 8. D. 16.

Lui giai.



bit z; = 1+, phuong trinh 22 +mz+n=0cé thém mot nghiémlaz, =1—1.

Ta co
A+tn=2=-m
2122 =2=n.
Suy ra
m=-—2
=>w=m+ni=—2+2i.
n=72
Vay |w| = | —242i| =2V2.
& Chon dép an @ ............................................................................ O
Cau 23: Cho ham s6 y = f(x) lién tuc trén R va c¢6 dd thi (C) cét truc y

Ox tai ba di€ém c6 hoanh do a, b, ¢ v6i ¢ € (a;b) nhu hinh bén. Dat

c b
m= / f(x)dx, n= / f(x)dx. Dién tich ctia hinh phang gi6i han bdi dd
a C

thi (C) va truc hoanh (phan td ddm) bing bao nhiéu? 7 o ¢ 5 -
A. m+n. B. —m—n. C. m—n. D. n—m. \/
-
Loi giai.
Ta c6 dién tich phan t6 ddm biang
b
s = [1r0)ds
c b
~ [ i@l av+ [ 150/ ar
c b
— [0 [ fwax
a C
=m-—n
& Chon dAp an (C) ... ..o O

Cau 24: Trong khong gian Oxyz, biét mit phiang (P): 3x —2y+42z—5 = 0 va mit phang (Q): 4x+ 5y —
z+ 1 =0 cat nhau theo giao tuyén la dudng thang d. Véc-to nao dudi day 1a véc-to chi phuong clia dudng
thang d?
A Vi =(3-2:2). B. V)= (—8—11;23).
\_ C. V3=(45-1). D. V4= (8;—11;-23).

Loi gidi.

Miit phing (P): 3x —2y+2z—5 = 0 ¢6 véc-to phap tuyén 1a 7' p = (3;—2;2).
Mit phing (Q): 4x+ 5y —z+ 1 =0 ¢6 véc-td phap tuyén 1a 7o = (4;5;—1).
Vid = (P) N (Q) nén véc-to chi phuong ctia dudng thang d 1a

Wg=[10,7p]=(8—11;-23).

7



& Chon dap an @ ............................................................................ U

Cau 25: Goi F(x) 1a nguyén ham ctia ham s6 f(x) = 4x — 1 thda man F(0) = —1. D6 thi clia hai ham
s6 y = f(x) vay = F(x) c6 bao nhiéu diém chung?
A. Khong c6. B. 1. C. 2. D. V6 sb.

Loi giai.
Ta co .
F(x)—/f(x)dx—/(4x—1)dx—2x2—x+C.
Vi F(0) = —1 nén
2.0°-0+C=-1&C=—1.
Viy F(x) = 2x> —x— 1. S6 diém chung ctia hai dd thi y = f(x) va y = F(x) bang s nghiém ctia phuong
trinh
2% —x—1=4dx—1

& 2% —5x=0

x=0
= 5
X—E.

Vay do thi ctia hai ham s6 y = f(x) vay = F(x) ¢6 2 diém chung.
& Chon dap an (C) ... ..\ O

. 1 -5
Cau 26: Trong khong gian Oxyz, cho duong thang d : )% = 13 = 7

27+ 6 = 0. Trong cdc khang dinh duéi day, khang dinh nao ding?

va mit phang (P): 3x —3y+

A. d cit va khdng vudng géc véi (P). B. d vuong goc véi (P).
\_ C. d song song Vi (P). D. d chua trong (P).

Loi giai.
Pudng thing d c6 véc-to chi phuong W = (1;—3;—1).
Miit phing (P) ¢6 véc-to phap tuyén 7 = (3;—3;2). R6 rang,  khong ciing phucng véi 77 . (1) Taco

U7 =134(=3)-(=3)+(=1)-2=10#0.  (2)

Tir (1) va (2) suy ra d cit va khdng vudng géc véi (P).

Q Chon dadp 40 (A) ... ..o O
€
V1+1 0 1 % 4 o s A
Cau 27: Cho tich phan I = / YERE dx. Bai bien ¢t = v/ 1 + Inx ta dugc két qua nao sau day?
X
1
V2 V2 2 V2
A.I:/tzdt. B. I:2/t2dt. C.I:Z/tzdt. D.I:Z/tdt.
\_ 1 1 1 1

Li gidi.



Tacod
l+Inx=1>=1+Inx=2rdt = —

Véi
x=1=t=1,

x:e:>t:\ﬁ.
V2 V2

Vayl—/t 2tdt = 2/t dr.

N Chon QAP AN (B) .ttt

= —
Cau 28: Trong khong gian Oxyz, cho hai véc-to qd = (1;2;3), b = (1;m— 1;m) thda man d-b=1.

Gia tri m bang bao nhiéu?

1 5 2 2
A . m=—. B. m=—. .m=——. D m=—.
m 5 m > C.m 5 m 5
Loi gii.
Ta co
%
d-b=1
S 1-142-(m—1)+3-m=1
2
& 5m—1—1<:>m:§.
& Chon dAp an (D) ...\ttt
Cau 29: Biét tap hop cic diém biéu dién sd phiic z = x + yi 1a nita hinh tron tim y

0(0;0) ban kinh R = 2 (phan t6 dam, ké c4 duong gidi han) nhu hinh bén. Trong 12
cac khang dinh sau, khang dinh nao diing?
A x>0valz] = V2. B. y>0valz|=
C.x>0valz <2. D. y>0valz| <2. ol 1 2

-

Loi gidi.
Dua vao hinh vé trén ta thiy s6 phic z c6 phan thuc khong am va |z| < 2.
& Chon dAp an (C) ... ..\t



1
Cau 30: Tinh tich phan I = / (2x+ 1)e* dx biang phuong phép tich phan tiing phan, dit u = 2x+ 1 va
0
dv = e*dx. Két qua nao sau diy diing?
! | 1

A T=(2x+1)e" —/exdx. B. I=(2x+1)e" —2/exdx.
o 0 o %
1 ! 1
CI:Q%HEX+2/¥M. DI:@pHWX—/émm
\_ o 9 0 0
Loi gidi.
Dit
u=72x+1 du =2dx
=
dv=e"dx v=e'.
Khi do
1 L
I=(2x+1)e" —2/exdx.
0
0
& Chon dap dn (B) . ......'nnet et O

Cau 31: Cho hai s6 thyc x, y thda man x(3 + 2i) +y(1 —4i) = 1+ 24i. Tinh gid tri x+y.
A x+y=4. B. x+y=3. C.x+y=2. D. x+y=-3.

Loi giai.
Ta co
x(342i)+y(1—4i) =1+24i
& Bx+2xi+y—4yi=1424i

3x+y=1
2x—4y =24

x=2
=
— 5.
Vay x+y=2+(-5) = —3.
& Chon dAp an (D) ...\ttt et e e e O

Cau 32: Trong khong gian Oxyz, cho dudng thang d: % = Ll ==

5 =0. Tim toa do di€ém H thudc dudng thing d, biét rang khoang cach tir diém H dén mit phang (P)

1 2
va mat phang (P): x—2y—2z+

bing 3.
A H(0;0;—1). B. H(-2;1;-2). C. H(2;—1;0). D. H(4;-2;1).

Li gidi.
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Goi H(2t;—t;—1+1t) thudc dudng thang d.

Ta co
d(H,(P)) =3
12t —2-(—t) =2+ (=1+1)+5| .
1+4+4 B
o \2t+7]_3
=
(2t +7=9
&
2t +7=-9
[t =1
&
1= -8.
Véi ¢t = 1 ta duge H(2;—1;0) va v6i r = —8 ta dugc H(—16;8;—9).
& Chon dap an (C) ... ..\ O

Cau 33: Tinh dién tich S ciia hinh phing gi6i han bdi dd thi ham sb y = x* — 3x va truc Ox.
9 9 9 11

A S=-. B. S=-. . S=—. D S=—.
S 1 S g C.S > S )

Loi gii.
Xét phuong trinh hoanh do giao di€ém

x= 3
¥ =3x=0& |x=0
x=13.
Vay
V3 0 V3
= / X —3x|dx = / |x33x|dx+/|x33x]dx
~/3 -3 0
0 V3
= /(x3—3x)dx—/(x3—3x)dx
—v/3 0
B 32\ | X 3x2 V3
S \4 2 V3 4 2/
_?
=3
& Chon dAp an (C) ...\t O

Cau 34: Trong khong gian Oxyz, goi H 1a hinh chiéu vuong géc ctia diém M(2;0;1) trén dudng thang
—1 -2 .

d: ol = % = ZT."[“1mtc_>adcf)diémH.
A. H(2;2;3). B. H(0;—2;1). C. H(1;0;2). D. H(—1;-4;0).

Lui gidi.
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Goi H(1+1;2t;2+t) thuoc dudng thang d, véc-to chi phuong ctia d 1a 7d =(1;2;1).

Vi H 12 hinh chiéu cta diém M 1én d nén ta c6
MH-@,=0. (1)
Ma MH = (¢ — 1326 4+ 1) nén tit (1) ta ¢6 phuong trinh
1t—=1)+2-2t+1(t+1)=06r=0s1=0.

V6i t = 0 ta dudc diém H(1;0;2).
& Chon dap an (C) ... ..\ O

Cau 35: Trong mit phang toa do Oxy, goi M(x;y) la diém biéu dién sb phiic z = x+ yi (x,y € R) thoéa
man |z + 1 — 2i| = |z|. Biét rang tap hop cac di€ém M 1a mot dudng thang, tim phuong trinh duong thing
do.

A. 2x+4y+5=0. B. 2x—4y+5=0. C. 2x—4y+3=0. D. 2x—y+1=0.

Loi giai.
Ta co
lz+1-2i] = [¢]
& |x4yi+1-2i| = |[x+yi
& @+ +(-22=x2+)
& x2—|—2x—|—1+y2—4y—|—4:x2—|—y2
& x—4y+5=0.

Vay tap hop cac diém M l1a dudng thang c6 phucng trinh 2x — 4y +5 = 0.
Qe Chondap An(B) ... ovet ettt e e O

1
. -5 . R
Cau 36: Bict tich phan I = / x+ ] dx =a—1Inb v6i a, b la cic sO nguyén. Ménh dé nao sau day
X
0

dung?
A. a+b=—-63. B. ab = —64. C. a+b=065. D. ab = 65.

Lui gidi.

Tacd

1 1
/de:/1_6 dx
x+1 x+1

0 0

1

= (x—6In|x+1])

0
=1—-6In2
=1—In64.

Vay theo dé baitacéa =1, b= 64. Suy raa+b = 65.
& Chondap an (C) ... ..\ O

12



Cau 37: Trong khong gian Oxyz, cho ti dién ABCD c6 toa do cac dinh 1a A(0;2;0), B(2;0;0), C(0;0;2)
va D(0; —2;0). S6 do géc gitta hai dudng thang AB va CD bing
A. 30°. B. 45°. C. 60°. D. 90°.

Li gidi.
— —
Ta c6 AB = (2;—2;0) vaCD = (0; —2;-2).

Ma
s\ AB-CD  2.0+(=2)-(-2)+0-(=2) 1
cos <AB CD) = .
AB-CD V88 2
AR o ’ -~ . N 2 N Y o
Suy ra (AB,CD) = 60", hay goc giua hai duong thang AB va CD bang 60°.
& Chon dAp an (C) ... ..\t 0

340, .
1 Jan Iugt biing
—1

1 1 1 |
A V3—-1vav3+1. B. \/52 va‘/g;. C. ‘@2 vv3+l. D. ﬁ—lvaﬁ;.

Cau 38: Phan thuc va phan 4o ctia sb phiic z =

Lui gidi.

Ta co
V3tki_ —1+V3 1+V3,
= = l.
R 2 2
. R . . . 3—1 3+1
D6 d6 phan thuc va phan do cua so phic z 1an lugt bang \[2 va f; .
& Chon dap 4 (B) ...ttt e e O
%
Ciu 39: Cho ham s6 f(x) lién tuc trén R va théa min / sinx - f(cosx)dx = 4. Tinh tich phin
0
1
f(x)dx
0

Loi giai.
bitt = cosx = dr = —sinxdx.
Véi
x=0=r=1,

T
=—=1t=0.
T

13



A

Vay

Q¢ Chondap dn (B) ...ttt ettt O
A A e g 2 x—1 y+1 z .
Cau 40: Trong khong gian Oxyz, cho diém M(2;1;0) va dudng thang d: o e o Viét

phuong trinh dudng thang di qua di€ém M va song song véi dudng thang d.
x+2 y+1  z x—=2 y-1_z
A' = =0 =~ ¢ B. = =
2 , 1 . —1 4 . 2 . -2
E= y— b4 xX— y— Z
c oY% p =2 »1_=2
\_ 2 1 1 4 4 2

Loi giai.

Puong thing d c¢6 véc-to chi phuong 1a o = (2;1;—1).

Pudng thing qua M(2;1;0) va song song véi dudng thing d ciing nhan o = (2;1;—1) lam véc-to chi
phuong cua n6.

Vay phuong trinh dudng thang cin tim 1a

Qe Chon dap AN (B) ..ottt ettt O

Cau 41: Cho s6 phiic z = x+yi (x,y € R) thda man z+ 2i(Z) = 3(1 +i). Tinh gid tri cda biéu thiic
P =4x+5y.
A. P=12. B. P=28. C. P=09. D. P=21.

Loi giai.
Ta co
z+2i(2) =3(1+1i)
& x+yi+2i(x—yi) =3(1+1)
& x+yi+2xi+2y=34+3i

x+2y=3
2x+y=3
x=1

=
y=1.

14



Vay P=4x+5y=4-14+5-1=0.
& Chon dAp an (C) ... ..t O

Cau 42: Tinh thé tich V ctia khbi tron xoay tao thanh khi cho hinh phang gii han bdi do thi ham sb
y = 1/x, dudng thang x = 4, truc Ox quay quanh truc Ox.
A.V =8r. B. V =4n. C. V=16m. D. V =8x”.

Loi giai.
Do thi ham s6 y = v/x cit truc Ox tai hoanh do x = 0. Vay

& Chon dédp an @ ............................................................................ O

Cau 43: Cho ham s6 y = f(x) > 0, Vx € [1;2] va c6 dao ham lién tuc trén [1;2]. Biét £(2) = 20 va

2
/f/(x)
/)

A f

dx = In2. Tinh gia tri cda f(1).

(1) = 10. B. f(1)=20. C. f(1)=—10. D. f(1)=0.

Loi giai.

Ditt = f(x), Vx € [1;2]. Suy ra dt = f'(x) dx.

Véi
x=2=1=f(2) =20,
x=1=1=f(1).

Tacd

i
—
~le

I

o

F(1)
& In20—Inf(1) =1n2
< Inf(1) =In20—1n2
< Inf(l)=Inl0
< f(1)=10.
Vay f(1) = 10.
& Chon dap 4n(A) . ...\ O

Cau 44: Cho tap X = {1;3;5;7;9}. C6 bao nhiéu s6 phiic z = x + yi c¢6 phan thyc, phan a0 déu thudc X
va co tong x+y < 10?
A. 20. B. 10. C. 15. D. 24.

15



Li giai.
Xét s6 phic z = x+yi (x, y € X).

Vi s phiic z = x + yi théa man x4+ y < 10 nén ta xét cic trudng hop sau

1. (xy) € {(1:3),(1;5),(1;7),(1;9), (3;5),(3;7)}, 6 2 x 6 = 12 s6 phic thda man.

2. (x;y) € {(1;1),(3:3),(5;5)}, c6 3 s phic thda man.

Vay ¢6 12 +3 = 15 sb phtic théa man dé bai.
& Chon dap an (C)

Cau 45: Mot 6 t6 bit ddu chuyén dong v6i van toe v(¢) = ar® + bt véi ¢ tinh
bing gidy va v tinh bang mét/gidy (m/s). Sau 10 gidy thi 6 to dat vén tdc cao
nhét v = 50 m/s va gilt nguyén van téc d6, c6 do thi van téc nhu hinh bén.
Tinh quing dudng s 6 td di dudc trong 20 gidy dau.

~ 2500 2600

S =

3 m. B.s:Tm. C. s =800 m. D 2000

LS=—1

3

o

50

Lui giai.

Ham s6 v(t) = ar® 4 bt dat gid tri 16n nhét béing 50 khi # = 10 nén ta c6 hé phuong trinh

b 1
2a &
100a + 106 = 50 100a - 10b = 50

1
Do d6 v(r) = _itz + 101,

Quing dudng s 6 to di dugc trong 20 gidy dau dudc tinh bing cong thiic
10 20
s = / (—;z% 10t> dt—l—/SOdt
0 10
l‘3 , 10
= (—6 + 5t )

= +501
2500
-

20

0 10

. 2500
Vay quang duong 6 t6 di dudc trong 20 gidy dau la s = —— m.
&; Chon dép an @

a o 1 <
Céau 46: Trong khong gian Oxyz, cho bon diém A(2;0;0), B(0;3;0), C(0;0;3) vaD (1; 1; —) .Cotatca

bao nhiéu mit phang phan biét di qua ba trong nim diém O, A, B, C, D?

A. 5. B. 6. C. 7. D

. 10.
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Lui giai.

Ta c¢6 mit phiang (ABC) : g—f—%-i— % =1.

1 .
Suy ra D (1; 1; 2) thudc mat phang (ABC).
S6 mit phang qua ba trong bén diém A, B, C, D 1a 1.
S6 mit phing qua diém O va hai trong bén diém A, B, C, D1a C; =6.
Viy s6 mit phang phan biét di qua ba trong nim diém O, A, B, C, D 1a

1+6=7

& Chon dAp an (C) ... ..ot O
A A PN 2 x—1_y-2 =z x—2 vy
Cau 47: Trong khong gian Oxyz, cho bon dudng thang d;: o =57 = dy: ;=5 =
z—1 x y+2 z—4 x—4 y=-2 z _, = . p S, a1z .
— == : =—=-. h h
- , d3: 5 7] > va dy 7 I I C6 bao nhiéu duong thang cat ca bon duong
thang da cho?

\_ A. Khong c6. B. 1. C. 2. D. Vo6 sb.

Li gidi.

Ta c6 d; di qua A(1;2;0) va c6 véc-to chi phuong o'y = (1;2;—2).
Ta c6 d3 di qua B(0; —2;4) va c6 véc-td chi phuong Us = (1;—4;4).
2 —
Suy ra hai dudng thang d; va d3 song song nhau va AB = (—1;—4;4). N

Goi (&) 12 mit phang chda d; va d3, c6 véc-to phéap tuyén
—
W= [AB,71] = (0;—2;—2), chon W= (0;151).

Suy ra
(a):y+z—2=0.
Goi M 1a giao diém cla d, va (o) = M(4;2;0).
Goi N la giao diém ctia d4 va () = N(4;2;0).
Do diém M va N trung nhau nén d» va d4 cung cit nhau tai mot diém.
Suy ra c6 vo sd duong thang cit ca bdn dudng thang di cho, cic dudng thang nay di qua diém M.
& Chon dAP an (D) ...\t e et e e e O

CAu 48: Xét cac s phic z, w théa man |z — 1 —3i| < |z+2i| va |w+ 1 +3i| < |w— 2i|. Tinh gia tri nhd
nhét ctia biéu thiic P = |z —w|.

A. minP — % B. minP — %32_6. C. minP = @. D. minP = ‘/1_32+1.

Loi giai.
Goiz=x+yi (x, ye R). Tacod
z—1—3i| < |z+2i
& (=124 (-3 <2+ (y+2)°
& x4 5y > 3.

17



Suy ra tap hgp sb phic z 1a mién nghiém (E;) clia bit phuong trinh x + 5y > 3 (phan gach soc).
Goiw=a+bi(a, beR). Taco
w414 3i] < |w—2i
& (a+ 1)+ (b+3)*<d*+(b—2)
& a+5b < -3.

Suy ra tap hop s phic w 1a mién nghiém (E;) clia bat phuong trinh x + 5y < —3 (phan gach soc).

y
(E1)

Goi M, N lan luct 1a diém biéu dién ctia s& phic w, z. Suy ra M € (E;) va N € (Ey).
Ta co
P= |Z—W| =MN = minP = d(dl,dz),

trong do
di:x+5y—3=0vady: x+5y+3=0.

Chon N(3;0) € d;, suy ra

34+5.0+3]  3v26
d(dl,dz):d(N,dz):| | _ .

VI+25 13
326
Viy minP = 3
Q¢ Chondap dn (B) ...ttt et et O
; 4
Cau 49: Biét tich hén/ dx=+a+Vb—+/c—d (VSia, b, c, d1a cic sb nguyén
N J (x+4)y/x+xv/x+4 st
duong). Tinh gid tri T =a+b+c+d.
A. T =48. B. T =46. C. T =54. D. T =52.

Lui gidi.
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Ta co

4 dx
x(x+4) (Vx+44/x)

V)

x(x+4)-4

2
/ vt
(x+4 \f+x x+4

|

1

2
}dx l/ﬁd’“

I
_\N ’—\N _\l\)

x—|—4

:2\/}
1

1
—2V2-2-2vV6+2V5
=V84+120—V24—

Do do,
T=a+b+c+d=8+20+24+2=>54.

& Chon dAp an (C) ... ..ot O

Cau 50: Trong khong gian Oxyz, cho hai mit ciu (S), (S>) c6 phuong trinh 14n lugt 1a (x —2)% + (y —
D2+ (z—1)>=16va (x—2)>+ (y— 1)+ (z—5)> = 4. Goi (P) 1a mit phéng thay ddi tiép xtic véi ci
hai mit cAu (S7), (S»). Tinh khoang céch 16n nhit tl goc toa d6 O dén mit phing (P).
V15 8v3 5
LA g—\/ls. B. V15, C. 9+2 . D. %f

Li gidi.

Mit cau (S;) ¢6 thm 1(2;1;1) va ban kinh Ry = 4.

Miit cau (S5) c6 tam J(2;1;5) va ban kinh R, = 2.

Goi A, B 1an luot 12 hai tiép diém cta (S), (S2) véi mit phang (P).
Goi M 1a giao diém ctia 1J v6i mit phang (P). Ta c6

MI_IA

) MJ JB

Suy ra J 1a trung diém cta IM, do d6 M(2;1;9).

Goi véc-to phap tuyén ctia mit phing (P) 1a 7 = (a;b;c) (a® +b*+¢* > 0), khi d6 phuong trinh clia mit
phang (P) 1a

a(x—2)+b(y—1)+c(z—9) =0.
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Ta co

d(1,(P)) =4
8¢|
o 4 _y
Va2 +b?+c?
| 1

Mt khic,
_ [2a+b+9c] _|2a+b+9c| 1
IRV EY 22

Ap dung bt dang thitc Bunhiacopxki ta c6
a\? b\?
- - . 3
()] o

2a b\’

(—a+—> < (22+17)

2a b\? 2a b

<7a+;) §15<:>—\/15§7“+E§\/15. (4)

2 b
—a+z+9‘. (2)

d(0,(P))

c

C C

T (1) va(3) tacod

Tu (2) va (4) suy ra

9‘2msd<0,(P>) < 9+2“_5.

Viy khoang céch 16n nhét tir gc toa dd O dén mit phang (P) bing
& Chon dap 4n (C)
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