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Ht NAM HOC 2024 - 2025
DE SO 1
TOAN TU TAM
Ho va tén thi smh .......... T SBD.......ccccvvvuvenen.
PHAN DE

A. Cdu hoi — Tra loi tric ng

» Cau 1. Ho nguyén ham ctia ham s6 f(x)=2x+11a
A. x*+1+C. B. x*+x+C. C. x*+C. D. 2x+C.
» Cau 2. Chohamso F (x) la mot nguyén ham ciaham s6 f (x) trén R . Cac ménh dé sau, ménh

dé nao sai?

A. jf(x)dx:F(x)+C. B. (jf(x)dx) :f(x).
C. ([ £(x)dx) = f(x)+C. D. ([ f(x)dx) =F'(x).
x=1+2t
» Cau 3. Trong khong gian Oxyz, vecto chi phuong ctia duong thang d:< y =3t (t € R) la
z=1+t
A.ii=(231). B. ii=(131). C. i =(321). D. i =(2,3-1).

» Cau 4. Trong khong gian Oxyz, xac dinh tam [ va ban kinh R ctia mat cau (S)Cé phuong
trinh (x-1) +(y-4) +(z+2) =9.
A. I(44-2),R=3. B. I(-1,—4;2),R=3.
C. I(1;4,-2),R=9. D. I(-1;,-4;2),R=9.

» Cau 5. Van t&c ctia mot vat chuyén dong la v(t) =3t +5 (m/s). Quang duong vat d6 di dugc

tir gidy thir 4 dén gidy thir 10 1a

A. 669 m. B. 696 m. C. 699 m. D. 966 m.
» Cau 6. Trong khong gian Oxyz, mat phang (P) :x+y+z—-1=0 c6 mot vecto phap tuyén la
A. i, =(-L11). B. i1, =(L-L1). C. 71, =(L11). D. 7, =(L,1-1).

» Cau 7. Trong khong gian Oxyz, duong thang d di qua diém M (1;1;1) co vecto chi phuong
U= (1;2;3) c6 phuong trinh la

x=1+t x=1+3t
A.{y=1+2t(teR). B. {y=1+2t(teR).
z=1-3t z=1+t
x=1+t x=1+t
C.{y=1+3t(teR). D. jy=1+2t(teR).
z=1+2¢ z=1+3t

2
» Cau 8. Tich phan J 2xdx bang
1
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A. 3. B. 2. C. 1. D. 4.

3 3 3
» Cau 9. Cho J'f(x)dle va .[g(x)dx=4. Khi do I[f(x)+g(x)]dx bang
2 2 2

A. 5. B. 3. C. 3. D. 4.
x=1-t
» Cau 10.Trong khong gian Oxyz, duong thang d:<y =3+2t cé mot vecto chi phuong la
z=t
A. i, =(-1,2,0). B. ii, =(1,3;1). C. i, =(21). D. i, =(-121).

» Cau 11.Trong khong gian Oxyz , goc gifta hai mat phang (P) 1x+2y+z-1=0 va
(Q):—x+y+22+2=0 bang
A. 30°. B. 45°. C. 60°. D. 90°.

» Cau 12.Cho hinh phang D gi¢i han bdi dwong cong y = \/m , truc hoanh va cac dwong thang

x=0, x=1. Khdi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich V bang

A.V=2r. B.V:%T. C.V:%. D. V=2.

B. Cdu héi — Tra 1oi diing/sai (02 diém)
» Cau 13.Choham s§ y =v2-x 6 db thj (H)va duong thing y =2x—2. Khi do:
M¢énh dé Pung | Sai

Dién tich hinh phang D gi6i han boi d6 thi (H ), truc tung, truc

@ oanh 1af(\/2 -x)2 dx .

0

Dién tich hinh phéng gi6i han boi do thi (H ) , x =—1va truc hoanh la

() | 2./o

=
Thé tich khdi tron xoay tao thanh khi quay hinh phang D quanh truc
Ox la 2w (dvtt).

Gia tri % la dién tich hinh phing gi¢i han boi db thi (H)

(c)

(d)

va cac duong thang x=0,x=-1 y=2x-2.Khid6 a+b+c=11.

» Cau 14.Trong khong gian Oxyz, mot thiét bi phat song dat tai vi tri A(4 ;0; 0). Vung phu song
ctia thiét bi c6 ban kinh bang 4.

Ménh dé Dung | Sai

(a) | Diém M(4 ;2; 2) thugc vung phu séng.

Tap hop tat ca cac diém thudc vung phu séng cua thiét bi duoc gidi

b .
() han béi mit cdu ¢ phuong trinh (x - 2)2 +y*+z° =4,

Mot birc twong dwgce xay gan do c6 phuong trinh (P) 1X+y—z=6s8

()

chan séng cua thiét bi.

» TOAN TU TAM - 0901.837.432



DE
GIUA HOC KY 2 - K12

Vung nhan dwoc tin hiéu trén mat phrfmg (P) la hinh tron c6 ban
kinh bang 4.

(d)

C. Cau héi — Tra 101 ngdn (02 diém)

» Cau 15.G6c quan sat ngang ctia mot camera la 122°. Trong khong gian
Oxyz, camera duoc dat tai di€ém A(2; 3;1) va chiéu théng vé phia
mat san c6 phuwong trinh (P) :2x+2y—z+2=0. Hoi ving quan
sat dwoc trén mat san cua camera la hinh tron c6 duong kinh
bang bao nhiéu? (két qud lam tron dén hang phiin chuc).

= Dién dap so:
» Cau 16.Trong khong gian Oxyz, mat phang (Oyz) 1a mat phang ndm ngang. Mot duong 6ng
nuéc thang di qua hai diém A(-11; 2), B(2;1; 3) . Héi duong dng nude nodi trén nghiéng

bao nhiéu d6 so véi mit phang ndm ngang? (két qua lam tron dén do).

= Dién dap so:
» Cau 17.Trong he truc Oxyz cho trudc (don vi trén truc la mét), cho mot tram thu phat song 5G

c6 ban kinh vung pha séng ctia tram ¢ nguwdng 600m dwoc dat o vi tri [ (200 ;450 ;60).
Tim gid tri I6n nhat caa m (lam tron dén hang don vi) € mot nguoi dung dién thoai 6 vi
tri A(m +100;m+370; O) o thé st dung dich vu cta tram ndi trén.

= Dién dap so:
» Cau 18.Trong khong gian v6i hé toa do Oxyz, dai kiém soat khong

ltru san bay co toa do O(O; 0; 0), moi don vi trén truc tng voi

1 km. May bay bay trong pham vi cach dai kiém soat 417
km sé hién thi trén man hinh ra da. Mot may bay dang & vi
tri A(—688;—185;8), chuyén dong theo duong thang d c6

vecto chi phwong la 1 = (91; 75; O) va huéng vé dai kiém soat khong luu (Hinh ve).

Tinh khoang céch ngan nhat gitta may bay va dai kiém soat khong lwu. Két qud lam
tron dén hang don vi

= Dién dap so:

D. Cau héi - Tra 10i tu ludn (03 diém)

1 khix>1 2
_Tinh J = { f(x)d
2x-1 khix<1 T/ _Ilf(x) *

» Cau 20.Cong cua mot trai du lich sinh thai c¢6 dang parabol, 16i ra vao
cong 1a hinh chit nhat nhw hinh vé. Biét rang, 18i di hinh chit nhat A B
ABCD ¢6 kich thuéc CD =2 m, phia ngoai 16i di hinh chi* nhat
dwoc trang tri hoa van cho phu hgp. Chi phi trang tri hoa vanla 4m
240.000 dong cho mot mét vudng. Hoi s6 tién d€ trang tri hoa van
cta cdng trai du lich sinh thai 1a bao nhiéu triéu dong?

» Cau 19.Cho f(x) ={

D C

4m
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» Cau 21.Cho vat thé c6 mat day la hinh tron ¢6 ban kinh b?mg 1 (hinh vé). Khi cit vat thé boi mat
phéng vudng goc voi truc Ox tai diém c6 hoanh do x (—13 x < 1) thi duoc thiét dién 1a
mot tam gidc déu. Tinh thé'tich V' cua vat thé d6. Viét két qua lam tron dén hang phan
tram.
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KIEM TRA GIUA HOC KY I KHOI 12

W NAM HOC 2024 2025
DE SO 2
TOAN TU TAM
HO VA 181 T STNMN:cneeereeerveereeeeeesreereesseesssessssesssesssseessessssssssessssssnnes SBD......cccovuuvveeenne.
PHAN DE

A. Céu héi - Tra 10i trdc nghiém (03 diém)

» Cau 1. Tat ca cac nguyén ham cua ham sd f(x ( ) 3" 1a

3 B. 37 4+C C. 3% In3+C 3
In3 In3
» Cau 2. Chohamso F (x) la mot nguyén ham ciaham s6 f (x) trén K.Céac ménh dé sau, ménh
dé nao sai.
A. If(x)dx:P(x)+C. B. (If(x)dx) :f(x).

C. (If(x)dx) =f'(x). D. (If(x)dx) :F'(x).

» Cau 3. Trong khong gian Oxyz , cho mit phang (P) vuong goc véi duong thang
d: x;Z = % = Z+22 . Vecto nao dudi day la mot vecto phap tuyén cua (P) ?
A.ii=(-3-5-2). B.i=(31-2). C. 1=(321). D. i=(3-1;2).

» Cau 4. Phuong trinh duwong thang di qua A(l —2; O) va vudng géc véi mat phang

(P):x—2y+22+l:0 la

A Xl _y+2_z g X1l _y+2_z
1 -2 2 1 2 2

c ¥l y=2_ =z p X"l y-2_z
-1 -2 -2 1 -2 2
2

» Cau 5. Trong khong gian voi hé toa do Oxyz, mét cau (S):(x+2) +(y+3)2 +(z—5)2 =36 c6

toadod tam I la

A. 1(1,3;—5}. B. 1[ 1—E Ej. C. 1(2,-3,-—5). D. 1(—2,-—3,-5).
2" 2 2'2

» Cau 6. Trongkhong gian Oxyz, cho diém A (O; -3 2) va mat phang (P) :2x—y+3z+5=0.Mat
phang di qua A va song song véi (P) c6 phuong trinh la:

A. 2x-y+3z+9=0. B. 2x+y+3z-3=0.
C. 2x+y+3z+3=0. D. 2x-y+3z-9=0.
» Cau 7. Mat phang (a):2x—5y—z+1=0 c6 mét vecto phap tuyén la
A. ﬁ:(2-5-1). B. ﬁ:(2-5-—1). C.71=(-410;2).  D.ii=(-25-1).

» Cau 8. Cho If )dx =1 tich phan I(Zf 3x2)dx bang

A. 1. B. 0. C. 3. D. -1.

» TOAN TU TAM - 0901.837.432



DE
GIUA HOC KY 2 - K12

» Cau 9. Cho f laham s0 lién tuc trén doan [1;2]. Biét F languyénham ctia f trén doan [1;2]
2
théa man F(1)=-2 va F(2)=3.Khid6 [ f(x)dx bang
1

A. 5. B. 1. C. -1 D. 5.
» Cau 10.Trong khong gian Oxyz, cho diém M(3; 2; —1) va mit phang (P) :x+z—-2=0. Duong
thang di qua M va vudng géc voi (P) cé phuong trinh la

x=3+t x=3+t x=3+t x=3+t
A <y=2 . B. Jy=2+t. C.iy=2t . D. jy=1+2¢t.
z=-1+t z=-1 z=1-t z=—t

» Cau 11.Trong khong gian Oxyz , cosin ctia géc gifta mat phang (Oxy) va mat phang
(P):x+y+z—2:0 bang
A . B. . G O

e e N2 3

» Cau 12.Cho hinh phang D giéi han véi duong cong y =+/x? +1, truc hoanh va cdc duong thang
x=0,x=1. Khéi tron xoay tao thanh khi quay D quanh truc hoanh c¢ thé tich V bang
bao nhiéu?

A V=2 B.V:%T C.V=2r D-V=§

B. Cdu héi — Trad 10i ding/sai (02 diém)

5

» Cau 13.Cho cac d6 thi ham s0 y =g (Cl), cung tron ¢c6 phuong trinh y=v4-x*(C,) va

hinh phéang ( H ) duoc t6 mau nhu hinh vé

Yy

2

; O 2 x

Ménh dé bung | Sai

@ Hinh phéng d6 duoc gidi han béi cac d6 thj ham s8 y = gx‘?,
a

y=+4—x", truc hoanh va cac duong thang x=0,x=2.
(b) | Cac duong (Cl) va (CZ) déu di qua diém A(\/g,l)

Thé tich vat thé tron xoay duoc tao thanh khi quay hinh phang gisi

han boi d6 thi ham s6 y =+4-x*(C,) va hai dudong thing
(c)

2 2
x=0,x=2quanh truc hoanh la V :j(\/4—x2) dx
0
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Biét thé tich cua khdi tron xoay tao thanh khi quay (H) quanh truc

(d) | hoanh 1a V :(-%ﬁ%)m trong d6 a,b,c,deN’" va %% 1a cac

phén s6 t6i gian. khi d6 a+b-+c+d=46.

» Cau 14.Dat mot qua bong & goc nha, biét trén qua bong c6 mét diém cach hai bic twong 5em
va cach sannha 6c¢m. Chon hé truc toa d0 Oxyz sao cho goc nha la géc phan tuw th nhat

va san nha la mit phang Oxy . Khi d¢:

Ménh dé

Pung | Sai

(a)

M(5;5;6)

(b)

Mit phéng chita hai btic twong c6 phuong trinh Ian lwot 1a y =0 va

x=0.

(c)

Chi c6 mdt qua bong thoa man yéu cau bai toan.

(d)

Ban kinh cua qua béng thudc (5;11) (cm).

C. Cdu héi — Tra 1oi ngdn (02 diém)

» Cau 15.Néu F'(x)= L va F(1)=1 thi gié tri cua F(4) bang bao nhiéu? Lam tron két qud dén chit

s0'thdp phan thi 2.

= Dién dap so:

2x

» Cau 16.Hinh vé 1z mo6 ta mot san cau 1ong vai kich thudc theo tiéu chuan qudc té. Ta chon hé
truc Oxyz cho san d6 nhu hinh 1b (don vi trén mdi truc 1a mét). Gia stt ABla mot tru

cau 16ng d€ cang ludi. Biét toa do cta vecto AB = (4;b;¢). Khi d6 S=a—b+2c bang bao

nhiéu?

= Pién dap so6:

(Hinh 1a)

(Hinh 15)

» Cau 17.Khi dat hé toa do Oxyz vao khong gian vdi don vi trén truc tinh theo kilomét, ngwoi ta
thdy rang mot khong gian pht1 séng dién thoai c6 dang mot hinh cau (S) (tap hop nhitng
diém ndm trong va nam trén mit cAu twong tng). Biét mat cau (S) c6 phuong trinh:
x*+y? +2z° —2x—4y—6z+5=0. Khoang cich xa nhat gifra hai vliing pht séng 1a bao

nhiéu kildbmét?

= Pién dap so:
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» Cau 18.D¢€ dinh vi vé tinh, nguoi ta 1lap hé toa d6 Oxyz véi goc toa do O trung véi vi tri cta
trung tam quan sat, mat phang (Oxy) tring v6i mat dat (duoc coi la mit phang) véi
truc Ox hudng vé phia Tay, truc Oy hudng vé phia Nam, truc Oz huédng thang ding
1én troi va moi don vi trén truc tng véi 1 km. Mot vé tinh dang chuyén dong trong
khong gian dwoc dinh vi boi ba tram quan sat dat tai ba vi tri: A, B,C véi: vi tri Adadt o
trung tam quan sat, vi tri Bdat cach trung tdm quan sat vé phia Tay 50km, vi tri C dat
cach trung tam quan sat vé phia Nam 100km. Biét: tram A quan sat dugc cac vé tinh
cachnd 370km, tram B quan sat dwoc cac vé tinh cdchnoé 400 km, tram C quan sat dwoc
cac vé tinh cach né 350km. Goi toa d6 cta vé tinh la (x; v; z) .Tinh x+y+z.

= Pién dap so:

D. Cau héi — Tra 1oi tw ludan (03 diém)

x =2t
» Cau 19.Trong khong gian Oxyz cho hai duong thang d, :il =y7+1 :g, d,:qy=1 .Goiyp la
z=1-t

7 .~ . \ 9 .7 . 7 aNc ’ .7 . N 7
goc gitta hai duwong thang d, ,d,. Gia tri cosy c6 dang A Tinh gia tri biéu thic

P=b—-3a+c?

» Cau 20.Mot chiéc mdy do dac trac dia dwoc dat trén mot gia do ba chan véi diém dat S(0;0; 4)
va cac diém tiép xuc voi mat dat cta ba chan lan  lwot la
A (—2; 0; O), B (1; \/5 | O), C (1; —\/5 ; O). Biét rz‘?mg trong luc tac dung 1én chi€c mdy c6 d6 16n

—

1a 30N va duoc phan bé thanh ba luc E, E,, E, ¢6 do 16n bing nhau nhu hinh duéi.

27 73

Tinh tich v6 huéng ctia E.F, .

» Cau 21.Mot eS¢ rugu ¢6 hinh dang tron xoay va kich thudce nhw hinh vé, thiét dién doc caa cdc
(bS doc cSc thanh 2 phan bang nhau) 1a mot duong Parabol. Tinh thé tich t6i da ma cSc
6 thé chita dwgc (lam tron 2 chiv s6 thap phan).

8cm

Parabol

10cm

Hét
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KIEM TRA GIUA HOC KY I KHOI 12
o NAM HOC 2024 - 2025

PESO 3
TOAN TU TAM

HO VA 181 T STNMN:cnreereeeveeereeereeesreeseeeseesseesssesssessssessssessssssssssssesnnes SBD.........coeeuuuueen..
PHAN DE

A. Cau héi — Tra 10i trdc ng
» Cau 1. Cho ham s6 f(x) xac dinh trén K va F(x) la mot nguyén ham cua f(x) trén K.

Khang dinh nao dudi day ding?

A. f'(x)=F(x),vxeK. B. F'(x)=f(x),vxeK.
C. f’(x)=F(x)+C,VxeK. D. F(x):f(x),VxeK.
» Cau 2. Nguyén ham ctia ham sd f(x)=2x+6x la
A. [ f(x)dx=2+6"In6+C. B. [ f(x)dx=x +fi+c.
C. _[f dx g +lf:6+C. D. Jf(x)dx:2x2+6"+C.

» Cau 3. Tich phan I = [cosxdx bang

V3 V3 1 1

A —. B. ——. C. —. D. —=.
2 2 2 2

» Cau 4. Choham sé y=f (x) xac dinh va lién tuc trén doan [a; b]. Dién tich hinh phéng gidi

o‘—.m\:!

han béi d6 thi ham s6 y = f (x), truc hoanh va hai duwong théng x=a,x=b dwoc tinh

theo cong thitc
A. ”f(x)‘dx B. !‘f(x)‘dx C. If(x)dx D. If(x)dx

» Cau 5. Trong hé truc toa do Oxyz, mat phéng (P) di qua diém A(l;—l; 2) vanhan 7 = (2;1; 2)

lam véc to phap tuyén cé phuong trinh la

A. 2x+y+2z+3=0. B. x-y+2z-5=0.

C.x-y+2z+3=0. D. 2x+y+2z-5=0.
» Cau 6. Trong hé truc toa &6 Oxyz, mat phang (P) c6 phuong trinh x —y+2z-1=0 song song

véi mat phang nao trong cac mit phang sau day?

A. x+y+2z+3=0. B. 2x-2y+4z-2=0.

C. x+2y-z=0. D. x-y+2z+6=0.
» Cau 7. Cho hams8 y = f(x) lién tuc trén R va c6 do thi nhu hinh vé.

Goi S 1a dién tich hinh phang giéi han boi d6 thi ham s&

1
y=f (x), truc hoanh va hai duong thang x=-Lx=3. Ménh :
dé nao sau day dung? / :
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A. S:j:f(x)dx. B.S= jlf(x)dx
C. S:J%lf(x)dx+:[f(x)dx. D. S:J%lf(x)dx—if(x)dx.

2 2
» Cau 8. Cho ham s8 y = f(x) lién tuc trén [ ;b |. Goi D 1a hinh phang gi6i han béi do thi ham
sOy=f (x) , truc hoanh va hai duong thang x =a;x =b. Thé tich V ctia vat thé tron xoay
duoc tao ra khi cho D quay xung quanh truc Ox la
b b b b
A.V:wzj.fz(x)dx. B.V:Ifz(x)dx. C.V:wj.f(x)dx. D.V:WIfz(x)dx.
» Cau 9. Tinh dién tich phan hinh phéang (Phiin t6 ddm) trong hinh vé y e
bén. 1

A.

B.

C. = g

]
y = x—x

D. 13
» Cau 10.Cho hinh (H ) gidi han bdi cadc duwong y = x° —2x, truc hoanh. Quay hinh phéang (H )
quanh truc Ox ta duoc khdi tron xoay c6 thé tich la:
A. 25T B. 32T g Y/ p. 107
15 15 3 15
» Cau 11.Trong khong gian Oxyz, cho cac diém A(l; 2;3); B(l;l;l);C(3;4;0) . Buong théng A di

qua diém A va song song véi BC c6 phuong trinh la

A x+1:y+2:z+3. B. x—lzy—2:z—3'
2 3 -1 2 3 -1

C. x—lzy—2=z—3' D. x+1=y+2=z+3.
4 5 1 4 5 1

» Cau 12.Trong khong gian Oxyz, cho hai diém A(l;O ;—3) va B(B ;2 ,-1). Phuong trinh mat cau
duwong kinh AB la
A. X +y’+2° —4x—-2y+2z+6=0. B. x* +y* +z° +4x—2y+2z=0.
C. xX*+y*+z2°—2x—-y+z-6=0. D. x* +y* +z* —4x—2y+2z=0.

B. Cdu héi — Trad 1oi diing/sai (02 diém)

» Cau 13.Cho ham s6 y = f(x) xac dinh trén (0;+c). Biét rang f'(x)= 2x+i2.
X

Ménh dé Dung | Sai
(a) | Khi d6 f(x)=x2—1+c
X
(b) | Biét £(1)=2.Khido f(x)=x*-+1.
X
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D6 thi ham s6 y = f(x) di qua diém M(—l; 2). Khi d6

(0

jf dx———l 2.

(d) | Biét f(1)=2.Ham s8 g(x)=xf(x) c63 diém cuc tri.
» Cau 14.Trong khong gian Oxyz cho mit phang (a) :x+2y+2z-3=0.Khi do:
Ménh dé Dlng | Sai
Phuong trinh ( ﬂ) di qua M(Z ;—3 ;1) va song song voi (a) la
x+2y+2z+2=0.

(a)

Phuong trinh duong thang (A) di qua diém A(l ;=2 ;3) va vuong

(b) x=1+t
gocvéi (a) la<y=2+2t,teR.

z=3+2t

Phuong trinh mat cau tam [ (1 | ;—3) va tiép xuc voi (a) la
(x—l)2 +(y—1)2 +(z+3)2 =2.
Phuong trinh mat cau (S) : (x + 2)2 + (y —l)2 + (z +3)2 =25 cat (a) theo

giao tuyén la mot duwong tron ¢ ban kinh bang 4.

(0

(d)

C. Cdu héi — Tra 10i ngdn (02 diém)

» Cau 15.Ham s8 f(x)= c6 mdt nguyén ham la F(x) thoa F(1)=In2. Tinh F(-2). Két

1
xz(x+1)

qud lam tron dén phin chuc.

= Dién dap so:

» Cau 16.San truong ¢ mot bon hoa hinh tron c6 tam O. Mot nhom hoc sinh

16p 12 duoc giao thiét ké€ bon hoa, nhém nay dinh chia bon hoa y s, /
thanh bon phan, boi hai duong parabol ¢é cuing dinh O va d6i xting

nhau qua O. Hai dudng parabol nay cat duong tron tai bon diém A4, %

B, C, D tao thanh m¢t hinh vuong cé canh bf?mg 4m (nhu hinh vé). / s\
Phan dién tich S, S, dung d€ trong hoa, phan dién tich S,,S, dung -

dé trong cd (Dién tich 1am tron dén cht sd thap phan thit hai). Biét

kinh phi dé trong hoa la 150.000 ddong/1m’, kinh phi d€ trong c6 1a 100.000 dong/1m*.
Hoi nha treong can bao nhiéu tién dé trong bon hoa do? (S6'tién lam tron dén hang chuc
nghin).

= Dién dap so:

» Cau 17.Trong khong gian Oxyz , cho hai mat phang (P) :x+4y—-2z-6=0 ,
(Q):x—2y+4z-6=0. Mit phing («) chita giao tuyén cta (P),(Q)va cit céc truc toa
do tai cac diém A, B, C sao cho hinh chép O.ABC 1a hinh chép déu. Phuong trinh mat
phang (a) :x+my+nz+p=0.Tinh gia tri chia T =m—3n-5p

= Dién dap so:

» TOAN TU TAM - 0901.837.432
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» Cau 18.Trong khong gian Oxyz, cho mat cau (S) : (x—l)2 +(y— 2)2 +(z—3)2 =25 va M(4; 6; 3) .
QuaM ké cactia Mx, My, Mz d6i mot vuong goéc vdinhau va cAt mit cau tai cac diém
thtt hai twong tng 1a A, B, C. Biét mit phang (ABC ) ludn di qua mot diém c6 dinh
H(a;b;c). Tinh a+3b—c.

= Dién dap s0:

D. Cau héi — Tra 1o tw ludn (03 diém)
» Cau 19. Trong khong gian Oxyz, cho diém M(3;1,-2) va mét phang (P) :3x+5y—z+1=0. Viét

phuong trinh duong thang di qua M va vuong goc (P) .

4
» Cau 20.Biétrang Izb’x—+2
x
3

3 de =mIn3+nln2,véi m,n e .Giatricha m+n+ 2025 béngbaonhiéu
—-3x+

» Cau 21.Néu cit chau nuwéc ¢ hinh dang nhu hinh vé bflmg mat

: e~
phang song song va cach mat day x(cm),(O <x< 16) thi 16 cm w
mat cit 1a hinh tron c6 ban kinh (10 + \/; )(Cm) . Tinh . ch —

dung tich ctia chau. Viét két qua lam tron dén hang don
vi ctia centimét khoi.
Hét

» TOAN TU TAM - 0901.837.432



DE
GIUA HOC KY 2 - K12

(wp
TOAN TU TAM

HO 0a 1é1 thi SiNN:..neeeeeerveereeieveereeeseeeseessseeseeesseens
PHAN DE

KIEM TRA GIUA HOC KY I KHOI 12

NAM HOC 2024 2025

DE SO 4

A. Cau héi — Tra 10i trdc nghii
» Cau 1. Cho F ( ) la mot nguyén ham cua f (x) trén R . Chon khang dinh dting?
A. [ f(x)dx=F(x)+C.
C. [F(x)dx=f(x)+C.

» Cau 2. Ho nguyén ham ctia ham s6 y =sinx la:

A. —cosx+C.
» Cau 3. Ix“dx bang
1 5

A. 5 +C. B. 4x* +C.

» Cau 4. Khang dinh nao sau day sai?

A. I[ +x]dx If dx+jxdx..

C. [kf (x)dx =k f(x)dx, Vk e R..

B. —sinx+C.

B. f’(x):F(x).

D. IF(x)dx:f(x).

C. cosx+C. D. tanx+C.
C.x°+C. D. 5x° +C.

B. I[ —1}dx=_|.f dx—jldx..
D. [Kf(x)dx =k f(x)dx, vk e R,k #0.

» Cau 5. Trong khong gian v6i hé toa d6 Oxyz, cho duong thang d di qua diém M(O,' =1 4) va

nhan vecto 1 = (3; —1;5) lam vecto chi phuong. Phuong trinh tham s6 cua d 1a?

x =3t x=3
A Jy=1-t . B.<y=-1-t.
z=4+5¢ z=5+4t

x=3t x=3t
Ciy=-1-t. D.y=1-t
z=4+5t z=-4+5t

» Cau 6. Trong khong gian Oxyz, cho mat cau c¢6 phuong trinh (x—l)2 +(y+2)2 +(z—3)2 =4.

Tim toa d0 tam [ va ban kinh R cua mét cau dé.

A. 1(—1;2;—3); R=2.
C. 1(1 23) R=2.

B. I(—1;2;—3);R=4.
D. I(1,-2;3); R=4.

» Cau 7. Dién tich hinh phang gi6i han boi cac duong y=x> —2x-1y=2x-4,x=2,x=3 1a

Al B
3 3

e D.-Z.
3 3

» Cau 8. Tinh thé tich khdi tron xoay duoc tao thanh khi quay hinh phang gi6i han bdi do thi

ham s§ y =3x—x* va truc hoanh, quanh truc hoanh.

A. glﬂ (dvto). B. 815—” (dvtt). C. ﬁ (dvtt). D. 81 (dvtt).
» Cau 9. Dién tich hinh phang gi6i han boi d6 thi ham s y=x? va duong thang y=2x la:
A. 4 B. > C. 3 D. 2
3 3 2 15

» Cau 10.Thé tich ctia khdi tron xoay do hinh phang giéi han boi d6 thi cdc ham s y =—x* +3x

va y =0 khi quay quanh truc Ox bang

» TOAN TU TAM - 0901.837.432
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A2 B.2. ¢ p. 3.
10 2 2 10
» Cau 11.Cho mit phang (P) di qua A(2;—1;4), B(3;2;—1) va vudng goc véi mit phang
(Q) :x+1y+2z-3=0. Khi d6 mat phang (P) cé phrong trinh la
A. 1lx+7y—2z—-21=0. B. 1Ix+7y+2z + 21=0.
C. 1Ix-7y—-2z-21=0. D. 11x—-7y+2z+21=0.
» Cau 12.Trong khong gian Oxyz, cho hai di€ém A(l; 3; —4) va diém B(3; —1;0). Mit cau (S) co
duong kinh AB c6 phuong trinh la
A. (x+2)2 +(y+l)2 +(z—2)2 =3. B. (x—2)2 +(y—1)2 +(z+2)2 =

C. (x+2)2+(y+1)2+(z—2)2 =9. D. (x—2)2+(y—1)2+(z+2)2 =3.

B. Cdau héi — Tra 1oi diing/sai (02 diém)

. 2
» Cau 13.Biét rang I = dex = acosx+bc052x—ln(1+ Cosx)+C (a;b € R).
1+cosx
Ménh dé Puang | Sai
(a) sinxdx=d(cosx)
2
(b) Iz—j N d(cosx)
1+cosx

| I= I(cosx+1—

jd(cosx)

1+ cosx

(d) | Giatricua a+b la %

» Cau 14.Trong khong gian Oxyz, cho diém [ (1,' 2,-3) va mat phang (a) :2x+2y—z+6=0.
Ménh dé bung | Sai

@ | I2(o)
(b) | Khoang cach tir diém 1(1;2; 3) t6i mat phang (a) bang 3.

© Mt cau tdm [ (1,' 2;3) ban kinh bgmg R =5 cit mjt phéng (a) theo
C

mot duwong tron ¢6 ban kinh bang r =4.

Néu mot duong thang ndm trong méat phang (a) va cat mat cau tam
1(1;2;3) bén kinh bang R=>5theo day cung AB. Khi d6 dién tich
(d) | tam giac IAB dat duoc 16n nhat thi mat phzfmg (IAB) tao voi mat

iz

phang (a) mot goc ¢ co tangp = 5

C. Cau héi — Tra 10i ngdn (02 diém)

» Cau 15.Choham 6 y = f(x) lién tuctrén R théa man [cos 2x + 2f(x)]dx =5.Tinh i f(x)dx

|
bb"—.p\:}

ks
4

= Dién dap so:

» TOAN TU TAM - 0901.837.432
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» Cau 16.Tinh thé tich khdi tron xoay sinh ra khi quay quanh truc Ox hinh phang giéi han béi
do thi ham s8 (C):y=x°-3x va duong thang d:y=x (két qud lam tron dén hang phiin

truc).

= Dién dap s6:

» Cau 17.Trong khong gian Oxyz, cho mét cau (S):x* +y* +2° +4x—6y+m =0 (m la tham s8) va

x=4+2t
duong thang A:{y=3+t .Biét duong thang Acat mat cau (s ) tai hai diém phan biét
z=3+2t

A, B sao cho AB=8. Gia tri ciam la

= Dién dap so6:
» Cau 18.Trong khong gian Oxyz , cho mat phang (P) :x+y—-z—3=0 va hai diém
M(331),N(-3;,-3;-3). Mit cau (S) di qua M,N va ti€p xtic v6i mit phang (P) tai

diém Q. Biét rﬁng Q ludn thuéc mot dwong tron c6 dinh. Tim ban kinh dwong tron do.

= Dién dap so:

D. Cau héi - Tra 10i tw ludgn (03 diém)

» Cau 19.T‘1m:.[(x2 —3\/;)dx.

» Cau 20.Trong khong gian Oxyz, lap phuong trinh ctia mt cau (S ) biét mat cau (S ) c6 duong
kinh AB véi A(3;2;,-1) va B(-1;2;2).

» Cau 21.Trong khong gian v6i hé toa dd Oxyz, cho hai diém A(3; -2; 6),B(0;1; O) va mat cau

(S) : (x—l)2 +(y—2)2 +(z—3)2 =25. Viét phuong trinh mat phang (P) di qua A,B va
cat () theo giao tuyén la dudng tron ¢ ban kinh nho nhat.

Heét

» TOAN TU TAM - 0901.837.432
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PESO 5

TOAN TU TAM

PHAN PE

A. Cdu hoi — Tra loi tric ng

» Cau 1. Tim nguyén ham F(x)= Iwzdx .

A. F(x)=n’x+C.  B. F(x)=2mx+C. C.F(x)=%3+C. D. F(x)="

» Cau 2. Trong cac ham s6 sau, ham s6 nao c6 mot nguyén ham la ham sé F (x) = ln‘x‘ ?

1 oy
A. f(x):x. B. f(x)=; C. f(x)=? D. f(x):‘x‘.
» Cau 3. Tim nguyén ham cua ham s6 f(x)=3".
X
A. [3dx= e B. [3'dx=3"In3+C.
In3
x+1
C. [3"dx=3"+C. D. [3'dx=>—+C.
x+1
» Cau 4. Nguyén ham cta ham 6 f(x)=4x"+2x 1a:
A. %x4+%x2+C. B. 3x° +1+C.
C.x*+x*+C. D. x*+x+C.

» Cau 5. Khang dinh nao dudi day sai?

n+l

A. Ix”dx: ¥ +C,n#-1. B. Iexdx=e"+C.
n+1
\ g 17x+1
C. Icosxdx=smx+C. D. Il? dx = +C.
x+1

» Cau 6. Cho .2[[4f(x)—2x]dx:1. Khi d6 ff(x)dx béng:
1 1

Al B. 3 C.3 D. -1
» Cau 7. Cho ham s3 f(x) lién tuc trén R . Biét ham s& F(x)la mot nguyén ham ctia f(x) trén

3
R va F(1)=2,F(3)=6. Tich phan [ f(x)dx bang
1

A. 8. B. 4. C. 4. D. 2.
» Cau 8. Dién tich hinh phang gi6i han bdi @6 thi ham s8 y = x?, truc hoanh va hai duwong thang
x=0, x= 2b§mg
8 7 32

A. 8. B. —. C. —. D. —.
3 3 3

» Cau 9. Cho hinh phang (H) gidi han boi cac duong y=x"+6, y=0, x=0, x=2. Goi V la thé
tich khoi tron xoay dwoc tao thanh khi quay (H ) xung quanh truc Ox. Ménh dé nao

sau day dung?

» TOAN TU TAM - 0901.837.432
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2 2

A. V:wj(x2+6)2dx. B. V =[(x* +6)dx.
0 0

C.v=[(x*+6) dv. D. V= (x* +6)dx.
0

0
» Cau 10.Trong khong gian Oxyz, cho A(l;l;—2); B(2; 0;3); C(—2; 4;1). Mit phang di qua A va
vuodng goc voi duong thang BC ¢ phuong trinh 1a
A. 2x-2y+z+2=0. B.x+y—-2z-6=0. C. x+y—-2z+2=0. D. 2x+2y+z-2=0.
» Cau 11.Trong khong gian Oxyz, cho A(?; 6;7),B(12;13;6), mat phang (P) chita AB va song

song véi Ox co phuong trinh la
A. —y—7z+55=0 B. —y—-7z+53=0
C. —y—-7z+56=0 D. —y-7z+35=0
» Cau 12.Trong khong gian voi hé toa do Oxyz , cho diém M (3,' -1 —2) va mat phéng
( ) :3x—y+2z+4=0.Khoang cach tir diém M(B; -1 —2) dén mat phang (« ( ) bang?

513 5\15 c 514 517
. . . . T . . .

» Céau 13.Cho f(x) =2x—sinx va F(x) la mot nguyén ham cua f(x) Khi do:
Ménh dé Puang | Sai

Cho G(x)= F(x) +C, v6i C la hang s, thi G(x) la mdt nguyén ham

cua f(x)

(b) If(x)dx =x? —cosx+C, v6i C la hing sd.

(a)

«)jf m-__L

Dién tich hinh phang giéi han béi d6 thi ham s§ f (x) =2x—sinx
(d) . .
truc hoanh va hai duong thang x=-1,x=2 bang '[(Zx —sin x)dx .

-1

» Cau 14.Trong khong gian Oxyz, cho diém M(2;3;—1) , va mat phang (P) :x+2y—3z+1=0.

Ménh dé bung | Sai
Vecto phép tuyén ctia mit phang (P) :x+2y—3z+1=0la
n= (1,‘ 2; —3)

(@)

Phuong trinh mét phang (Q) qua diém M (2; 3 —1) va song song voi
b 2
) mit phing (P) 1a x+2y—3z+11=0

Phuong trinh mét phang (R) di qua M (2; 3;—1) , song song voi truc
(c)

Oy va vudng gbc véi mit phang (P) la 3x+z-5=0.

» TOAN TU TAM - 0901.837.432
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Cho mat phéng (a) di qua M(Z; 3;—1), cit cac truc Ox, Oy,Oz Ian
(d) | lwot tai 3 diém A,B,C sao cho diém M la truc tam tam giac ABC.
Phuong trinh mat phang (a) la 2x+3y+z-14=0

C. Cau héi — Tra 101 ngdn (02 diém)
» Cau 15.Nguyén ham j(7+5cot2x)dx =ax+bcot*x+C (véi a, b, ¢ la cac sO nguyén duong).

Tinh a+4b+c.

= Dién dap so:

»c:aulesChojf )dx = 4vajf )dx = 7Tmhjf

= Dién dap so:

» Cau 17.Trén mat phang toa do Oxy, vé nita duwong tron tam q
O, ban kinh =2 nam phia trén truc Ox. Goi D la
hinh phang gi¢i han béi nita dwong tron, truc Ox va
hai duong thang x=-1,x=1. Tinh thé tich kh&i tron
xoay tao thanh khi quay D quanh truc Ox. Viét két
qua lam tron dén hang don vi. : ) SR

= Dién dap so:
» Cau 18.Trong khong gian Oxyz, cho ba diém A(3;—1;2), B(2;3;3), C(—2;1;—2). Goi M(a;b;c)

la diém thudc mat phang (Oxz) sao cho biéu thttcc T= MA.MB+ MB.MC + MC.MA c6
gid tri nho nhét. Tinh ‘cﬂ‘ (Lam tron két qud déi hang phiin trim).

= Dién dap so:

D. Cau héi - Tra 101 tw ludgn (03 diém)
» Cau 19.Mot con lac 10 xo dao ddng diéu hoa theo phwong ngang trén
mat phang khong ma sat nhu hinh vé sau, cé van toc tiic thoi vi tri

can bang

l

Tinh quang dwong ma con lac 16 xo di chuyén duoc sau 2 AT ‘i A
gidy k& tir vi tri can bang theo don vi centimét. ( ) \( 0 x

cho boi v(t) =2cost, trong d6 t tinh bang gidy va v(t) tinh

bang cm/s. Tai thoi diém ¢ =0, con lac d6 6 vi tri can bang.

» Cau 20.Trong khong gian Oxyz (don vi trén moi truc toa d6 1a mét),
mot ngo6i nha nhw hinh vé dwdi day cd san nha nam trén mit
phing (Oxy). Hai mai nha Ian luot nam trén cdc mat phang
(P): 2x+y+5=0 va (Q): 2x+y—2z+17=0. Xéc dinh goc
gitta hai mat phang (P) va (Q) (lam tron dén hang phan chuc

cua d0).
»Cau21.Cho hai ham s8 f(x)=ax®+bx*+cx+1 va g(x)=dx®+ex

(a,b,c,d,ee]R). Biét rf?mg d6 thi ham s6 y:f(x) va y:g(x) cit

» TOAN TU TAM - 0901.837.432 Trang 18
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nhau tai 3 di€m c6 hoanh d¢ lan luot la —1; %; 2 (tham khao hinh vé&). Hinh phang gidi

han bdi 2 d6 thi da cho c6 dién tich béng bao nhiéu?

Hét

» TOAN TU TAM - 0901.837.432
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PHAN DE

A. Cdu hoi — Tra loi tric ng

» Cau 1.

» Cau 2.

» Cau 3.

» Cau 4.

» Cau 5.

» Cau 6.

» Cau 7.

» Cau 8.

» TOAN TU TAM - 0901.837.432

Cho ham s8 f(x)=6x°, khing dinh nao dudi day dung?

1 1
A. | f(x)dx=2x°+C. B. | f(x)dx==x°+C.
C. jf (x)dx=x"+C. D. [ f(x)dx="+C.
Ho nguyén ham cua ham s f (x):e"+2x la
A. Llex+x2+c. B. e —x*+C. C. e -2+C. D. e +x°+C.
X+
Trong cac khang dinh sau, khang dinh nao sai?
A. Idx=x+C. B. Icosxdx:sinx+C.
N ex+1 1
C. [edr=——+C. D. [Zdx=In|x+C.
x+1 X
Tim nguyén ham cua ham s6 f (x) =2025".
x+1 X
A. 2025 In2025+C. B. 2025 +C. C. 2025 +C. D. 2025 +C.
x+1 In 2025
Nguyén ham ctia ham s8 f (x):3x2+1 1a
x
A. F(x)=6x+Inx+C. B. F(x)=x*+Inx+C.
C. F(x)=3x*+In[x|+C. D. F(x)=x+In|x/+C.

2 4 4
Cho ham s8 f(x) lién tuc trén R va cd [ f(x)dx =9; [ f(x)dx=4.Tinh I = f(x)dx.
0 2 0

A. I=5. B. I=36. C.I=%. D. I=13.

Cho j.f(x)dx =2, jtg(x)dx =5 tim khang dinh sai dudi day.
1 1

4 4

A [ f(x)+g(x)]dx=7. B.j f(x)dx=4.
C. j[ g(x)]dx=3. D. j[ (x)]dx=-5.

Dién tich hinh phang gi6i han boi cac duong y =x° +1, truc hoanh va cac duong x=0,

B e

x=21a?
A. S—E B.S:E. C.S:g, D. S=4.
3 3 3
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» Cau 9. Cho haiham s8 f(x) va g(x

) lién tuc trén [a ; b] . Dién tich hinh phéng gioi han boi d6
thi ctia cdc ham 6 y = f(x), y =g(x) va cdc dudong thing x=a, x=b bing

b

[[£(x)=g(x)]ax.

a

C. j:“f(x)—g(x)‘dx. D. l}.[f(x)—g(x)]dx

» Cau 10.Trong khong gian Oxyz, cho mat phang (P) c6 phuong trinh —2x+2y—-z—-2025=0.

A. B. Zﬂf(x)+g(x)‘dx.

Mt phang (P) c6 vecto phép tuyén la

A. (4-4;2). B. (-2,2;-3). C. (~4:42). D. (0;0;,-3).

» Cau 11.Cho m4t phang (a) c6 phuong trinh 1a x+2y—1=0, vecto phap tuyén ctia mit phang
(o) 122
A. ii=(52-1). B.ii=(-1-21).  C.i=(120). D. ii=(1,-2;0).

» Cau 12.Trong khong gian Oxyz, cho mat phang ( ) x—2y+z-5=0. Diém nao dudi day
khéng thude (P)?
A. A(2-1,-5). B. B(0;0;5). C. C(5/00). D. D(1,1;6).

B. Cdu héi — Tra 1oi diing/sai (02 diém)

» Cau 13.Cho ham s6 f(x) =2x va g(x) = x* —4x . Khi dé:
Ménh dé Ping | Sai

@) j2f(x)dx=2jf

(b) ngdx (dex) I4xdx

)
(0) j fEx;

dx (x —Zx)

1

(d) | C6 tat ca 3 gia tri m>0 thoa man ﬁf(x)—Z‘dx=O
0

» Cau 14.Trong khong gian Oxyz, cho mét cau (S) : (x—l)2 +(y—2)2 +(z—3)2 =9 va mit phang
(P):2x+2y—z+24=0.
Ménh dé bung | Sai

(a) | Toa do tAm cua mit cau (S) la 1(1,2;3).

(b) | Mét phing (P) c6 mot véc to phap tuyén la 7i=(2;2;-1).

(c) | Khoang céch ttr tam ctia mdt cau (S) dén mit phang (P) bang 10.

biém M (a; b;c) thudc mat cau (S) sao cho khoang cach tt M dén

d .
@ (P) nho nhat. Khi d6 a+b+c ¢ gia tri bang 3.

C. Cau héi — Tra 10i ngdn (02 diém)

3
A e +2
» Cau 15.Biét Jx
X

» TOAN TU TAM - 0901.837.432 m

dx=a+blnc, v6i a,b,c€Z,c<9. Tinh tong S=a+b+c.
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= Dién dap so:
» Cau 16.Trong khong gian vdi hé toa do Oxyz, cho cho t& dién ABCD biét A(3; O;O),B(O; 6; 0),

C (O; 0;9), D(3; 6;9). Phwong trinh mat phéng trung tryec cua doan thé’mg CD c6 dang
ax+by+cz—-15=0 (a;b;c eZ). Tinh gid tri S=a+b+c

= Dién dap so:
» Cau 17.Mot chiéc xe chuyén dong trén doan duwong th:fmg, van tOc cua xe tai thoi diém t (tinh

bang gidy) duoc mo ta boi ham s v(t) =2t* +3(m/s). Tinh van tdc trung binh cta xe

trong khoang thoi gian tir + =0 dén ¢ =5 giay (lam tron dén hang phan muoi)?

= Dién dap so6:

» Cau 18.Mdt hoa van duoc tao ra tir mdt miéng bia méng hinh ch nhat béng cach vé hai phan
bang nhau c6 hinh dang parabol nhw hinh bén. Biét rang AB = 4(dm) ; BC= 8(dm), gia

trang tri 1(dm2) hoa van dwgc t6 dam la 60.000 dong va 1(dm2) phan trang 1a 45.000

dong, can bo ra bao nhiéu triéu dong dé trang tri 100 hoa van dé?

= Dién dap so:

D. Cau héi - Tra 10i tw ludn (03 diém)
» Cau 19.Ba chiéc may bay khong nguoi lai cung bay 1én tai mot dia diém. Sau mot thoi gian bay:

= Chiéc may bay thtt nhat ¢ vi tri A cach diém xuat phat vé phia Péng 60 (km) va vé
phia Nam 40 (km), dong thoi cach mat dat 2 (km).

= Chiéc mdy bay thit hai & vi tri B cdch diém xuat phat vé phia Bac 80 (km), vé phia
Tay 50 (km), dong thoi cach mat dat 4 (km).

= Chiéc mdy bay thit ba ¢ vi tri I nam chinh gitta cia chiéc may bay thi nhat va tht
hai, dong thoi ba chi€c méy bay nay thang hang.
Viét phuong trinh mt phang (P) di qua I va vuodng goc véi duong thang AB.

» Cau 20.Cho ham s6 f(x)=e¢* +x*. Tim ho cac nguyén ham ctia ham s8 g(x)=2f(x).

» Cau 21.Cho mot md hinh 3D md phong mot dwong ham nhw hinh vé

Biét rang duong ham md hinh c6 chiéu dai 5(cm) ; khi cit hinh nay boi mat phing
vuong gdc voi day ctia no, ta duoc thiét dién la mot parabol c6 d¢ dai day gap doi
AN VN 2 X .« A « A 2 e A i 2
chiéu cao parabol. Chiéu cao cua moi thiét dién parobol cho boi cong thircy = B—Ex
(em), v6i x (cm) 1a khoang céch tinh tit 18i vao 16n hon ctia dudng ham mé hinh.

Tinh thé tich (theo don vicm®) khdng gian bén trong duwong hdm md hinh (lam tron
két qua dén hang don vi)
Heét

» TOAN TU TAM - 0901.837.432



DE
GIUA HOC KY 2 - K12

KIEM TRA GIUA HOC KY I KHOI 12

W NAM HOC 2024 2025
| DE sO 7
TOAN TU TAM
Ho va tén thi smh .......... T SBD......ccoouvvveeennnns

A. Cau hoi — Tra loi trac nghié

» Cau 1. Tinh I:j(ex+3&)dx.
0

A. 2+e. B. 1+e. C. 1+¢%. D. 3.
» Cau 2. Trong khdng gian Oxyz, mat phang (P) :x+y+z—3=0 di qua di€m nao dudi day?
A. M(-L-L-1).  B. N(L11). C. P(-3,0;0). D. Q(0;0;-3).
» Cau 3. Trong hé toa dd Oxyz, viét phuong trinh mat phéng trung truec cta doan A(l;l; —1),
B(5;2:1)
A. 6x+3y—-27=0. B. 8x+2y+4z-27=0.
C. 8x+2y+4z+27=0. D. 4x+y+2z-3=0.

» Cau 4. Choham s6 y=f (x) lién tuc trén doan [a;b]. Goi F (x) la mdt nguyén ham cua ham
s8 f(x) trén doan [ a;b]. Khing dinh nao sau déy sai?

Ajf dx = jf dx+jf dx (a<c<b).
[f(x)—g(x)}dx:.[f(x)dx—:[g(x)dx

f(x)dx=F(a)-F(b).

B.

C.

QD — T R C——

D. jf(x)dx = —If(x)dx
a b
» Cau 5. Cho do6thihams6 y = f (x) trén doan [a; b] ,g0i S la dién tich phan gach soc. Hay chon
khang dinh ding

» TOAN TU TAM - 0901.837.432 m
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» Cau 6. Goi S 1a dién tich hinh phang gi¢i han béi cac duwong y=x*+5,y=6x, x=0,x=1.

Tinh S.
A2 B. L c. 8 D. >
3 3 3 3

x-3 y+1 z+2
-2

» Cau 7. Trong khong gian Oxyz, cho dwong thang d: . Vecto nao dudi day la

mot vecto chi phuwong cta d
A. i, =(3-1-2). B. i, =(4;2;3). C.ii,=(4-23).  D.i,=(312).

» Cau 8. Chohamso y=f (x) lién tuc trén doan [a;b] .Goi D la hinh phfmg gidi han boi d6 thi
cta ham s6 y = f(x), truc hoanh va hai duong thang x=a, x=b (u < b) . Thé tich cta

khéi tron xoay tao thanh khi quay D quanh truc hoanh duoc tinh theo cong thirc
b b
A.V:wjfz(x)dx. B. V=W2If2(x)dx.

C. V:7T2j1f(x)dx. D. V:27rj‘f2(x)dx.

» Cau 9. Khi cdt mdt vat thé béi mit phéng vudng goc vai truc Ox tai diém cé hoanh dd x,

(—2 <x< 2), mat cit 1a hinh vudng c6 d6 dai cac canh 1a \/4—x* . Thé tich cua vat thé

da cho bang
A.gw. B.%. C. gw. D.g.
3 3 3 3

» Cau 10.Cho hinh phang D gi6i han boi d6 thi ham s8 y=x+5, x=0;x=2. Thé tich khdi tron
xoay tao thanh khi quay D quanh truc Oxla

A 25T B. 28, C. 2187 D. &L,

3 3 6
» Cau11.Trong khong gian Oxyz , cho hai mat phéng (P) :2x-3y+4z+20=0 va

(Q) :4x —13y — 6z +40 =0. Ménh dé nao sau day dung?

A (P)//(Q). B. (P)=(Q). C.(P)ct(Q).  D.(P)L(Q).
x=1+3t
A A g . \ 2 X y+1 z-3
» Cau 12.Trong khong gian Oxyz, cho hai duong thang 4, :—3=T=T vad,:qy=-2-t.

- z=3—t

Khang dinh nao sau day dung?

A.d//d,. B. d, va d, chéo nhau

C.d=d,. D. d, va d, cat nhau

B. Cdu héi — Trd 1oi diing/sai (02 diém)

Ménh dé Dung | Sai

(a) | F(4)=37

(b) JS.(x2 —3x+5)dx=—
2

» TOAN TU TAM - 0901.837.432
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Dién tich hinh phang gi¢i han boi d6 thi hai ham 3 f (x) =x’-3x+5
© , g(x) = x+2 va hai duong thing x=1, x=3 bang 4.

Thé tich kh&i tron xoay tao thanh khi quay hinh phang gi6i han béi

(d) d6 thi hai ham s6 f(x) =x’-3x+5, g(x) = x+2 va hai duong thang

x =1, x=3 quanh truc Ox bang %8W.

» Cau 14.Trong khong gian voi hé toa do Oxyz, cho hai diém A(—3;l; 2), B (1; 5; —2) va mat phéng
(P) c6 phuwong trinh tong quatla 2x—4y+4z+3=0.
M¢énh dé Pung | Sai

(a) | Khoang cach tir diem A dén mat phéng (P) béng %

Goi duong thang d di qua A va vuong goc véi (P) . Phuong trinh

(b) x=-3+t
tham s8 ctia duong thang d 1a {y=1-2¢ ,(t € R)

z=2+2t

Goi (a) la mat phang di qua hai diém A, B dong thoi vudng goc véi
(c) | mat phang (P) . Mit phang (a) ¢6 phuong trinh tong quat la
Sx—4y+z+17=0.

Cho diém M [—g;O;OJ thudc mat phang (P). Goi duong thang A la

(@ | hinh chiéu ctia duong thang BM 1én (P) . Puong thang A c6 mot

vecto chi phurong 1a i, =(68;44;10)

C. Cdu héi — Tra 10i ngdn (02 diém)
» Cau 15.Tinh dién tich hinh phang gi6i han boi d6 thi ham s§ f (x)=3", truc Ox, duong thang

x=0; x=1. Lam tron két qua dén hang phin muoi.

= Dién dap so:
» Cau 16.Mot phan san treong duoc dinh vi boi cac diém A, B,C, D, nhu A 25m B

hinh vé. Budc dau ching duoc 1dy “thdng bang” dé c¢6 cting do

cao, biét ABCD la hinh thang vuong 6 A va B véi d dai 15m

AB=25m, AD=15m, BC=18m. Do yéu cau ki thuat, khi 14t

phang phan san treong phai thoat nuée vé goc san 6 C nén

nguoi ta 18y dd cao ¢ cac diém B, C, D xudng thap hon so vdi

dd cao & A 1a 10cm, a cm, 6¢cm tuwong tng. Gid tri ciia a bang bao nhiéu?

18m

D

= Dién dap so:
» Cau 17.Trong khong gian Oxyz, cho ba diém A(l;O;l), B(l;l;O) va C(3;4;—1). Phwong trinh

duong thang di qua A va song song véi BC ¢6 dang xT—l _Y_z= (m;neZ). Tinh
m

giatri S=m+n

» TOAN TU TAM - 0901.837.432
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= Dién dap so:
» Cau 18.Trong khong gian Oxyz, mot cabin cdp treo xudt phat tir diém

A(—2;1;5) va chuyén dong déu theo duong cap cod vecto chi
phuong la :(0; -2; 6) v6i téc d6 1a 4 m/s (don vi trén mdi truc

toa do 1a mét). Gia st sau 5 (s) ké tur liic xuat phat, cabin dén diém
M. Goi toa dO M(a;b;c). Tinh 2a+3b+c.

= Dién dap s0:

D. Cau héi — Tra 1o tw ludn (03 diém)

» Cau 19.Cho F(x) la mot nguyén ham cuia ham s6 f(x)=3" trén R thoa man F(O):O. Tinh
F(1).

» Cau 20.Mot cong ty quang cdo mudn lam mot biec tranh trang tri nhw phan MNEIF duoc t6
dam trong hinh vé bén dudi ¢ chinh gitta cia mot bic teong hinh cht nhat ABCD c6

BC=6m,CD=12m.

N 12m o
A B,
F N\E !
i
6m
D cV
M N
<““4m““>

Biét MN =4m; cung EIF c6 hinh parabol véi dinh I la trung di€ém cua canh ABva di
qua hai diém C,D. Kinh phi lam btic tranh la 1200000 dong/ m?. Hoi cong ty d6 can
bao nhiéu tién dé€ lam biic tranh? (két qua lam tron dén hang nghin).

» Cau 21.Trong mot tro choi md phong ban sting, mot nguoi choi dit diém ngam tai diém O la
giao diém cua AC va BD trong can phong hinh hop cht nhat ABCD.A'B'C'D' ¢6 kich
thudc AB= 50(m), AD = 35(m), AA' = 10(m). Nguoi choi ¢d nhiém vu tir diém nge“'lm da
dit ban trang mot muc tiéu di dong trén mat phang (CB’D’). Tinh khoang cdch ngan

nhat tir diém ngam d6 dén muc tiéu (lam tron dén chir so'thip phan thir 2).

Hét

» TOAN TU TAM - 0901.837.432




DE

GIUA HOC KY 2 - K12

KIEM TRA GIUA HOC KY 11 KHOI 12
Ht NAM HOC 2024 - 2025

PESO 8

TOAN TU TAM

PHAN PE

A. Cdu hoi — Tra loi tric ng

» Cau 1.

» Cau 2.

» Cau 3.

» Cau 4.

» Cau 5.

» Cau 6.

» Cau 7.

» Cau 8.

» TOAN TU TAM - 0901.837.432

Khang dinh nao sau day sai?

A. dex=c. B. jx4dx:%5+C.

C. J.%dlenx+c. D. jede:euc.

Khang dinh nao trong cac khang dinh sau ding véi moi ham f, ¢ lién tuc trén K va a
, b 1a cac s bat ky thudc K?

b 0 p bf(x .?
A. ![f(x)+2]dx=£f(x)dx+2£dx. B. ff( )dx:}

b b b b

C. I[f(x).g(x)]dxzj‘f(x)dx .Ig(x)dx. D. J.fz(x)dx=ﬁf(x)dx}2.

a a a a

Tinh j(\/Z +2%In 2)c1x .
1

A2 B. 2 c. 2 D. 2

3 3 3 3
Tinh dién tich S ctia hinh phéng gidi han boi cac duwong y = x?+4, truc hoanh, x=0,
x=1.
A. Eﬂ' B. = C. =3 D. ET(

3 3 6 6
Tinh dién tich S ctia hinh phéang gi6i han boi cac duong y=x+x;y =x;x =4 va truc
tung.
Nt B. 2 c. 18 D. 128,

3 3 3 3
Trong khong gian Oxyz, khoang cach ttr M(l; 2; —3) dén (P) :x+2y+2z-10=0 la
A3 B. 2. c.2. p. L.

3 3 3

Xét trong khong gian Oxyz, tinh thé tich ctia vat thé nam gitta hai mat phang x =-1 va
x =1 biét rdng thiét dién ctia vat thé bi cit boi mit phang vudng goc véi truc Ox tai
diém c6 hoanh d¢ x (-1<x <1) 1a mot hinh vudng canh 1a 21— .

16 167 14 147

A V=—. B.V=—. CV=—. D.V=—.
3 3 3 3

Ho nguyén ham ctia ham s8 f(x)=3x*+1 la
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A. X +C. B. %+x+C. C. 6x+C. D. ¥*+x+C.

» Cau 9. Tinh thé tich V ctia khdi tron xoay tao thanh khi quay quanh truc hoanh hinh phang
gi6éi han boi cac duong y=x*—2x, y=0, x=0 va x=1.

A v=ST, B.V='". cv=2" p. v =T,
15 8 7 8

» Cau 10.Trong khong gian Oxyz, cho mat phang (P) c6 phuong trinh —2x+2y—-z—-3=0. Mat
phang (P) c6 vecto phap tuyén la
A. (0;0;-3). B. (4,-4;2). C. (-2,2,-3). D. (-4;4;2).

» Cau 11.Trong khong gian Oxyz , cho hai diém A(Z; 4;1), B(—l;l; 3) va mat phang
(P) :x—3y+2z-5=0. Lap phuong trinh mat phing (Q) di qua hai diém A, B va
vuong goc voi mat phang (P) .
A. 2y+3z-11=0. B. 2x-3y-11=0. C. x-3y+2z-5=0. D. 3y+2z-11=0.

» Cau 12.Trong khong gian Oxyz , cho mit phang (P) :2x+4y+3z-5=0 va mat phing
(Q) :—4x—8y—6z+2=0. Vi tri trong d6i cua hai mat phéng(P) va (Q) la
A. Mit phang (P) vudng géc v6i mat phang (Q) .
B. Mt phang (P) song song v&i mit phang (Q) .
C. Mt phang (P) cat va khdng vudng véi mat phang (Q) .
D. Mt phang (P) trng v6i mat phang (Q)

B. Cau héi — Tra 1oi ding/sai (02 diém)
» Cau 13.Cho ham s6 y = f(x) =2x+3. Biét F(x) la mot nguyén ham cua f(x) trén K. Khi do:
M¢énh dé Pung | Sai

(a) | Biét F(1)=2 thi F(x)=x"+3x+2.

2 2 0
(b) | Gia tri cua jf(x)dx—jf(x)dx+'|‘f(x)dx b@fmg 42.
0 5i -1

© Dién tich hinh phang gi¢i han béi cac dwong y = f (x) , truc hoanh va
C \
x=—-2, x=1bang 6.

Thé tich khéi tron xoay thu duwoc khi quay hinh phéang gii han boi
15567

(d)

hai dudng y = f(x) va y =x°—2x+6 quanh truc Ox bing

» Cau 14.Trong khong gian véi hé toa dd Oxyz , cho mit phang (P):x—2y+3=0 va diém
A(2,1;2)

Ménh dé | Pang | Sai

(a) | Khoang cach tir diém A dén (P) b:?mg % |
5

» TOAN TU TAM - 0901.837.432 Trang 28
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Duong thing d di qua diém A va vudng gdéc véi mit phang (P) co
x=2+t
(b) . 1
phuwong trinh tham s6 1a <y =1-2¢
z=2
Mt phang (Q) qua 2 diém B(l;l;O) , C (—2;1;1) va vudng goc voi
c .
© mat phang (P) c6 phuong trinh (Q) :2x+y=0.
Duong thang d' 1a giao tuyén ctia hai mat phang (P) va (Q) co
x=-3+4t
(d) \ A TN
phuwong trinh tham s6 la {y =2t

C. Cau héi — Tra 101 ngdn (02 diém)

» Cau 15.Ban An bom nudc vao bé ca vira duoc lam sach. Goi h(t) 12 thé tich nwdc bom duoc

sau t phat. Biét h'(t) =3at’ +2bt va ban dau bé khdng cé nude. Sau 5 phut thi thé tich
nudc trong bé la 150dm°, sau 10 pht thi thé tich nudce trong bé la 1100dm*. Thé tich

clia nude trong bé sau khi bom dwoc 30 phut la bao nhiéu m®?

= Dién dap so:

» Cau 16.C4 hoi Thai Binh Dwong dén mua sinh san chung thuwong boi tir bién dén thuwong nguon
con song dé dé tring trén soi da roi chét. Khi nghién cttu mot con ca hoi sinh san nguoi

/4 A A ey 7 A? A /4 A ~ \ t2 ’ .

ta phat hién ra mot quy luat no chuyén dong trong nuwdc yén lang la s(t) T +4t,voi

t (gio) 1a khoang thoi gian tir ltic con ca bat dau chuyén dong va s (km) 1a quang duong
con ca boi trong khoang thoi gian dé. Néu tha con cé hoi vao dong nude ¢d van téc dong
nudc chay 1a 2 km/h. Tinh khoang cach xa ma con ca hoi cé thé boi nguoc dong nude
dén noi dé tring.

= Dién dap so:

» Cau 17.Trong tiét thé duc hoc vé ki thuat chuyén bong hoi, Nam 2
va An dang tap chuyén béng cho nhau, Nam ném béng cho
An d6, qua bong bay lén cao nhung lai léch sang phai cta i
Nam va roi xudng vi tri cich An 0,5m va cdch Nam 4,5m - y

-_r

dwoc mo ta bang hinh vé bén. 0 o5

Biét rang quyj dao ctia qua béng nam trong mat phang

€

(a) : ax+1y+cx+d =0 va vuong gbc véi mat dat. Khi do
2

gia tri ctia a+c+d bang (két qud lam tron dén hang phin chuc).

= Dién dap so:

» Cau 18.Tai mot nat giao thong cd 2 con dwong khac muirc. Trén thiét k€, trong khong gian Oxyz
: 2 y-2 - 1
hai con duong do thudc hai duong thang d, :x—l2 =yT =i1; d,: xl 2 =%= 23 .

» TOAN TU TAM - 0901.837.432
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Nguoi ta mudn tao mot con duong A cit d,,d, lan luot tai A va B sao cho AB nho
nhat. Tinh d¢ dai AB (két qua lam tron dén hang phin trim).

= Dién dap so:

D. Cau héi — Tra 1o tw ludn (03 diém)
» Cau 19.Cho d6 thi ham s6 y =¢* va hinh phfmg dwoc t6 mau nhw hinh ve. Tinh dién tich hinh
phang do.

-1 o] 1 &
» Cau 20.Trong thi nghiém nuoi cdy mot loai vi sinh vat, gia st f (x) la tong s6 lwgng vi sinh vat
sau x gio lam thi nghiém. Biét rang sau 3 gio dau tién thi tdng s6 lwgng vi sinh vat 1a
50 con. Trong 7 gio ti€p theo, sO lwgng vi sinh vat thay d6i voi toc df tang truong la
f '(x) = x* +8x (con/giod). Tim s& legng vi khudn sau 6 gio tinh tir Iuc bat dau lam thi
nghiém.
» Cau 21.Trén mot san khau mo phong véihé truc Oxyz, c6 hai tia sang doc theo hai duwong théing

x =5+t
c6 phuwong trinh [an luot la d: g3 _ y;Z = ZZG vad:qy=-1-4t (t’ GR). Hoi hai tia
z=20+t'

sang giao nhau tai diém co toa dd nao?

Hét

» TOAN TU TAM - 0901.837.432
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A. Cau héi — Tra 10i trdc ng

» Cau 1.

» Cau 2.

» Cau 3.

» Cau 4.

» Cau 5.

» Cau 6.

» Cau 7.

» Cau 8.

» Cau 9.

» TOAN TU TAM - 0901.837.432

Ménh dé nao sau day sai?

A. I[f(x)+g(x)]dx = jf(x)dx+jg(x)dx, v6i moi ham s& f(x), g(x) lién tuc trén R.
B. jf’(x)dx = f(x)+C v6i moi ham s& f(x) c6 dao ham trén R.

C. I[f(x)—g(x)]dx = If(x)dx—jg(x)dx, v6i moi ham s& f(x), g(x)lién tuc trén R.
D. jkf(x)dx = k'ff(x)dx v6i moi hang s6 k va véi moi ham sd f(x) lién tyc trén R
Dién tich S cta hinh phang giéi han boi duong cong y =—x* +3x” -2, truc hoanh va hai

duong thang x=0, x=2 la

A.S=§. B.Szg. C,S:Z, D. 5=4.
2 2 2
J.xzozsdx bang
A. 202655 4+C.  B.x®®iC. C. 2026x™*+C.  D. —20126 K, C

Trong khong gian Oxyz mat phang di qua diém A(l; 2;3) va song song v6i mit phang
(Q) :2x+3y—4z—-5=0 co phuong trinh la

A. 2x+3y+4z-14=0. B. 2x-3y—-4z+6=0.

C. 2x+3y—4z-4=0. D. 2x+3y—4z+4=0.

Ho tat ca nguyén ham ctia ham s6 f(x) = 2026x" +¢* la

A. 2026x* +e*+C. B. x**+e* +C. C. 2026x+e*+C. D. x* +e"+C.

Mot chat diém chuyén dong thang véi quang duong bién thién theo thoi gian bdi quy
luat s(t) = %ts —4¢* +16t(m) , trong d6 t(s) 1a khoang thoi gian tinh tir ltic bat dau chuyén

dong. Van tdc ctia chat diém d6 dat gid tri bé nhat khi t bang bao nhiéu?

A. 6(s). B. 4(s). C. 0(s). D. 2(s).

Trong khong gian Oxyz, cho duong thang d: x1_ 2;‘1/ =2 +1. Véc-to nao sau day la
véc-to chi phuwong ctia duong thang d?

A.i=(232). B. i =(11;3). C.i=(-2-3-2). D.i=(2-32).

2 2
Cho If(x)dx = 2026, tich phan I(Zf(x)—3x2)dx bang
0 0

A. 8096. B. 8112. C. 4060. D. 4044.
Trong cac khang dinh sau, khang dinh nao sai?
a+l
A. [odx=cC. B. jldx=1n|x|+c. C. [x'dx="—+C. D. [dx=x+C.
b a+l
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» Cau 10.Trong khéng gian Oxyz cho A(2;0;0),B(0;4;0),C(0;0;6),D(2;4;6). Goi (P) la mat
phang song song voi mp(ABC ), (P) cach déu D va mit phing (ABC ) Phuong trinh

cua (P) la
A. 6x+3y+2z-24=0. B. 6x+3y+2z-12=0.
C. 6x+3y+2z=0. D. 6x+3y+2z—-36=0.

» Cau 11.Cho f(x) la ham s6 lién tuc trén doan [a;b] va ¢ €[a;b]. Tim ménh dé dang trong cac

ménh dé sau.

A. j:f(x)dx + j:f(x)dx = j:f(x)dx . B. if(x)dx +;ff(x)dx = jf(x)dx .
C. _i.f(x)dx—;[f(x)dx = .Ef(x)dx. D. z.f(x)dx+:|.f(x)dx = j!if(x)dx .

» Cau 12.Trong khong gian Oxyz, cho mat phang (P) :x+2y—3z+6=0. Véc-to nao sau day la
véc-to phap tuyén ciia mat phang (P) ?
A.ii=(-1,2-3).  B.i=(1-23). C.7i=(-5-2-3). D.ii=(2-3).

B. Cdau héi — Tra 1oi diing/sai (02 diém)

» Cau 13.Tai mot khu di tich vao ngay 18 hoi hang nam, t6c d6 thay d6i lwong khach tham quan
dugc biéu dién bang ham s6 Q'(#) =4t —72¢* + 288t , trong do t tinh bang gio (0<t <13
) Q’(t) tinh bang khach/gio (Nguon: R. Larson and B. Edwards, Calculus 10e, Cengage).
Sau 2 gio da c6 500 nguoi c6 mat. Khi dé:

Ménh dé Pung | Sai

Lwong khach tham quan dwgc biéu dién béi ham sd
Q(t)=t*-24 +144¢.

(b) | Sau 5 gio luong khach tham quan la 1325 ngwoi.

(c) | Lwong khach tham quan 16n nhat la 1296 nguoi.

(d) | T8c do thay dodi luong khach tham quan 16n nhat tai thoi diém =6.
» Cau 14.Trong khong gian Oxyz, goi (a) :ax+by+cz—-60=0 (a, b,ce ]R) la mat phang thay doi

(a)

thdéa man luon di qua diém M(Z; 4;5) va cat ba tia Ox, Oy,Oz tuong tng tai ba diém
A, B, C khac O. Khi do:

Ménh dé bung | Sai
(@ | 2a+4b+5c-60=0
(b) A(@;O;Oj voi a<0
a
(c) B(O;%;OJ voi b<0
(d) | Thé tich ctia khoi tit dién OABC1a V = 36 200 )
abc

» TOAN TU TAM - 0901.837.432
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C. Cau héi — Tra 101 ngdn (02 diém)
» Cau 15.Cho ham s6 f(x)=x"+4x. Biét If(x)dx =ax® +bx* +C. Trong d6 a,b e R. Tinh 3a+b?

= Dién dap so:

3
e +2 .. , o
» CAu 16.Biét Ix—dx=a+b1nc, voi a,b,ceZ,c<9. Tinh tong S=a+b+c.
X
1

= Dién dap so:
» Cau 17.Trong khong gian Oxyz, cho 2 diém A(l;l; -2), B (—1;1; —m) va hai vecto i =(2;1; —3),

U= (3; 2; —1). Mit phang (P) c6 cap vecto chi phuwong la ;7. Khi AB song song véi (P)

thi gia tri cia m bang?

= Dién dap so:
» Cau 18.Mdt 6 to bit dau chuyén dong nhanh dan déu véi van téc o, (t) =2t (m/s) . bi duoc 12

gidy, nguoi lai xe gap chudng ngai vat va phanh gdp, 0 t0 ti€p tuc chuyén dong cham
dan déu vdi gia toc a = —12(m/sz). Tinh quang duong s(m) di duoc ctia 6t6 tir ltic bat

dau chuyén dong dén khi dirng han?

= Dién dap so:

D. Cau héi - Tra 10i tw ludgn (03 diém)
» Cau 19.Mot vat chuyén dong véi van toc v(t) =3-sint (m/s). Tinh quang duong vat di chuyén

trong khoang thoi gian tir thoi diém =0 dén thoi diém ¢ = % :

x—-2 y-1 z+1
-1 2

» Cau 20.Trong khong gian Oxyz, cho diém A(O; 2; —4) va duong thang d:

Tim toa d¢ hinh chiéu H ctia A xudéng d .

» Cau 21. Mot nguoi dang 1ai 6 t6 véi van tdc 72km/h thi gap chudng ngai vat, nguoi d6 dap
phanh va & t6 bat dau chuyén dong cham dan déu véi van tc cho bdi phuong trinh
v(t) =a+Dbt m/s, trong d6 a va bla cic hang s§ va t >0 la khoang thoi gian tinh tir lac
nguoi d6 bat dau dap phanh. Biét quang duong 6 td di duoc ti ldc dap phanh cho dén
ltc ding lai la 40m. Tinh thoi gian 6 t6 chuyén dong tir liic nguroi d6 dap phanh dén
khi 6 t6 dtrng han.

Hét

» TOAN TU TAM - 0901.837.432
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PHAN DE

A. Cau héi — Tra 1oi trdc nghiém (03 diém)
» Cau 1. Cho k1a mét sd thuc khac 0, ménh dé nao sau day la sai ?

A. jkf dx = kjf (x)dx.
B. I[ ]dxzjf dxijg(x)dx
C. I[ ]dx—jf dx.jg(x)dx

D [f/(x)dx=f(x)+C
» Cau 2. Cho y_F( ) la mot nguyén ham cua ham s6 y=f(x)=x2 +x . Gia tri F'(Z) bang bao

nhiéu?
A.5. B. 6. C. 4. D. 3.
» Cau 3. Trong khong gian Oxyz, cho mat phang (P) :3z= 2(x+ y). Véc-to nao sau day la véc-

to phap tuyén ctia mat phang (P) ?

A. ii=(-1-2;3). B. ii=(12;2). C. 71=(223). D. 7i=(2;2;,-3).
» Cau 4. Trong cac ménh dé sau, ménh dé nao dung?
A. J.ldx=1nx+C. B. Idx=x+C.
x
C. Ia"dx=a".lna+C (a>0,a=1). D. Isinxdx:cosx+C.
» Cau 5. Trong khong gian véi hé toa dd Oxyz, mat phang (P) :2x—y+z—-6=0 cb véc to phap
tuyén la
A. ii=(-116). B. ii=(2,-11). C. ii=(2,11). D. ii=(2;1,6).

» Cau 6. Ho tat ca nguyén ham ctia ham so f (x) =e¢" la

x-1 x+1

+C. B. ¢ +C. C.
x—-1 x+1

» Cau 7. Chohams6 f (x) =sinx—x+1. Khang dinh nao duéi day dang?

e

A. +C. D. e +C.

2
A. '[f(x)dx:—cosx—%+x+C. B. If(x)dx=cosx—1+C.
C. [f(x)d X xC D. [ f(x)d < .c.
. = -—+x+C. =— -+
_[f x)dx = cosx 5 x If X =—COSX 5
» Cau 8. Tinh tich phan I = I
x+1
7 1
A.I:§ B.I=In2. C.IZEIOgZ D. I =In5.

»Cau 9. Trong khong gian Oxyz , cho hinh lang tru ABC.A'B'C' véi
A'(3,2;-5), A(31;,-1),B(2-1,4) va C(0;2;1). Phuong trinh ctia mit phing (A'B'C’) la

» TOAN TU TAM - 0901.837.432 m
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A. 9x-13y+7z+34=0. B. 9x-13y+7z-7=0
C. 9x+13y+7z-18=0. D. 9x+13y +7z-33=0.

» Cau 10.Néu j[4f(x) +3x2]dx =T7thi jf(x)dx bang
A.5.0 B. —6.0 C. -5. D. 3.

» Cau 11.Trong khong gian Oxyz, cho m4t phang (P) : 2x+y—3z+1=0. Mt phang nao sau day
vuodng goc véi mit phang (P) ?
A. 2x+5y+3z-9=0. B. 2x+y—-3z-7=0.
C. 2x+y-z-5=0. D. x-2y-z-6=0.

» Cau 12.Cho d6 thi ham s6 y = f (x) nhu hinh vé. Biét rang F (x) la mot nguyén ham ctia ham
sOy=f (x) trén R . Khi d6 dién tich S ctia hinh phéng dugc gidi han boi d6 thi ham so
y=f (x) va truc Ox (phan gach soc) bang gié tri nao sau day? »4 |

y=s
A. S=|F(3)-F(-3). 1 2
B. S=F(3)~F(3). Al b
C. §=2F(1)~F(3)-F(-3). [oep e e
D. S=F(3)+F(-3)—2F(1).
B. Ciau hoi — Tra 1oi diing
» Cau 13.Cho ham s6 y = f(x) lién tuc trén R, d6 thi ham s8 (C):y = f'(x) trén doan [—3; 6] la
duong gap khic nhu hinh vé. Khi do:

M¢énh dé Pung | Sai

-1

(a) If’(x)dx=—2

-3

(b) If'(x)dx%

© | f(2)-£(6)=4

@ | f(5)+f(-3)-2f(2)=2
» Cau 14.Trong khong gian Oxyz, cho ba diém A(Z;l; 3), B(3; 0,'2), C(O; —2;1). Khi do:
Ménh dé Dung | Sai
(a) | Cac diém A, B,C khong thang hang.
(b) | Mt phang (ABC) c6 mét vecto phap tuyénla =(1;4;5).

» TOAN TU TAM - 0901.837.432 m
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(©) ‘ Mit phang (ABC) chira diém M (1; 2;2). ‘ ‘

@ Mit phang (P) diqua A, B vacach C mot khoang lén nhat c6 phuong

trinh 3x+2y+z-11=0.

C. Cau héi — Tra 101 ngdn (02 diém)
» Cau 15.Cho ham s8 f(x)=3x"+2x. Biét rang ham s6 f (x) c6 mot nguyén ham la ham s6

F(x)=ax®+bx* +c. Tinh gia tri ctia bi€u thirc T =a” +b?

= Dién dap so:

10
» Cau 16.Cho ham s0 f(x) lién tuc trén doan [0;10] va _[f(x)dx=7 va Jqf(x)dx:& Tinh
0 2

P

Il
O ey N

f(x)dx+lff(x)dx.

= DPién dap so:

» Cau 17.Trong khong gian Oxyz, cho ba diém A(1;4;5), B(3;4; O),C (2; —1;0) va mat phéng
(P) :3x+3y—2z-29=0 . Goi M(a; b;c) la diém thudc (P) sao cho biéu thic
T = MA? + MB? +3MC? dat gia tri nho nhat. Tinh tong a+b+c.

= Dién dap so:

» Cau 18.Gia dinh 6ng An xay mot cai choi hinh luc giac, trong do
mai choi (H ) c6 dang hinh “chdp luc gidc cong déu” c6 tran
bfang gS nhu hinh vé. Dy cta (H ) la mot hinh luc giac déu
c6 do dai duong chéo di qua tam la 6m. Chiéu cao SO =6m
(S0 vudng gbc véi mit phang ddy). Cac canh bén ctia (H )
1a cac soi day thép c;c,;c,;c,;¢ ¢, nam trén cac duong
parabol c6 truc ddi xing song song véi SO. Gia st giao
tuyén (néu cd) ctia (H) voi mit phang (a) vudng gbc voi

SO la mét luc giac déu va khi (a) khi qua trung diém cta
SO thi luc gidc déu c6 canh 1m. Tinh th€ tich phan khong
gian nam bén trong mai choi (H ) d6. Don vi tinh m?, két qud lam tron dén hang phin muoi.

= Dién dap so:

D. Cau héi — Tra 1o tw ludn (03 diém)
» Cau 19.Mot 6 to dang chay vdi van t6c 36km/h thi tang t6c chuyén ddong nhanh dan véi gia tdc

a(t) = 1+%(m/sz) . Tinh van t&c cia 6 t6 sau 6 gidy ké tir khi 6 t6 bat dau ting toc.
» Cau 20.Trong khong gian Oxyz, cho tam giac ABC vé6i A(1;0;0), B(0;0;1) va C(2;1;1). Tim

tam duong tron ngoai ti€p tam gidc ABC.
» Cau 21.Cho ham s6 bacba y = f (x) c6 do6 thi la duwong cong trong hinh bén dwéi:

» TOAN TU TAM - 0901.837.432
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N3

Q
—=
a &
<
8

™)

Biét ham s3 f(x) dat cuc tri tai cac diém x,, x, sao cho x, =x,+2 va f"(2)=0. Goi §,

va S, la dién tich hai hinh phang duoc gach trong hinh bén. Tinh ti s& 2—1 .

2

Hét

» TOAN TU TAM - 0901.837.432
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PESO 1

PHAN LOI GIAI CHI TIET

A. Céu héi — Trd 10i trdc nghiém (03 diém)

» Cau 1. Ho nguyén ham ctia ham s6 f(x) =2x+11la
A. x> +1+C. B. x*+x+C. C. x*+C. D. 2x+C.
= Loi gidi
Chon B
» Cau 2. Chohamso F (x) la mot nguyén ham cuiahamsd f (x) trén R .Cac ménh dé sau, ménh

dé nao sai?

A.If(x)dx=F(x)+C. B. (If(x)dx) =f(x).
C. (If(x)dx) =f(x)+C. D. (If(x)dx) =F’(x).
= Loi gidi
Chon C
x=1+2t
» Cau 3. Trong khong gian Oxyz, vecto chi phuong ctia dwong thang d:{ y =3t (t € ]R) la
z=1+t
A.i=(231). B. i =(1;3;1). C. i=(321). D. i =(2;3;-1).
w Loi gidi
Chon A
x=1+2t

Vecto chi phuwong cta dwong thang d:{ y =3t (t € R) la 1= (2;3;1).
z=1+t

» Cau 4. Trong khong gian Oxyz, xac dinh tam I va ban kinh R ctia mat cau (S) c6 phuong

trinh (x—l)2 +(y—4)2 +(z+2)2 =9.

A. 1(1;4;—2),R =3. B. I(—l;—4;2),R =3.

C. 1(1;4;—2),R=9. D. 1(—1;—4;2),R=9.
= Loi gidi

Chon A

Mt cau (S)c6 phuong trinh (x—1)" +(y—4) +(2+2) =9 ¢6 tim I va ban kinh R 1
I(1;4-2),R=3.
» Cau 5. Van t6c cia mot vat chuyén dong la v(t) =3t*+5 (m/s) . Quang duong vat do di duoc
tie gidy tht 4 dén giay tha 10 la
A. 669 m. B. 696 m. C. 699 m. D. 966 m.
. Loi gidi

» TOAN TU TAM - 0901.837.432
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Chon D

10
Quang dudng vat d6 di dwoc tir gidy thir 4 dén gidy thit 1014 S = [ (3¢ +5)dt =966 m.
4

» Cau 6. Trong khong gian Oxyz, mit phang (P) :X+y+z-1=0 c6 mot vecto phap tuyén la
A. i = (-1 11). B. i, = (L,-1;1). C. i, =(L;1;1). D. i, =(1;1;,-1).
= Loi gidi
Chon C
Mot vecto phap tuyén ctia mat phang (P):x+y+z-1=01a 7, =(L;1;1).
» Cau 7. Trong khong gian Oxyz, duong thang d di qua diém M(l;l;l) c6 vecto chi phuong
U= (1;2;3) co phuong trinh la

x=1+t x=1+3t
A.{y=1+2t(teR). B.{y=1+2t(teR).
z=1-3t z=1+t
x=1+t x=1+t
C. jy=1+3t(teR). D. {y=1+2t(teR).
z=1+2t z=1+3t
= Loi giai
Chon D

2
» Cau 8. Tich phan IZxdx bang
1
A. 3. B. 2. C. 1 D. 4.
w Loi giai
Chon A
2
Ta c6: J.2xdx = xz‘f g8
1

» Cau 9. Cho j.f(x)dle va j.g(x)dx=4. Khi do j.[f(x)+g(xﬂdx bang

2

A. 5. B. 3. C. 3. D. 4.
= Loi giai
Chon A
3 3 3
Ta co: I[f(x)+g(x)]dx =If(x)dx+jg(x)dx =1+4=5.
2 2 2
x=1-t
» Cau 10. Trong khong gian Oxyz, duong thang d:{y =3+2t c6 mot vecto chi phuong la
z=t
A. i, =(-1;2;0). B. i, =(1;3;1). C. i, =(1;21). D. i, =(-1;2;1).
= Loi gigi

Chon D

» TOAN TU TAM - 0901.837.432
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x=1-t
Mbt vecto chi phirong ctia duong thang d:1y =3+2f 1a u, = (—1; 2;1) .
z=t
» Cau 11.Trong khong gian Oxyz , gbéc gitta hai mat phang (P) (x+2y+z-1=0 va
(Q):—x+y+2z+2=0 bang
A. 30°. B. 45°. C. 60°. D. 90°.
= Loi gigi
Chon C
Mit phang (P) c6 mot vecto phap tuyén la: 7, = (1; 2;1) .
Mit phang (Q) c6 mot vecto phdp tuyén la: 7i, = (—1; 1;2).
Goi « (00 <a< 900) 1a géc gitta hai mdt phing (P) va (Q), ta c6:

cos(a) === -
|n1’|"nQ‘ \/12+22+12.\/(—1) e

» Cau 12.Cho hinh phing D giéi han boi duwong cong y =+/x* +1, truc hoanh va cac duong thang

ity (1) +2.0412) g\ P

x =0, x=1.Khdi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich V bang
A. V=27, E.V=4?7T. C.V=%. D. V=2.
= Loi gigi
Chon B
Khéi tron xoay tao thanh khi quay D quanh truc hoanh c¢6 thé tich 1a
1
1 2 1 3
V= WI(\/XZ +1) dx =7r_|.(x2 +1)dx x| L | 237
) ) 30,3

B. Cdu hoi — Tra 10i diing/sai (02 diém)
» Cau 13.Choham s6 y=+v2-x ¢6 d6 thi (H)Vé duong thang y =2x-2. Khi d¢:
Ménh dé Pang | Sai

Dién tich hinh phéng D gidi han boi d6 thi (H ) , truc tung, truc

@ |4 oanh 121}(@ )2 iB

0

Dién tich hinh phéng gioi han boi do6 thi (H ) , x =—1va truc hoanh la

() | 29

=
Thé tich khdi tron xoay tao thanh khi quay hinh phang D quanh truc
Ox 1a 2 (dvtt).

Gié tri %ﬁ” 1a dién tich hinh phing gi6i han boi do thi (H)

(c)

(d)

va cac duong thang x=0,x=-1 y=2x-2.Khid6 a+b+c=11.
= Loi giai
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? 2 2
(a) Dién tich hinh phang D gi6i han boi do thi (H), truc tung, truc hoanh ldj(\/Z—x) dx.

0

Dién tich hinh phang D gi6i han boi d6 thi (H ), truc tung, truc hoanh Ia
2 2

S= ”\/2—x‘dx = I\/2—x.dx
0 0

» Chon SAI

29

(b) Dién tich hinh phtfng Q101 han boi do thi (H), x =—1wa truc hoanh ldT.

2 :—%.(0—3@):2\/5.

2 2
Dién tich can tim la S= I\/2—xdx = J.(2—x)% dx = —g.(2—x)% .
-1 -1 -

3

» Ch()n SAL
(c) Thétich khoi tron xoay tao thanh khi quay hinh phang D quanh truc Ox la 2w (dott).
Thé tich khdéi tron xoay tao thanh khi quay hinh phéng D quanh truc Ox la:

V(=) dx-ar.

» Chon DUNG.
L, . a 3+b\/§+c N N 2 . 2 , s \ 2
(d) Gid tri B B la dién tich hinh phang giéi han boi do thi (H ) va cdc dwong thang x =0,
x=-1 y=2x-2.Khidé a+b+c=11.

0
3O

m—(2x—2)‘dx = —%(Z—x)2

0
Dién tich can tim 1a S = j
-1

|o3-42 | 63-42+9
|3 3
Khidétacdé a=6,b=-4,c=9, a+b+c=11.
» Chgn DUNG
» Cau 14.Trong khong gian Oxyz, mot thiét bi phat song dat tai vi tri A(4 ;0; 0). Vung pht song

—(x2 - Zx)

-1

-1

ctia thiét bi c6 ban kinh bang 4.
Ménh dé Ping | Sai
(a) | Diéfm M (4 p. 2) thudc vung phu song.

Tap hop tat ca cac diém thudc vung phu song cua thiét bi duoc gidi

b
®) han b&i mit cau cé phuong trinh (x — 2)2 +y’+z7=4.

© Mot bure tuong duoc xay gan do6 c6 phuong trinh (P) (X+y—z=6s€
c

chén séng ctia thiét bi.

Vung nhan dwoc tin hiéu trén mat phéng (P ) lIa hinh tron cé ban

(d) .
kinh bang 4.

= Loi giai
(a) Diéin M (4;2;2) thudc viing phii song.

» TOAN TU TAM - 0901.837.432
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AM=\/(4—4)2 +(2-0) +(2-0) =242 <4.
Do d9, vi tri diém M thudc vung phu song.
» Chon DUNG.

(b) Tép hop tat cd cdc diém thudc ving phii song ctia thiét bi dwoc gi6i han béi mdt ciu cé phwong trinh
(x—2)2 +y’+z°=4.
Phuong trinh mét cau tam A(4;0;0)bén kinh R=4: (x-2) +y"+2’ =16
» Ch(_)l’l SAIL
(c) M6t bikc twong dwoc xdy gin do cé phwong trinh (P) 1 X+ Y —2z=65¢ chin séng ctia thiét bi.
4+0-0-6
d(A,(P))=| 2k,
Je+rsr 3
» Chon DUNG.

(d) Viing nhin duwoc tin hiéu trén mdt phing (P) la hinh tron c6 ban kinh bang 4 .
Goi H la hinh chiéu Alén mat phang,
Bla diém vira thudc mit ciu vira thudc mit phang
Ap dung dinh li Pi-ta-go vao tam gidc ABH vuong tai H

BH=,/AB* - AH’ = 42—(

» Ch()n SAI
C. Cau héi - Tra loi ngdn (02 diém)

» TOAN TU TAM - 0901.837.432
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» Cau 15.Goc quan sat ngang ciia mot camera la 122°. Trong khong gian Oxyz, camera duoc dat
tai diém A(2;3;1) va chiu thing vé phia mit san c6 phuong trinh
(P) :2x+2y—-z+2=0.Hoi ving quan sat duoc trén médt san ctia camera la hinh tron c6

duong kinh bang bao nhiéu? (két qua lam tron déin hang phin chuc).

v Tra 15i: 13,2

Khoang cach tir diém dat A dén mat phang (P) la:
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d=d(A,(P))= %
Duong kinh hinh tron la: 2R =2.d.tan61° = 2.%.tan610 ~13,23.

» Cau 16.Trong khong gian Oxyz, mit phang (Oyz)lé mat phang ndm ngang. Mot duong dng
nudc thang di qua hai diém A (—l; 1; 2), B (2; 1; 3) . Héi duong 6ng nuwdce ndi trén nghiéng
bao nhiéu d6 so véi mat phang nam ngang? (két qua lam tron dén do).

= Loi giai
v Tra loi: 72
Phuong trinh mit phang nam ngang 1a (Oyz): x =0, ¢ vec to phap tuyén 7i = (1; 0; 0) .
AB=(3;0;1).

Goi ala goc gitta dwong 6ng nudc so voi mat phang nam ngang.

. ‘E.ﬁ
Ta ¢é: sina = cos(AB,ﬁ) =t L= =Sa=72%
[4B|fi] 10

Vay: duwong 6ng nuiede néi trén nghiéng 72°so véi mat phang nam ngang.

» Cau 17.Trong hé truc Oxyz cho tredc (don vi trén truc la mét), cho mot tram thu phat song 5G
c6 ban kinh vung phti séng ctia tram ¢ ngudng 600m duoc dat ¢ vi tri I (200 ;450 ;60).
Tim gia tri 16n nhat caa m (lam tron dén hang don vi) d€ mot nguwoi dung dién thoai & vi
tri A(m +100;m +370; O) c6 thé str dung dich vu cta tram noi trén.

= Loi gidi
v Tra loi: 512
Dé mot nguroi dung dién thoai ¢ vi tri A (m +100;m+370; O) o thé st dung dich vu
cta tram thu phat song 5G cé ban kinh vung phu séng ctia tram ¢ ngudng 600m duoc
dt & vi trf 1(200;450;60) thi IA <600 < (m—100) +(m-80) +(~60)’ <600°
< 2m* —360m—340000<0 <> 90—104/1781 <m< 90+10+/1781.

Vay gia tri 16n nhat caa m la 90+10+/1781 ~ 512.
» Cau 18.Trong khong gian vdi hé toa do Oxyz, dai kiém soat khong luu san bay co toa

do O(O; 0; O), moi don vi trén truc tng véi | km. Mdy bay bay trong pham vi cach dai
kiém soat 417 km sé hién thi trén man hinh ra da. Mot may bay dang o vi
tri A(—688;—185;8) , chuyén dong theo duong thang d cé vecto chi phuong la
= (91; 75; 0) va hudng vé dai kiém soat khong luu (Hinh 44).

A

Hinh 44

» TOAN TU TAM - 0901.837.432
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Tinh khoang cach ngan nhat gitra may bay va dai kiém soat khong luu. Két qud lam
tron dén hang don vi

= Loi giai
v' Tra loi: 295
x=-688+91t
Phuong trinh tham s6 cia duong thang d 1a: {y =—185+75¢
z=8

Goi H la vi tri ma mdy bay bay gan dai kiém soat khong luu nhat. Khi d6, khoang OH
la ngan nhat gitta may bay va dai kiém soat khong luu, diéu nay xay ra khi va chi khi
OH 1d.

Vi Hed nén H(-688+91t;-185+75t;8).

Ta 6 OH = (688 +91t;~185+75¢;8).

OH Ld < OH Lii < OH.i=0 <:>(—688+91t).91+(—185+75t).75:0<:>t=1—21
Suy ra H —ﬁ;ﬁ; 4
272

Khoang cach ngan nhat gitta may bay va dai kiém soat khong luu 1a:

2 2)
o= (2] {5 s s255im

: 2
» Cau 19.Cho f(x):{lzx_1 Zl;;jlleh J= [ f(x)dx

]=if(x)dx=jlf(x)dﬁjf(x)dx

Tinh J, = jf(x)dx= '1|.(2x—1)dx=(x2 —x) 1_1=0—2=—2

-1
Tinh ], =jf(x)dx=j1dx=2—l=1
1 1

Vay J=1-2=—1.

» Cau 20.Cong ctia mot trai du lich sinh thai c6 dang parabol, 16i ra vao cdng la hinh chi nhat
nhu hinh vé. Biét réng, 161 di hinh ch@® nhat ABCD c¢6 kich thude CD =2 m, phia ngoai
161 di hinh ch@ nhat duoc trang tri hoa van cho phut hop. Chi phi trang tri hoa van la
240.000 dong cho mot mét vudng. Hoi so tién dé trang tri hoa véan cua cong trai du lich
sinh thai 1a bao nhiéu triéu dong?

» TOAN TU TAM - 0901.837.432
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4m

4m
= Loi gidi

Xét hé truc toa do nhw hinh vé:

Parabol ¢6 dang y =ax’ +¢, a<0.

Parabol di qua cac diém (0;4),(2;0) nén c6 dang: y=-x’+4.
Tacéd: x.=1nén y,=-1"+4=3.

Suy ra hinh chit nhat ABCD c¢¢ kich thwdc
CD=2m;BC=3m.

Goi S. la dién tich cong Parabol.

Khi d6, S. 1a dién tich hinh phang giéi han boi d6 thi ham s

y=—x?+4, truc hoanh va cic duong thang x=-2;x=2.

2
Dién tich phan trang tri hoa vanla: S=5.-5,,. = j (—x2 + 4)dx -23= %(mz)
-2

Vay s0 tién cho viéc trang tri hoa van ctia cong la: 240000.% =1,12 triéu dong.

» Cau 21.Cho vat thé ¢ mdt ddy la hinh tron c6 ban kinh bé”mg 1 (hinh vé). Khi cit vat thé boi mit
phéng vuong goc vdi truc Ox tai diém c6 hoanh do x (—1 <x< 1) thi duoc thiét dién la

mot tam giac déu. Tinh thé tich V' cua vat thé d6. Viét két qua lam tron dén hang phan
tram.

= Loi gidi
Xét phuong trinh day la hinh tron x* +y* =1= y =+y1-x
Thiét dién 1a tam gidc déu tai diém c6 hoanh dd x ¢6 do dai canh déy 1a 2v1-x°

2
Khi d6, dién tich thiét dién d6 1a s(x)=(2 1—x2) 73 =3 (1-x)

Theé tich cia vat the1a V = jS(x)dx = jﬁ(1—x2)dx ~2,31.
-1 -1

» TOAN TU TAM - 0901.837.432



PE
GIO’A HOC KY 2 - K12

» TOAN TU TAM - 0901.837.432



PE
GIO’A HOC KY 2 - K12

KIEM TRA GIUA HOC KY II KHOI 12
NAM HQC 2024 - 2025

PE SO 2

PHAN LOI GIAI CHI TIET

A. Céu héi — Tra 1oi trdc nghiém (03 diém)

» Cau 1. Tat ca cac nguyén ham ctia ham sd f(x) =3"la

A - ic B. 37+ C C. 3 In3+C .2 ic
In3 In3
. Loi gidi
Chon A
~ » ~ Y . 3—x y 3—x
J-f(x)dx—JS dx—J-(3 ) dx = e +C= ln3+C
» Cau 2. Chohamso F (x) la mot nguyén ham ctia ham s6 f (x) trén K. Cac ménh dé sau, ménh
dé nao sai.
A. [ f(x)dx=F(x)+C. B. ([ £(x)dx) = £(x).
C. ([ f(x)dx) = /(). D. ([ £(x)dx) = F'(x).
= Loi gigi
Chon C

Ta co If(x)dx =F(x)+C = F’(x) = f(x) nén phuong an A, B, D dang.
» Cau 3. Trong khong gian Oxyz , cho mit phang (P) vudng goéc voi duong thang

d:x ; 2_ % = Z_+22 . Vecto nao dudi day 1a mot vecto phéap tuyén cua (P ) ?

A ii=(-3;-1,-2).  B.i=(31-2). C.7=(3;2;1). D. 7i=(3;-1;2).
= Loi gigi

Chon B

Do mét phang (P) vudng goc véi duong thang d nén VTCP ctia duong thang d ciing
1a VTPT ctia mat phang (P ) ,
Vay mot VIPT ctia mit phang (P) la7i= (3;1; —2).

» Cau 4. Phuong trinh duong thang di qua A (1; -2; 0) va vudng gbéc v6i miat phang
(P):x-2y+2z+1=01a

A X1 _y+2_z g X-1_y+2_z
1 -2 2 1 2 2
c Xl _y-2_ =z p Xl _y=2_z
- -2 2 1 -2 2
= Loi gidi
Chon A

» TOAN TU TAM - 0901.837.432
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» Cau 5.

» Cau 6.

» Cau 7.

» Cau 8.

» Cau 9.

» TOAN TU TAM - 0901.837.432

Puong thang d di qua A(l; —2;0) va vuong goéc véi mat phang (P):x—2y+22+1 =0
nén d cé vecto chi phuwong la i = (1; —2;2) .

Vay phuong trinh chinh tac ctia dwong thang d 1a: xT—l = y—+22 = g .
Trong khong gian véi hé toa do Oxyz, mat cau (S) : (x+2)2 +(y 3)2 +(z—5)2 =36 ¢o

toadotam I la

A 122 B.I[-1-2,2]. 1(2;3;-5). D. I(-2;-3;5).
2" 2 22
= Loi gidi
Chon D

Phuong trinh trén la phuong trinh mét cau tam [(-2;-3;5).
Trong khong gian Oxyz, cho diém A (0;— 3;2) va mit phang (P) 2x-y+3z+5=0.Mat
phang di qua A va song song véi (P ) c6 phwong trinh la:

A. 2x-y+3z+9=0. B. 2x+y+3z-3=0.

C. 2x+y+3z+3=0. D. 2x-y+3z-9=0.
= Loi gigi

Chon D

Goi (Q) 1a m4t phang can tim.

Theo bai (Q)//(P)=(Q):2x~y+3z+m=0 (m=5)

Ma (Q) qua A< 2.0—(-3)+32+m=0<m=-9.

Vay mp(Q):Zx—y+3z—9=O.

Mit phang (a) :2x-5y—z+1=0 cé mot vecto phap tuyén la

A.ii=(2;51). B. ii=(2;5-1). C.7i=(-410;2).  D.ii=(-25-1).
= Loi gidi

Chon C

Mit phang (a):2x=5y—z+1=0 c6 mot vecto phap tuyén 1a 7i =(—4;10;2).

Cho jf(x)dx =1 tich phan _][(2f(x)—3x2)dx bang
0 0

A. 1. B. 0. C. 3. D. 1.
= Loi giai
Chon A

1

_[(Zf(x)—3x2)dx=2I|1).f(x)dx—3‘(i;x2dx=2—1=1.

0
Cho f laham s6 lién tuc trén doan [l; 21 .Biét F languyénham cua f trén doan [1;2]
2
théa man F(1)=-2 va F(2)=3.Khid6 [ f(x)dx bang
1

A. 5. B. 1. C. -1.
= Loi gigi

D.5
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Chon D
Ta c6 !f(x)dx=F(2)—F(1)=3—(—2)=5.

» Cau 10.Trong khong gian Oxyz, cho diém M(3; 2;—1) va mét phang (P) :x+z-2=0. Duong

thang di qua M va vudng goc voi (P ) c6 phuong trinh 1a

x=3+t x=3+t x=3+t x=3+t
A y=2 . B. Jy=2+t. C.iy=2t . D. Jy=1+2t.
z=—1+t z=-1 z=1-t z=—t
= Loi gidi
Chon A

Ta c6 mit phang (P) x+z-2=0= (P) o6 véc to phap tuyén la ﬁ(P) = (l; 0;1)
Goi duong thang can tim 1a A.
Vi duong thang A vudng goc voi (P) nén véc to phap tuyén ctia mit phang (P) la
véc to chi phuong ctia duong thang A.
=il =7, =(L0;1)
x=3+t
Vay phuong trinh duong théng A diqua M(3; 2;—1) vaco i, = (1; 0;1) la: Jy =2
z=—1+t
» Cau 11.Trong khéng gian Oxyz , cosin cta goc gitta mat phang (Oxy) va mat phang
(P):x+y+z—2=0 bang

1 3 2 1
A —. B. —. G D. —.
5 e e ;
= Loi gidi
Chon A
(Oxy) va (P) twong tng cd cac vecto phap tuyén la k= (0; 0;1) va i, = (1; 1;1) :

0.14+0.1+ 1.1 1

N EEETN EFERERN
» Cau 12.Cho hinh phéng D giéi han v6i duong cong y =+/x” +1, truc hoanh va cac duong thang

Ta co: cos(k, ﬁz)

x =0,x =1. Kh&i tron xoay tao thanh khi quay D quanh truc hoanh cé thé tich V béng
bao nhiéu?
A. V=2 E.V=4—7T C.V=2rm D.V=§
= Loi giai
Chon B
Thé tich khdéi tron xoay duoc tinh theo cong thirc:

% =wi(\/ﬁ)2 dx =7ri(x2 +1)dx =7{%3+xj

B. Cdu hoi — Tra 10i diing/sai (02 diém)

» TOAN TU TAM - 0901.837.432
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» Cau 13.Cho cac d6 thi ham so y——3 3(Cl), cung tron ¢6 phuong trinh y =+4—x’ (Cz) va

hinh phéang ( )du’(yc t6 mau nhu hinh vé

Yy

2

- O 2 x

Ménh dé

Dung

Sai

(a)

Hinh phang d6 duoc gidi han béi cac d6 thi ham s6 y = gaf ,

y=+4-x", truc hoanh va cic duong thang x =0,x=2.

(b)

Céc dudng (C,) va (C,) déu di qua diém A(V3,1)

(c)

Thé tich vat thé tron xoay duoc tao thanh khi quay hinh phéng gi6i
han boi @6 thi ham s8 y =v4—x* (C,) va hai duong thang

2 2
x =0,x=2quanh truchoanh 1a V = j(\/4—x2 ) dx
0

(d)

Biét thé tich ctia khdi tron xoay tao thanh khi quay (H) quanh truc
hoanh 1a V :(—%\/g+%j7r, trong d6 a,b,c,deN" va % 2 1a cac

phéan so t6i gian. khi d6 a+b+c+d=46.
= Loi giai

(a) Hinh phang do dwoc giéi han béi cde do thi ham 6"y = gﬁ, y=~N4-x*, truc hoanh va cic dwong

thcfng x=0,x=2.
» Chon DUNG.

(b) Cic duong (C,) va (C,) déu di qua diéin A(\/g,l)

Phuong trinh hoanh d¢ giao diém: —x =V4-x* o x=43.

Vay cac d6 thi ham s6 y =§x3,y =+4-x* déu di qua diém A(\/g,l)

» Ch(_)l’l DUNG
(c) Thé tich vit thé tron xoay duwoc tgo thanh khi quay hinh phiang giéi han béi do thi ham so

2 2
y=v4-x*(C,) va hai dwong thing x = 0,x = 2 quanh truc hoanh la V = j(\/4—x2 ) dx
0

» TOAN TU TAM - 0901.837.432
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Thé tich vat thé tron xoay duoc tao thanh khi quay hinh phang gii han boi do thi
ham s6 y = Ja—x? (C2) va hai dwong thang x = 0,x = 2 quanh truc hoanh Ia
V= wj.(4—x2)dx
, Choil SAL
(d) Biét thé'tich ciza khoi tron xoay tao thanh khi quay (H) quanh truc hoanhla 'V = (—%ﬁ +§j7r, trong

d6 a,b,c,deN va %% I cdc phin s6't07 gidn. khi d6 a+b+c+d =46

V=nrm f[éf}z dx+i(m)2 dx

7 3

3 2 73 3\
:w{.[%xédxnt J.(4—x2)dx} =7 2L7x7 +(4x—x?J
0 NG) 0 N
=a=20,b=7,c=16,d=3
=a+b+c+d=46.
» Chon DUNG.
» Cau 14.Dat mot qua bong ¢ goc nha, biét trén qua bong c6 mot diém cach hai biic tuong 5cm

va cach sannha 6cm . Chon hé truc toa do Oxyz sao cho goc nha la goc phan tw thi nhat

va san nha la mat phiang Oxy . Khi d6:
Ménh dé Ping | Sai

(@) | M(5;56)
Mit phang chita hai bttc tuong cd phuong trinh [an luot 1a y =0 va

(b) =0,

(c) | Chi c6 mot qua bong thoa man yéu cau bai toan.
(d) | Ban kinh ctia qua bong thugc (5;1 1) (cm) ;
= Loi gidi

(a) M(S; 5;6).
Dé thay diém M(5;5;6).
» Chon PUNG.
(b) Mt phﬁng chita hai birc twong cé phwong trinh lan lvot la y=0 va x=0.
Phuong trinh mat phang chita hai biic twong 1a mit phang (Oxz) ; (Oyz) nén co
phwong trinh y=0;x=0.
» Chon DUNG.
(c) Chi c6 mgt qua bong thoa man yéu ciu bai todn.
Goi mdt cau can tim c6 dang (x—a)2 +(y—b)2 +(z—c)2 =R?, khi d6 tam I(a;b;c) voi

a,b,c>0.

» TOAN TU TAM - 0901.837.432
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Theo bai ra, mat cau (S) tiép xtc v6i ba mat phang toa dd nén ta c6 khoang cach tir I
dén ba mit phang toa dd bang nhau va cling bang ban kinh, nén |a| = |b| = |c| =R
& a=b=c=R,dodé (S) cd dang (x~R) +(y~R) +(z-R) =R>.
Thay M (5 ;5; 6) vao phuong trinh mét cau, ta duoc:
R=8+21~12,6

5-RY +(5-=R) +(6-R) =R*> < 2R>~32R+86=0 < .
(5-RY +{s-R)'+(6-R) e

Vay c6 hai mdt cau thoa man bai toan.
» Chon SAIL

(d) Bdn kinh ciia qud bong thugc (5;11) (cm).
Theo y (c), ta thay (d) sai.
» Chon SAIL

C. Cau héi — Tra 1oi ngdn (02 diém)

» Cdu 15.Néu F '(x) = 2L va F (1) =1 thigiatricaa F (4) bang bao nhiéu? Lam tron két qua dén chir
X

s0'thdp phan thir 2.

= Loi giai
v Tra loi: 1,69
4

! =In2.

4 4
, , 1
Ta co: JI.F (x)dxz_!.z—xdxzalnlxl

F'(x)dx=F(x)| =F(4)-F(1).
Suy ra F(4)-F(1)=In2.
Do dé F(4)=F(1)+In2=1+In2.

» Cau 16.Hinh vé la md ta mot sdn cau 1ong voi kich thudce theo tiéu chuan qudc té. Ta chon hé
truc Oxyz cho san d6 nhw hinh 1b (don vi trén modi truc 1a mét). Gia st ABla mét tru

Lai co:

———

cau 16ng dé€ cang ludi. Biét toa do cta vecto AB = (a; b; c) .Khido S=a-b+2c béng bao

nhiéu?

(Hinh 1) (Hinh 15)
= Loi gigi
v Tra loi: 3,1

» TOAN TU TAM - 0901.837.432
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Vi vecto E cung huwdng vdi vecto don vi E cua truc Oz va d6 dai AB=1,55 nén
AB=1,55k. Do d6 AB=(0;0;1,55)=S=a—b+2c=3,1.

» Cau 17.Khi dat hé toa d§0 Oxyzvao khong gian véi don vi trén truc tinh theo kildomét, nguoi ta

thdy rang mot khdng gian phti séng dién thoai c6 dang mot hinh cau (S) (tap hop nhiing
di€m nam trong va ndm trén mat cau tuong tmg). Biét mat cau (S) c6 phuwong trinh:
x*+y*+2z° —2x—4y—62z+5=0. Khoang cich xa nhat gifta hai viing phu séng 1a bao
nhiéu kilomét?

= Loi gigi
v Tra loi: 6
Tacd: x*+y° +z° -2x—4y—6z+5=0< (x—l)2 +(y—2)2(z—3)2 =3%.
Khoang cach xa nhét gitta hai diém thudc vung pht séng la duong kinh cta mét cau,
tiecla 6 km.

» Cau 18.D¢€ dinh vi vé tinh, nguoi ta lap hé toa d6 Oxyz vdi gbc toa dd O trung vdi vi tri clia

trung tam quan sit, mit phang (Oxy) trung voi mat dat (dwoc coi 1a mit phang) véi
truc Ox hudng vé phia Tay, truc Oy huéng vé phia Nam, truc Oz huéng thang diing
1én troi va méi don vi trén truc tmg véi 1 km. Mot vé tinh dang chuyén dong trong
khong gian duoc dinh vi boi ba tram quan sat dat tai ba vi tri: A,B,C voi: vitri Adat o
trung tam quan sat, vi tri B ddt cach trung tam quan sat vé phia Tay 50km, vi tri C ddt
cach trung tdm quan sat vé phia Nam 100km. Biét: tram A quan sat dwgc cac vé tinh
cachnd 370km, tram B quan sat dwoc cac vé tinh cachné 400 km, tram C quan sat dwoc
cac vé tinh cach n6 350km. Goi toa do cua ve tinh la (x; y;z). Tinh x+y+z.
= Loi giai

v Tra loi: 198
Theo bai ra, ta co:

X’ +y'+2° =370° x*+y’+2° =370 x=-206

(x=50) +1> +2> =400° = 1370> ~100x+2500 =400° =1y =122

2 2 ~
X +(y-100) +22=350° (3707 =200y +10000=350°  |z=~282

Vay: x+y+z~198

D. Cau héi — Tra loi tw ludan (03 diém)

x=2t
» Cau 19. Trong khong gian Oxyz cho hai dwong thang d, :i1 =yT+1 =§, d,:qy=1 .Goip la
z=1-t

» TOAN TU TAM - 0901.837.432

gbc gitta hai duwong thang d,,d,. Gia tri cosp c6 dang %. Tinh gia tri biéu thuec
P=b-3a+c?

= Loi gidi
Taco i, =(-1;2;2) i, =(2;0;-1)
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F1.2+2.0+2.(-1)| 4 a5
\/(—1)2+22+22.\/22+02+(—1)2 W5 15

Vay a=4,b=15,c=5=b-3a+c=15-3.4+5=8

Khi d6 cosp =

» Cau 20.Mot chi€éc may do dac tric dia dwoc dat trén mot gia do ba chan vdi diém dat S(0;0;4)

» Cau 21

» TOAN TU TAM - 0901.837.432

va cac diém tiép xuc v6éi mat dat caa ba chan lan  lwot la
A (—2; 0; 0), B(l; \/g; O), C(l; —\/g; 0). Biét réng trong lwc tac dung 1én chiéc may c¢6 do 16n
la 30N va dwgc phan bd thanh ba luc . E, F co do 1on b:?mg nhau nhw hinh dwdi.

Tinh tich v6 hudng cua F1 .F2 .

v Tra loi: 87,5

Ta c6: S_A=(—2;0;—4);s§=(1;\/§;—4);§=(1;—\E;—4):>5A=SB=SC=\/%.

Lai co E =(3;\/§;0);A—C' =(3;—\/§;0);B—C) =(0;—2\/§;0) = AB=AC=BC =\/E. Dan dén
hinh chép S.ABC déu c6 duong cao la SO=4, véi O(O; 0;0) la trong tam tam giac
ABC. Mit khac,

F =kSA = (-2k;0;—4k), F, =kSB = (k; J3k; —4k),

F =kSC = k;—/3k;~4k) = F + F, + F, = (0;0;-126)

Ma F +F, +F = P =(0;0;-30) nén —12k=—30<:>k=§.

5 543 j

Suy ra F, =(-5;0;-10), F, = [— EALINRT)

Vé}I/ E-E = 1775.

.Mot cSc ruou c6 hinh dang tron xoay va kich thuwde nhw hinh vé, thiét dién doc cuia c6¢
(b3 doc cSc thanh 2 phan bang nhau) 1a mot duong Parabol. Tinh thé tich t6i da ma cde
o thé chira duoc (lam tron 2 chi s6 thap phan).

8cm

Parabol
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= Loi gidi

1
.\ /
B }.{' --------- op - ———— ?C
: \\‘ ",”" §
i YI\' /"”” 2
1 \'\ ’/ 1
| /o
i \ / |
Nt/
t .‘Ta — . —
7 A 5 2 2 8
Parabol c6 phuwong trinh y = P S x = Y
10 ]
Thé tich t6i da coc V = 7r.|. (E yj.dy ~251,33.
0
Hét

» TOAN TU TAM - 0901.837.432
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KIEM TRA GIUA HOC KY II KHOI 12
Ht NAM HQC 2024 - 2025

PESO 3

PHAN LOI GIAI CHI TIET

A. Céu héi — Trd 10i trdc nghiém (03 diém)

» Cau 1. Cho ham s0 f(x) xac dinh trén K va F(x) la mot nguyén ham cua f(x) trén K.

Khang dinh nao duéi day ding?

A. f’(x)zP(x),VxeK. B. F’(x)zf(x),‘v’xeK.

C. f’(x)=F(x)+C,VxeK. D. F(x)zf(x),VxeK.
= Loi gigi

Chon B

Theo dinh nghia nguyén ham, cau B dung.
» Cau 2. Nguyén ham ctia ham s8 f(x)=2x+6"1a

x+1

A. [ f(x)dx=2+6"In6+C. B. Jf(x)dx=x2+x+1+c.

Q.If(x)dx=x2+lf:6+C. D. Jf(x)dx=2x2+6"+C.
= Loi giai

Chon C

Ta c6 If(x)dx=x2+h6:6+c.

™

3
» Cau 3. Tich phan I = Icosxdx bang
0

A g V3 o . L
2 2 7 2

Chon A

m

NE

3 P
Ta co: I=J.cosxdx :sinx‘o3 =7.
0

» Cau4. Choham s6 y=f (x) xac dinh va lién tuc trén doan [a;b]. Dién tich hinh phang gidi
han boi d6 thi ham s6 y = f (x), truc hoanh va hai duong théng x=a,x=>b duogc tinh

theo cong thitc

A. ‘iﬂf(x)‘dx B. ”f(x)‘dx C.

Chon A

» TOAN TU TAM - 0901.837.432
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Dién tich hinh phang gidi han boi do thi ham s8 y = f(x), truc hoanh va hai dudng
b
thang x=a,x =b dugc tinh theo cong thiic: I ‘ f (x)‘ dx.

» Cau 5. Trong hé truc toa d0 Oxyz, mat phéng (P) di qua diém A(l;—1;2) vanhan 7= (2; 1;2)

lam véc to phép tuyén c6 phuong trinh la

A. 2x+y+2z+3=0. B. x-y+2z-5=0.

C.x-y+2z+3=0. D. 2x+y+2z-5=0.
= Loi gidi

Chon D

Phuong trinh mét phang (P) di qua A(l;—l;2) 6 véc to phép tuyén 7 = (2; 1;2) la
2(x-1)+1(y+1)+2(z2-2) =0 2x+y+2z-5=0
» Cau 6. Trong hé truc toa dd Oxyz, mit phang (P) c6 phuong trinh x -y +2z-1=0 song song

véi mat phang nao trong cic mit phang sau day?

A. x+y+2z+3=0. B. 2x-2y+4z-2=0.

C.x+2y-z=0. D. x-y+2z+6=0.
= Loi gidi

Chon D

Xét phuong an A va C thdy véc to phap tuyén khong cung phuwong véi véc to phap
tuyén cta (P) nén loai A va C.
Xét phuong &n B thdy mit phang 2x—2y+4z—2=0 trung véi (P) .

» Cau7. Chohams6 y=f (x) lién tuc trén R va cd do thi nhw hinh vé. Goi S 1a dién tich hinh
phang giéi han béi @6 thi ham s§ y = f (x), truc hoanh va hai duong thang x=-1;x=3
. Ménh dé nao sau day dung?

A. Szjf(x)dx. B.S= jf(x)dx
C.S:jf(x)d“if(x)dx. D S:If(x)dx—if(x)dx

2 = Loi gidi 2
Chon D

3

2

S= [ f(x)dx—[ f(x)dx la ménh d& dung.
-1

[ Iy Se—

» TOAN TU TAM - 0901.837.432
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» Cau 8. Cho ham s8 y = f(x) lién tuc trén [a;b]. Goi D la hinh phéng gi¢i han boi do thi ham
s8 y = f(x), truc hoanh va hai dudng thang x=a;x =b. Thétich V ctia vat thé tron xoay
duoc tao ra khi cho D quay xung quanh truc Ox la

b b b
A. V:wzjfz(x)dx. B. V:Ifz(x)dx. C. V:wJ.f(x)dx. D. V:wjfz(x)dx.
= Loi gidi
Chon D
b
1% zwjfz(x)dx.

» Cau 9. Tinh dién tich phan hinh phang (Phiin td dgm) trong hinh vé bén.

¥ y=x —x

X
0.5 1 1.5 2
A c 3 D. 13
12 12
= Loi gidi
Chon A

Nhin d6 thi ta thdy phan dién tich hinh phang phai tinh dwoc gisi han boi do thi 2
ham sd y=x’—x, y=x-x* va 2 duong thang x=0;x=1.D06 thi ham s6 y = x —x’
s ‘ 5
nam trén d6 thi ham s6 y =x" —x do d¢6: S= J-(x—x2 —(x3 —x))dx ==

) 12

» Cau 10.Cho hinh (H ) gi6i han béi cac dwong y = x* —2x, truc hoanh. Quay hinh phéng (H )

quanh truc Ox ta dugc khoi tron xoay c6 thé tich la:

A, Hom. B & c.iz. D, o™
15 15 3 15
= Loi giai
Chon D
Hoanh d6 giao diém cua d6 thi ham s8 y = x* —2x va truc hoanh:
x=0

¥-2x=0& i
x=2

Thé tich khdi tron xoay can tim la
2
i 2 i ’ 4 1
V= ﬂf(xz —2x) dx =7rJ.(x4 —4x° +4x2)dx g [ S B S L
0 0 5

3 15 °

0
» Cau 11.Trong khong gian Oxyz, cho cac diém A(1;2;3); B(l;l;l);C(3;4;O) .buong théng A di

qua diém A va song song v6i BC c6 phuong trinh la

» TOAN TU TAM - 0901.837.432
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A x+1=y+2=z+3. B. x—lzy—2=z—3.

2 3 -1 2 3 -1
C. x—lzy—2=z—3. D. x+1 y+2 z+3.

4 5 1 4 5 1

= Loi gidi
Chon B
Ta co ?C=(2;3;—1) nén dueong théng A ¢ mot véc to chi phuong la ﬁ=(2;3;—1).
-1 y-2 z-3

Do d6 phurong trinh ctia dwong thing A 1a x2 ==
» Cau 12.Trong khong gian Oxyz, cho hai diém A(l ;0 ;—3) va B(3 ;2 ;1). Phuong trinh mdt cau
duwong kinh AB la

A X +y’+2° —4x-2y+2z+6=0. B. X’ +y’ +z° +4x -2y +2z=0.

C.xX+y’+2°—2x—y+z-6=0. D. ¥’ +y’ +z° —4x -2y +2z=0.
= Loi gidi

Chon D

Goi I la tam ctia mat cau duong kinh AB khi d6 I 1a trung diém cta doan thang AB
nén I(2;1;-1). Khi d6 ban kinh mét cau la R =IA =\/(1—2)2 +(0-1) +(-3+1)" =+6.

Viay phuong trinh mat cau duong kinh AB la
(x—2)2 +(y—1)2 +(z+1)2 =6 x +y’ +2° —4x-2y+2z=0.

B. Cdu hoi — Tra 10i ding/sai (02 diém)

» Cau 13.Cho ham s8 y = f(x) xéc dinh trén (0;+w). Biét rang f'(x)= 2x+L2.
x
Ménh dé Dling | Sai

(@) | Knids f(x)=x*-L+C
X

(b) | Bigt f(1)=2.Khido f(x)=x’——+1.
X

D6 thi ham s6 y = f(x) di qua diém M(—1;2). Khi d6

© jf dx———ln2

(d) | Biét f(1)=2.Ham 8 g(x)=xf(x) c6 3 diém cyc tri.
= Loi gigi

(a) K d6 f(x)=x* = +C.

Ta co: f jf I(2x+i2jdx:x2—l+C

X X
» Chon DUNG.

N ki s f(e a2 L
(b) Biét f(1)=2.Khido f(x)=x L

X X

Ta co: f J.f I[2x+i2jdx=x2—l+c

» TOAN TU TAM - 0901.837.432
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, 1
f(1)=2:>C=2 Suy ra f(x)zx —;+2

» Chon SAIL
o : - . _16
(c) DO thi ham so y—f(x) di qua diém M( 1,2). Khi dé !f(x)dx_ 3 In2.

S £(x) = [ F(x)dx = L PR
Ta cé: f(x)—J.f (x)dx—J.[2x+x2de x +C.

X
D06 thi ham s6 y:f(x) di qua diém M(—I;S) ta duoc 2+C=5=C=3

Suyra f(x)=x" S
x

» Chon DUNG.
(d) Biét f(1)=2. Ham s0' g(x)=xf(x) c6 3 diéim cuc tri.

Tacd: f(1)=2=C=2suyra f(x)=x2—1+2
X

g(x)=xf(x)= x(x2 —%+2j =x"+2x-1
g'(x) =3x’+2, ¢'(x)=0v0 nghiém, nén ham s6 y = g(x) khong c6 diém cuc tri ndo.
» Chon SAL
» Cau 14. Trong khong gian Oxyz cho mat phang (a) :x+2y+2z-3=0.Khi do:
Ménh dé Ping | Sai
Phuong trinh (ﬁ) di qua M(2;—3;1) va song song v&i (a) la

(@)
X+2y+2z+2=0.

Phuong trinh duong thang (A) di qua diém A(1;-2;3) va vudng
x=1+t

b
®) goc voi (a) la ly—2+2t,teR.

z=3+2t

Phuong trinh mat cau tam [ (1 i1 ;—3) va ti€p xuc voi (a) la
O (em1) e (y=1) (23] =2,

Phuwong trinh mat cau (S) : (x + 2)2 +(y—1)2 +(z +3)2 =25 cat (a) theo
giao tuyén la mot duwong tron cé ban kinh bang 4.

e

= Loi giai

(d)

(a) Phuwong trinh mit phing (ﬁ) di qua M(2;—3;1) vd song song voi (a) la x+2y+2z+2=0.
Vi (a) /l (ﬁ) nén mjt phang (a) nhan 7 = (1 ;2; 2) lam vecto phap tuyén. Nén phuwong
trinh mt phing () 1a: 1.(x=2)+2(y+3)+2(z-1)=0 < x+2y+2z+2=0.
» Chon DUNG.

» TOAN TU TAM - 0901.837.432 —
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x=1+t

(b) Phurong trinh dwong thing (A) di qua diém A(1;-2;3) vi vudng goc vi () la Sy =2+2t,teR.
z=3+2t
Vi (A) 1 (a) nén duong thang (A) nhan i = (1; 2;2) lam vecto chi phrong nén

x=1+t
phuong trinh ctia dwong thang (A) la<y=-2+2t,teR.
z=3+2t

» Chon SAIL
(c) Phurong trinh mét ciu tém 1(1;1;—3) va tip xiic véi (a) la (x—l)2 +(y—1)2 +(z+3)2 =2.
fre2142.(-3)-3] 4
Phuong trinh mét cau can tim la (x—l)2 +(y—1)2 +(z +3)2 =4,
» Chon SAIL

Vi R=d(I,(«))

(d) Phwong trinh mdt ciu (S) : (x+2)2 +(y—1)2 +(z+3)2 =25 cit (a) theo giao tuyeén la mot duong

tron cé ban kinh bang 4.

s
’
’ /
// N
N
: L_L__r___\
7

Ta c6 mit cau (S) c6 tm I(-2;1;-3) va cé ban kinh bang R=5.
[2+2.1+2.(-3)-3
VIP 422427
Goi r la ban kinh ctia duong tron giao tuyén, ta cé r* +h’ =R’ nén r=+5" -3’ =4.

Vay r=4.
» Chon DUNG.

Goi h la khoang cach tir I dén mit phang (a),tacd h= =3.

C. Cdu héi — Tra 1oi ngin (02 diém)

» Cédu 15.Ham s f(x) =m c6 mot nguyén ham la F(x) thoa F(l)z In2. Tinh F(—2). Ket
qud lam tron dén phin chuc.

e

v Tra loi: 0,8

I+x—-x 1 1 1
f(X):m:?—mjp(X):—;—ln

:P(1)=—1—1n1+c=1n2:»C=1:>P(—2)=3—1n2zo.8
2 2

» TOAN TU' TAM - 0901.837.432 Trang 6
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» Cau 16.San truong cé mot bon hoa hinh tron ¢ tam O. Mot nhém hoc sinh 16p 12 dwgc giao
thiét k€ bon hoa, nhom nay dinh chia bon hoa thanh bén phén, béi hai duwong parabol
c6 cling dinh O va d6i xting nhau qua O. Hai duong parabol nay cat duwong tron tai bon
diém A, B, C, D tao thanh mét hinh vudng c6 canh bang 4m (nhw hinh vé). Phan dién
tich S,,S, dung d€ trong hoa, phan dién tich S,,S, dung d€ trong co (Dién tich lam tron
dén chi s6 thap phan thit hai). Biét kinh phi dé trong hoa la 150.000 ddng/1m?, kinh phi
d€ trong co la 100.000 ddng/1m* . Hoi nha treong can bao nhiéu tién d€ trong bon hoa
d6? (SO tién 1am tron dén hang chuc nghin).

= Loi giai

v Tra loi: 3270
Chon hé truc toa d0 nhu hinh vé O(O;O);A(—Z;Q); B(2;2)
Khi d6 phuong trinh parabol phia trén c6 dang la:
v = 1 S B(2: v ]
(P).y—ax trong do B(2,2)e(P):> > 7

x2

Suyra (P):y=—.
yra (P)iy==
Phuong trinh cung tron nam phia trén truc Ox 1a
y=vR> =2’ =\JOA* - x> =3«
2

2
Khi d6 S, = J.(\/S—xz —%de.

-2

Dién tich hinh tron1a S =7R*> = 1OA*> =8x
Ta c6 T =150.25, +100.(S—2S))
B4m mdy ta duoc T =150.25 +100.(S—2S,) ~3.270 nghin dong.

» Cau 17.Trong khong gian Oxyz , cho hai mit phang (P) ix+4y—-2z-6=0 ,
(Q) :x—2y+4z—6=0. Mat phang (a) chita giao tuyén cta (P),(Q) va cat cac truc toa
do tai cac diém A, B, C sao cho hinh chép O.ABC la hinh chép déu. Phuong trinh mat
phang (a):x+my+nz+p =0.Tinh gid tri caa T =m—-3n-5p

= Loi gigi
v Tra loi: 28
Mat phéng (

(1;4;-2).

P):x+4y—2z-6=0 c6 vécto phap tuyén i,
Mit phang (Q) :x =2y +4z-6=0 cb vécto phap tuyén 7, = (1;—2;4).

Ta co [ﬁp;ﬁQ] = (12;—6;—6), cung phuong véi i =(2;—1;—1).

» TOAN TU TAM - 0901.837.432
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Goi d = (P)m(Q) . Ta c6 duong thang d c6 vécto chi phwong l1a ii = (2;—1;—1) va di
qua diém M(6;0;0) .

Mat phfmg (a) cit cac truc toa dd tai cac diém A(a;O;O), B(O;b;O), C(O;O;c) vOi
abc#0.

Phuong trinh mit phang (a) : £+%+E =1.
a c

Mt phang (a) c6 vécto phap tuyén 7 = (l ;l ,lj .
abc
1

2 1
, Al | =0 |a=6
Mat phang (a) chira d < o b c S 11
e(a) 716, 5 e=30)
4 b ¢ 3
Ta lai c6 hinh chép O.ABC 1a hinh chép déu < OA=0B=0C < |a|=[b|=|d

< p|=|d=s

Két hop véi diéu kién (*) ta duwoc b=c=6.

Vay phuong trinh ctia mat phang
(a):%+%+%=l<:>x+y+z—6=0:>m=1;n=1;p=—6.

Neéen T=m-3n-5p=1-3+30=28.

» Cau 18.Trong khong gian Oxyz, cho mat cau (S) : (x—l)2 +(y—2)2 +(z—3)2 =25 va M(4; 6; 3).

» TOAN TU TAM - 0901.837.432

Qua M ké cactia Mx, My, Mz d6i mot vuong goc véi nhau va cit mit cau tai cac diém
thtt hai tuong tting 1a A, B, C. Biét mit phang (ABC ) ludn di qua mét diém c8 dinh
H(a;b;c). Tinh a+3b—c.

v Tra loi: 9

Ta cé M(4; 6;3) nam trén mit cau (S) tam I(l; 2;3) ban kinh R=5.
Dung hinh hgp cht nhat ndi tiép hinh cau, c6 ba canh la MA, MB, MC.
Ta co tam [ (1; 2; 3) cua mat cau cling 1a tdm cua hinh hgp ch nhat.

Goi O la tam duwong tron ngoai tiép ti gidc MAFC.

Trong mit phang (MBF), goi H=MINBO = HeBOc (ABC) (1)
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Do H latrong tam cua ABMF nén MH =§MI .

Do I, M co dinhnén H cd dinh (2)
Tir (1) va (2) suy ra (ABC) luén di qua diém o8 dinh H .
GQiH(a;b;c).Ta co m:%m,véi ]\E(a—4;b—6;c—3); ﬁ(—3;—4;0)
3
a—-4=-2 =2
Ta dwoc < b— 6——§<:> b:&
3 3
c-3=0 c=3
Vay a+3b-c=2+10-3=9.

D. Cau héi — Tra loi tw ludan (03 diém)
» Cau 19.Trong khong gian Oxyz, cho diém M(3; L —2) va mt phang (P) :3x+5y—z+1=0. Viét

phuong trinh duong thang di qua M va vudng goc (P) .
= Loi gidi

Mt phang (P) 6 mot vécto phép tuyén la 7, =(3;5;,-1).

Goi d 1a dwong thang di qua M va vudng goc (P) .

—

Vi d vuong goéc (P) nén nhan vécto 1, = (3 5; 1) lam vécto chi phuong.

Vay phuong trinh duong thang d 1a x3 =7 5_1 = Z+12.
vt 3x+2 .
» Cau 20.Biétrang J‘ﬁdx:mln3+nln2,véi m,n eZ .Gidtricia m+n+2025 bangbaonhiéu
x*=3x+
= Loi giai
Pt — X2\ WA, B = 3x+2=A(x-2)+B(x-1)=(A+B)x-24-B (1)
(x—l)(x—Z) x=1 x-2

A+B=3 A=-5
Suy ra: =
2A+B=-2 B=8
3x+2 8 5

Do dg (x—l)(x—z) y x—2_x—1'

4 3 2 4
meo [ e

=(8In‘x—2‘—51n‘x—1‘)3

s

=8In2-5In3+5In2-8In1=-5In3+13In 2.

Suyra m=-5,n=13.Vay m+n+2025=2033.
» Cau 21.Néu cat chau nuede cé hinh dang nhw hinh vé bang mit phang song song va cach mét
déy x(cm),(0<x<16) thi m3t cdt Ia hinh tron 6 ban kinh (10++x)(cm). Tinh dung

tich cua chau. Viét két qua lam tron dén hang don vi ctia centimét khoi.

» TOAN TU TAM - 0901.837.432
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16 cm 10 +J;' cm

X CIHI

= Loi gigi
Chon truc Ox sao cho O trung véi tam cua ddy, chiéu duwong cua truc 1a chiéu huéng
1én trén. Khi cat chau nudc bang mit phang song song véi ddy va cach mit day x thi
mat phéng dé cit truc Ox tai diém cé hoanh do x . Mat cit 1a hinh tron ¢ ban kinh

(10+\/;) (cm).

Dién tich cua mét cit 1a S(x) = 7r(10+\/;)

2
Dung tich ctia chaula V = 1J?S(x)dx = wl_f(10+\/;)2 dx = wl_f(100+ 20/x +x)dx
0 0 0

3.2
—r100x+ 2052 X
3 2

16

=%447r ~8109 cm’

» TOAN TU TAM - 0901.837.432
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KIEM TRA GIUA HOC KY II KHOI 12
NAM HQC 2024 - 2025

PESO 4

PHAN LOI GIAI CHI TIET

A. Céu héi — Trd 10i trdc nghiém (03 diém)
» Cau1. Cho F (x) la mot nguyén ham cua f (x) trén R . Chon khang dinh dtng?

A.jf(x)dx=F(x)+C. B. f’(x):F(x).
C. .[F(x)dxzf(x)JrC. D. IF(x)dxzf(x).
= Loi gidi
Chon A
» Cau 2. Ho nguyén ham ctia ham s6 y =sinx la:
A. —cosx+C. B. —sinx+C. C. cosx+C. D. tanx+C.
= Loi gidi
Chon A
» Cau 3. J.x“dx bang
A. %x5+C. B. 4x* +C. C. ¥’ +C. D. 5x°+C.
= Loi giai
Chon A

» Cau 4. Khang dinh nao sau day sai?
A. j[f(x)+x]dx - jf(x)dx+jxdx. | B. j[f(x)—l}dx =If(x)dx—]1dx..
C. [Kf (x)dx =k[ f(x)dx, vk e R.. D. [kf (x)dx = k[ f(x)dx,Vke R,k =0.
= Loi gigi
Chon C
» Cau 5. Trong khong gian véi hé toa do Oxyz, cho duong thang d di qua diém M (0;—1;4) va

nhan vecto i = (3 ;—1;5) lam vecto chi phwong. Phuong trinh tham s6 cua d 1a?

x =3t x=3 x =3t x =3t
A <y=1-t . B. jy=-1-t. C jy=-1-t. D. jy=1-t
z=4+5t z=5+4t z=4+5t z=-4+5t
= Loi gigi
Chon C
Duong théng d di qua diém M(O;—1;4) va nhan vecto Zt=(3;—1;5) lam vecto chi
x =3t
phuong. Phuong trinh tham s6 cta d 1a: Sy =-1-+¢.
z=4+5t

» Cau 6. Trong khong gian Oxyz, cho mat cau c6 phuong trinh (x—l)2 +(y +2)2 +(z—3)2 =4,

Tim toa dd tam I va ban kinh R ctia méat cau dé.

» TOAN TU TAM - 0901.837.432
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» Cau 7.

» Cau 8.

» Cau 9.

A. I(-1;2;-3); R=2. B. I(-1;2;-3); R=4.

C. I(1;-2;3); R=2. D. I(1;-2;3); R=4.
= Loi gigi

Chon C

Mat cau da cho cé tam I(l; —2;3) vabankinh R=2.
Dién tich hinh phang giéi han béi cac duong y=x" —2x—1,y=2x-4,x=2,x=3 1a

AL B. -2 c 2. D. -2,
3 3 3 3
= Loi gidi
Chon C

Dién tich can tinh la
3

S:

S L S
3 3

Tinh thé tich khdi tron xoay duwgc tao thanh khi quay hinh phéng gi6i han boi do thi
ham s6 y =3x-x’ va truc hoanh, quanh truc hoanh.

(x2 —2x—1)—(2x—4)‘dx = sz —4x+3‘dx :j.(—x2 +4x—3)dx :[—x?}+2x2 —SxJ

2

N ey L0

2

A 3T v, B. 357 (dvte). c. 7 (gur). D. 3™ (dvtt).
10 10 7 7
= Loi gidi
Chon A

x=0

Ta cé 3x—x2=0c{ .
x=3

Thé tich khéi tron xoay can tim la:

V (32} de (08 + Y =37 X 2|
_w‘([( x—x) x-w!(x—x+x)x—7r x—7+?0

8l
=—— (dvtt).
10 (dvtt)

Dién tich hinh phang gi¢i han béi d6 thi ham s6 y = x* va duong thang y =2x 1a:

A2 B.2 c2 e
3 3 2 15
= Loi giai
Chon A

x=0

Xét phuong trinh x* =x = [

Dién tich hinh phang gi¢i han boi d6 thi ham s6 y = x* va duong thang y =2x 1a:
4

1

J;(xz —x)dx

Szj.‘xz—x‘dx:
0

» Cau 10.Thé tich ctia khéi tron xoay do hinh phang giéi han béi d6 thi cac ham s§ y = —x* +3x

» TOAN TU TAM - 0901.837.432
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Chon D

Phuong trinh hoanh d¢ giao diém. —x* +3x=0 <

Taco. V = ﬂi(—xz +3x)2 dx =
0

= Loi gidi

8
10

» Cau 11.Cho mit phang (P) di qua A(2;—1;4), B(3;2;—1) va vudng goc véi mat phang

(Q):x+y+22—3=0. Khi d6 mét phang (P) c6 phueong trinh la
A 1lx+7y-2z-21=0.
C. 1lx-7y—-2z-21=0.

Chon C
Ta co: AB=(1;3;-5); ii, =(1;1;2).

Mat phé’mg(P) di qua A, B va vudng goc véi mat phang (Q)

B. 11x+7y+2z +21=0.
D. 1lx-7y+2z+21=0.

= Loi gidi

Nén nhan [fTé, ﬁQ} = (11; -7; —2) lam vécto phdp tuyén nén cdé phuong trinh:
lx-=7y-2z-21=0.
» Cau 12.Trong khong gian Oxyz, cho hai diém A(1;3;—4) va diém B(3;—1;0). Mit cau (S) c6
duwong kinh AB c6 phuong trinh 1a

A. (x+2)2+(y+1)2+(z—2)2 =3.

C. (x+2) +(y+1) +(z-2) =9.

Chon B
Goi I la trung diém ctia AB = 1(2; 1 —2)

TA=(-1;2-2) = 1A = (1) +22 4 (=2)} =3
Mat cau (S) c6 duong kinh AB nén c6 tam la 1(2; 1; —2) va ban kinh R=IA=3. Do d¢,

Mt cau (S) c6 phuong trinh la: (x L 2)2 + (y —1)2 + (z + 2)2 =9.

B. (x—-2) +(y-1) +(z+2) =9.

D. (x—2)2+(y—1)
= Loi gidi

2 2

+(z+2) =3.

B. Ciu héi — Tra 1oi diing/sai (02 diém)
sinx cos” x

» Cau 13.Biét rang [ =I

1+ cosx

Ménh dé

dx=acosx+bcos2x—1n(1+cosx)+C (a;be]R).

Pung

Sai

(a)

sinxdx = d(cos x)

(b)

cos’ x
I= _Il+cosxd(cosx)

(c)

I=J(cosx+1— !
1+ cosx

jd(cosx)

(d)

» TOAN TU TAM - 0901.837.432
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= Loi gidi

(a) sinxdx = d(cos x)
» Chon DUNG.

cos’ x

(b) I=—I d(cosx)

1+ cosx
cos’ x

Taco: I = —J- d(cosx)

1+ cosx
» Chon DUNG.

1+cosxjd(cosx)

=J.(—COSJC+1— ! jd(cosx)
1+ cosx

» Chon SAL

(c) I:J.[cosx+1—

(@) Gid e %

2
Cos” x
= 5 +Cosx—ln(1+cosx)+C1

=—lcos2x+cosx—ln(1+cosx)+C1 +l=cosx—lc052x—1r1(1+cosx)+C;C=Cl+l
4 4 4 4

Dodé: a=lb= L= a+b=>.
4 4

» Chon DUNG.
» Cau 14.Trong khong gian Oxyz, cho diém I(l; 2; 3) va mét phang (a) :2x+2y-z+6=0.
M¢énh dé Pang | Sai
@ | I2(a)

(b) | Khoang cach tir diém I (1; 2;3) téi mat phang (a) bang 3.

© Mat cau tam I(l; 2;3) ban kinh bang R=35 cat mat phang (a) theo
c

mot duong tron cé ban kinh bang r=4.
Néu mot dudng thang nam trong mat phang () va cat mat cau tam

I (1; 2;3) ban kinh bang R = 5theo day cung AB. Khi d6 dién tich
(d) | tam giéc IAB dat dwoc 16n nhét thi mat phing (IAB) tao v6i mat

Jia

phang (a)mét goc ¢ co tang0=T.

= Loi gigi
(a) I ¢ (a).
Vi2+22-3+6=920=1¢(a)
» Chon DUNG.
(b) Khodng cich tir diéim 1(1;2;3) t6i mit phing (o) bing 3.

» TOAN TU TAM - 0901.837.432
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i

\/22 +22 -‘r—(—l)z

Khoang cach tir diém (1;2;3) ti mat phang (a) bang =3

» Chon DUNG.
(c) Mt cau tam I(l; 2;3) bin kinh bang R =5 cit mat phing (a) theo mot dwong tron co ban kinh
bang r=4.

Mat cau tam [ (1; 2; 3) ban kinh béng R =5 cit mit phéng (a) theo mot duong tron co

N 2

ban kinh bang r = \/RZ —[d([;(a))] =45 -3’ =4

» Chon DUNG.
(d) Néu mot dwong thing nam trong mdt phing (a) va cit mdt ciu tim I(l; 2;3) bin kinh bing R=5

theo day cung AB. Khi dé di¢n tich tam gidc IAB dat dwgc lon nhit thi mdt phﬁng (IAB) tao v6i mit

Jia

phing (a)mét goc ¢ co tamp:T.

Néu mot duong thang nam trong mat phang (a) va cat mat
cau tam I(l; 2;3) ban kinh bang R =5 theo day cung AB

Goi M 1a trung diém cua AB
= IM 1 AB

Co IMe[3;5]= Sy = %IA.IB.sin AIB< %IA.IB -2

52

2
Dé’ubgmg xay ra @sinIZI\B:1©IM=—26[3;5](t/m)

2
ﬂ]z_g 14

= HM =
2 2

— 3

mat phang (IAB ) tao véi mat phang (a) mot gocy = HMI cotany = ——= =

» Chon SAIL
C. Cau héi — Trd 1oi ngdn (02 diém)

13

v Tra loi: 2

m

Taco 5= T[c052x+2f(x)]dx:

™

cos2xdx + i 2f(x)dx

—— [

EN L

4
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_—sinzxZ +2jE f(x)dx :—[sin——sin(—gﬂ+ 2:|£]"(3c)dx=l+2jl f(x)dx
Suy ra If(x)dxst_l:2

» Cau 16.Tinh thé tich khoi tron xoay sinh ra khi quay quanh truc Ox hinh phéng gidi han boi
do6 thi ham so (C ) :y=x"—3x va duong thang d:y=x (két qud lam tron dén hang phin

truc).
s Loi gidi
v Tra loi: 29,6
x=0
Phuong trinh hoanh d¢ giao diém ctia (C) vad: ¥’ -3x=x<x’ —4x=0&|x=2 .
x=-2

Goi (C’) la d6 thi d6i xting véi d6 thi (C) qua truc hoanh. Suy ra (C') ty=-x"+3x
x

=0
Phuong trinh hoanh d6 giao diém cua (C') vad: X +3x=xox-2x=0=|x= \/5

-

x=0

Phuong trinh hoanh d¢ giao diém cta (C) vatruchoanh: ¥’ —3xr =0 [ x=+3 .

NN

» TOAN TU TAM - 0901.837.432
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» Cau 17.

» Cau 18.

» TOAN TU TAM - 0901.837.432

ﬁ 2 \/g 2 2
Tt d6 thi ta coé: V=27T[J.(x3—3x) dx+Ix2dx+I[x2—(x3—3x) }dx]z29,6.
0 2 Ng

Trong khong gian Oxyz, cho mat cau (S) :x*+y’ +2z° +4x -6y +m =0 (m 1a tham s8) va
x =442t

duong thang A:{y =3+t .Biét duong thang Acat mat cau (S) tai hai diém phan biét
z=3+2t

A,B sao cho AB=8. Gia tri cham la

= Loi giai
v Tra loi: — 12
Goi H la trung diém doan théng AB=1IH 1 AB,HA =4

Mt cau (S) c6 tam I(-2;3;0), ban kinh R=v13-m ,(m <13).
Puong thang A di qua M (4; 3;3) va co vecto chi phwong
ii=(21;2).

Ta co:

m=(6;0"3):>[m/ﬁ}=(—3;—6;6):>IH:d(I,A)z‘[—_

Tacod: R®=IH*+HA’ ©13-m=3"+4 o m=-12.
Trong khong gian Oxyz , cho mat phang (P) :x+y-z-3=0 va hai diém
M(l;l;l),N(—3;—3;—3). Mat cau (S) di qua M,N va tiép xic véi mit phang (P) tai
diém Q. Biét rang Q ludn thudc mot duwong tron c8 dinh. Tim bén kinh duong tron d6.
= Loi gidi
v Tra 10i: 6
x=1+t
Duong thang MN c6 phuong trinh MN :{y =1+t
z=1+t
Goi I = MN n(P) khi d6 diém I ung véi ¢ thoa man
I+t+1+t-1-t-3=0t-2=0t=2
= 1(3;3;3)=> IM=23,IN =63

Do mat cau (S) di qua M, N va tiép xtic v6i duong thang IQ tai diém Q nén ta co:

IQ°=IM.IN=KI’-R*=1Q°=IM.IN =36 < 1Q=6
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Vay Q ludn thudc duong tron tam [ ban kinh R=6.

D. Cau héi — Tra 10i tu ludn (03 diém)

» Cau 19.

» Cau 20.

» Cau 21.

» TOAN TU TAM - 0901.837.432

Tim: I(xz - 3\/;)dx .

= Loi gidi
3
3 3 3

J'(xz—3\/;)dxzjx2dx—3.jx;dx=x?—3. 1x2 +C=x?—2x5+c.

2
Trong khéng gian Oxyz, lap phuong trinh ctia mat cau (S) biét mat cau (S ) co duong
kinh AB vdéi A(3;2;—1) va B(—1;2;2).
= Loi gidi

Doan théng AB c6 trung diém I (l; 2% %J

Mt G () c6 tam 1 va bénkinh R=—AB=1y[(-1-3)"+(2-2) +(241) =2,

2
Phuong trinh cta (S) la: (x—l)2 +(y—2)2 +[z—%j =?.

Trong khong gian voi hé toa dé Oxyz, cho hai diém A(3; —2;6),B(0; 1;0) va mat cau

(S):(x—l)2 +(y—2)2 +(z—3)2 =25. Viét phuong trinh mat phéng (P) di qua A,B va

cat (S) theo giao tuyén la duong tron c6 ban kinh nhoé nhat.
= Loi gidi

Mat cau (S) co tAm 1(1;2;3), banh kinh R=5.

Goi H,K Tan luot 1a hinh chiéu ctia I trén (P) va AB.

Ban kinh duong tron giao tuyén la r =vR® — [H* =25 IH>
=>r..<IH__ .

X

Ma IH<IK nén IH, =IK< H=K< IK L(P)

Taco AB=(-3;3;-6)=-3(1;~1;2) = ii =(1;~1;2)1a VICP ciia
duong thang AB
x=t
=PTTS ciia AB:{y=1-t=K(;1-;2t) = IK = (t -1~ ~1;2¢ -3).
z=2t
Vi IK L AB nén Kii=0 & t—1+t+1+4t—6=0t=1= K(1;0;2),IK = (0;-2; 1)
= Phuong trinh (P) 1a -2y —1(z-2)=0<2y+z-2=0.

Hét
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Ht NAM HQC 2024 - 2025

PESO S

TOAN TU TAM

A. Céu héi — Trd 10i trdc nghiém (03 diém)

» Cau 1. Tim nguyén ham F(x)= Iwzdx .

A F(x)=m'x+C. B.F(x)=2mx+C. C.F(x)="+#C. D.F(x)="2—+C.
= Loi gidi
Chon A
Taco F(x)= Iwzdx =71x+C (vi 7 1a hang sd).
» Cau 2. Trong cdc ham s8 sau, ham s nao c6 mot nguyén ham 1a ham s6 F(x)= 1n|x| %

3

1 X
A. f(x):x. B. f(x):; C. f(x):? D. f(x)=|x|.
= Loi gidi
Chon B
Ap dung cong thize SGK.
» Cau 3. Tim nguyén ham ctia ham s& f(x)=3".
X
A. [3dx= ’ c. B. [3"dx=3"In3+C.
In3
3x+1
C. [3"dx=3""+C. D. [3*dx="—+C.
x+1
= Loi gigi
Chon A
Ta co Iaxdxza—+C nén I3"dx= i +C.
Ina In3
» Cau 4. Nguyén ham ctia ham s6 f(x)=4x’ +2x la:
A lxeliose, B. 3x* +1+C.
4 2
C.x*+x*+C. D. ¥’ +x+C.
= Loi gigi
Chon C

Ta c6: I(4x3 +2x)dx = I4x3dx+ ijdx =x"+x*+C

» Cau 5. Khang dinh nao dudi day sai?

n+l

A. Jx”dx= il +C,n#-1. B. Ie"dxze"+C.
n+1
) . 17x+1
C. Icosxdx=smx+C. D. Il7 dx = +C.
x+1
= Loi giai
Chon D

» TOAN TU TAM - 0901.837.432
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17"

Ta co: I17xdx= +C.

In17
2

2
» Cau 6. Cho I[4f(x)—2x]dx =1.Khi do jf(x)dx bang;
1 1
Al B. -3 C.3 D. -1
= Loi giai
Chon A
Vi j[4f(x)—2x]dx =1

i
suy ra 4jf(x)dx—j2xdx:1@ 4jf(x)dx=4@ jf(x)dx:l

» Cau 7. Cho hérrll s8 f(x) llién tuc trén Rl . Biét ham s6 Fl(x)la mot nguyén ham cua f(x) trén
R va F(1)=2,F(3)=6. Tich phan if(x)dx bang
A. 8. B.4. C 4. D.2.

= Loi gigi
Chon C

.?f(x)dsz(3)—F(1):6—2=4,

» Cau 8. Dién tich hinh phang giéi han boi d6 thi ham s6 y = x*, truc hoanh va hai duong thang
x=0, x=2 bﬁmg

A. 8. §.§. C.z. D.E.
3 3 3
= Loi giai
Chon B

2 2 5[
Dién tich hinh phang can tinh 1a S = ”xz‘dx = szdx = x? = % .
0 0

0
» Cau 9. Cho hinh phang (H) giéi han boi cac duong y=x>+6, y=0, x=0, x=2.Goi V la thé
tich khoi tron xoay duoc tao thanh khi quay (H ) xung quanh truc Ox . Ménh dé nao

sau day dung?
A. Vzvrj.(x2+6)2dx. B. V=j(x2+6)dx.
0

0

C.V=

O C— 1

(x2+6)2 dx. D. Vzﬂj(x2+6)dx.
0
= Loi giai
Chon A

2
2 Vé 2 A A? A \ 2
Thé tich ctia vat thé duwoctaonénla V = Wj.(xz + 6) dx.
0

» Cau 10.Trong khong gian Oxyz, cho A(l; 1 —2); B(2;0;3); C(—2;4;1). Mat phéng di qua A va

vudng gdc véi duong thang BC c6 phuong trinh 1a

» TOAN TU TAM - 0901.837.432
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A. 2x-2y+z+2=0. B.x+y-2z-6=0. C.x+y-2z+2=0. D.2x+2y+z-2=0.
= Loi gidi
Chon A
Duong thang BC c6 vecto chi phuwong 1a BC= (—4; 4; —2) = —2(2; -2; 1).
Mit phing di qua A va vudng goc véi duong thang BC nén cd vecto phap tuyén la
i=(2;-21).
suy ra phuong trinh la 2(x—1)—2(y—1)+1(z+2)=0<:>2x—2y+z+2=0.
» Cau 11.Trong khong gian Oxyz, cho A(7;6;7),B(12;13;6), mat ph:fmg (P) chtta AB va song

song voi Ox ¢ phueong trinh la

A —y-T7z+55=0 B. -y-7z+53=0

C.-y-7z+56=0 D. -y-7z+35=0
= Loi gidi

Chon A

Mit phang P) chita AB va song song véi Ox nén co cap vecto chi phuong la

(

( l)va ?z(l;O;O) =1, =[E,?} =(0;—1;—7).

Mit phang (P) di qua diém A(7;6;7) va ¢ véc to phap tuyén i, =(0;~1;~7) nén
phuong trinh mat phang (P) la
0(x=7)-1(y-6)-7(z-7)=0< -y -7z +55=0.

» Cau 12.Trong khong gian véi hé toa d0 Oxyz , cho diém M (3;—1;—2) va mit phang
(a):3x—y+2z+4=0.Khoang cach tir diém M (3;-1;-2) dén mat phang (oz)béng?
NEAED B VIS c 4 p. 7.

7 7 7 7
= Loi giai
Chon C
Khoang cach ttr diém M(3;—l; —2) dén mat phéng (a)lé

A(Ms(o) - |3.3+\};+4| _ 5\/7ﬁ

B. Ciu héi — Tra 1oi diing/sai (02 diém)
» Cau 13.Cho f(x) =2x—sinx va P(x) la mot nguyén ham cua f(x) Khi do:
Ménh dé Diling | Sai

Cho G(x) = F(x)+ C, véi C 1a hang s, thi G(x) la mot nguyén ham
cta f(x)
(b) | [ f(x)dx=2"-cosx+C,véi C lahing sd.

(a)

(c)

O C— o |
-
—

=
N—
Q.
=
Il
|
I
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Dién tich hinh phang giéi han boi d6 thi ham s6 f (x)=2x-sinx

(d) 7 v f
truc hoanh va hai duong thang x =-1,x =2 bang I(Zx —sin x)dx.
-1
w Loi gidi
(a) Cho G(x)=F(x)+C, vdi C la hing s6, thi G(x) la mgt nguyén ham ciia f(x).
Tacs: G'(x)=(F(x)+C) =F/(x)=f(x).
Do dé: G(x) la mot nguyén ham cua f(x)
» Chon DUNG.
®) [ f(x)dx=x>~cosx+C, vi C li hing so.
If(x)dx = I(2x—sinx)dx =x"+cosx+C.

» Chon SAIL
3 2
1
(c) xdx=7r———.
frigae-g-S

T 2
Ta co: | f(x)dx== [xz +cosx}‘ 3=———.
0 9 2

O 0 [ 3

» Chon DUNG.
(d) Dién tich hinh phing gi6i han béi d6 thi ham s6” f (x) =2x—sinx truc hoanh va hai dwong thang
2
x=-1,x=2 bﬁng I(Zx—sinx)dx.
-1
Dién tich hinh phang gidi han boi d6 thi ham s§ f(x)=2x-sinx truc hoanh va hai
2
duong thang x=—1,x=2 bang _[|2x —sin x|dx .
-1
» Chon SAL
» Cau 14.Trong khong gian Oxyz, cho diém M(2;3;—1), va mit phang (P) (x+2y—-3z+1=0.
Ménh dé Pang | Sai
Vecto phap tuyén ctia mat phang (P) :x+2y-3z+1=01a
i=(1;,2;-3)

(a)

Phuong trinh mt phang (Q) qua diém M (2; 3; —1) va song song voi
b .
) mat phang (P) la x+2y-3z+11=0

Phuong trinh mat phang (R) di qua M (2; 3; —1) , song song vai truc
(0) .
Oy va vuodng goc voi mat phang (P) la 3x+z-5=0.

Cho mit phang (a) di qua M (2; 3;—1) , cat cac truc Ox,0y,Oz Tan
(d) | luot tai 3 diém A,B,C sao cho diém M la truc tdm tam giac ABC .

Phuong trinh mat phang (a) la 2x+3y+2z-14=0

» TOAN TU TAM - 0901.837.432
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= Loi gidi
(a) Vecto phip tuyén ciia mat phing (P) (x+2y-3z+1=01la 7= (1; 2; —3)
Vecto phap tuyén ctia mat phang (P) (x+2y-3z+1=01lan= (l; 2; —3)
» Chon DUNG.
(b) Phurong trinh mdt phiang (Q) qua diém M(2; 3;—1) va song song véi mét phing (P) la
x+2y—-3z+11=0
Phwong trinh mat phéng (Q) qua diém M (2; 3;—1) va song song voi mat phfmg (P )
la x+2y—-3z-11=0
» Chon SAL
(c) Phueong trinh mit phing (R) di qua M(Z; 3;—1), song song voi truc Oy va vudng goc voi mat
phing (P) la 3x+z-5=0.
Do (R)//Oy va (R)J_(P) nén (R) o cap vecto chi phuong la (f,?i) voi f=(0;1;0),
n= (1; s —3)
= ﬁ(R) = D;ﬁ} = (—3; 0;—1).
Phuong trinh mat phang (R) la 3x+z-5=0
» Chon DUNG.
(d) Cho mat phcfng (a) di qua M(2; 3;—1), cdt cdc truc Ox,0y,Oz lin lwot tai 3 diém A,B,C sao cho
digin M Lt tryec tam tam gide ABC . Phuwrong trinh mit phing (/) la 2x+3y+z—-14=0
Do mat phéng (a) di qua M (2;3;—1) , cit cac truc Ox,0y,0Oz lan luot tai 3 diém
A,BC sao cho diém M la truc tam tam giac ABC nén OM = (2; 3;—1) la vecto phap
tuyén ctia mit phang (). Vay phuong trinh mat phang (a) 1a 2x+3y—-z-14=0
» Chon SAL

C. Cdu héi — Tra 10i ngdn (02 diém)
» Cau 15.Nguyén ham I(7 +5cot’ x)dx =ax+bcot' x+C (véi a, b, ¢ 1a cac s6 nguyén duong).

Tinh a+4b+c.

»s Loi gidi
v Tra loi: - 17
Ta c6 I(7+5cot2 x)dx=j(2+5(1+cot2 x))dx=2x—5cotx+C.

Suyraa=2,b=-5,c=1.Vay a+4b+c=2-20+1=-17
4 4 3
» Cau 16.Cho [ f(x)dx=4 va [ f(x)dx=7.Tinh [ f(x)dx.
0 3 0

= Loi giai
v Tra loi: - 3

» TOAN TU TAM - 0901.837.432
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Ta co jjf(x)dx:i.f(x)dx+jf(x)dx <:>4:j;f(x)dx+7 @j;f(x)dx:4—7:—3.

» Cau 17.Trén mat phang toa d6 Oxy, vé& ntta duwdng tron tam O, bén kinh r =2 nam phia trén

» Cau 18.

truc Ox. Goi D la hinh phéang giéi han béi ntta duong tron, truc Ox va hai duong
thang x =—1,x =1. Tinh thé tich kh&i tron xoay tao thanh khi quay D quanh truc Ox.
Viét két qua lam tron dén hang don vi.

YA

<

2 1 O 1 2 2
= Loi gidi
v Tra loi: 23
Phuong trinh duong tron tam O ban kinh bang 2 1a x* +y*> = 4.
Phuong trinh ntra trén duong tron tam 1a goc toa do, ban kinh bang 2 1a y = Ja—xt
Thé tich kh6i tron xoay khi quay D quanh truc Ox la

1% =7rj(\/4—x2 )2dxzwj(4—x2)dxzn(4x—x—3Jl _ 227
el sl

= 23.
3)-1 3

Trong khong gian Oxyz, cho ba diém A(3;—1;2), B(2;3;3), C(—2;l; —2). Goi M(a; b;c)

B — —_— —_—

1a diém thudc mit phang (Oxz) sao cho biéu thitc T = MA.MB+MB.MC + MC.MA c6

gia tri nho nhat. Tinh OM ‘ (Lam tron két qua dén hang phin tram).

= Loi gidi
v Tra loi: 1,41
Goi I(a;b;c), sao cho ﬁ+ﬁ+ﬁ=6 = 1(1;1;1).

_— _ _—

Ta c6: MA.MEB + MB.MC + MC.MA
~ (M1 +IA).(MI + 1B+ (Mi + IB).(Mi +IC )+ (MI + IC).(MI + IA)

=3MP” +2M(IA+IB+IC IA.IB+IB.IC+IC.IA), (ma IA+IB+IC=0)

— —_— — —_— —

~3MI + (E.IB +IBIC+ IC.IA) —3MI*—18

—_— —_— —_—

Dbé MA.MB+ MB.MC + MC.MA ¢6 gia tri nho nhat < MI nho nhat.
Ma I c6 dinh nén M 1a hinh chiéu caa [ lén(Oxz), suy ra M(l; 0;1).

Vay ‘W‘:ﬁzl,m

D. Cau héi — Tra 10i tu ludn (03 diém)

» Cau 19.

» TOAN TU TAM - 0901.837.432

Mot con lac 16 xo dao dong diéu hoa theo phuong ngang trén mat phang khong ma sat
nhu hinh vé sau, ¢6 van tdc tiec thoi cho boi v(t) =2cost, trong d6 ¢ tinh bang gidy va
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v(t) tinh béng cm/s. Tai thoi diém t =0, con 18c d6 6 vi tri cAn bf?mg.

vi tri
can bang

}

AV AYAY AV AV AV AV |
| R |
Tinh quang duong ma con lac 10 xo di chuyén duoc sau 2 giay ké tir vi tri can bang
theo don vi centimét.

= Loi gidi
Quang dudng ma con lac di chuyén sau 2 giay ké tir vi tri can bang la:
2 2
2
S= J'v(t)dt = f2costdt =2sint| =2sin2 (cm).
0 0 O

» Cau 20.Trong khong gian Oxyz (don vi trén mdi truc toa d6 1a mét), mot ngoi nha nhw hinh vé
dudi day c6 san nha nam trén mat phang (Oxy) . Hai méi nha lan luot ndm trén cac mat
phang (P) :2x+y+5=0va (Q) 1 2x+y—-2z+17=0. Xac dinh géc gitta hai mit phang
(P) va (Q) (lam tron dén hang phan chuc cua d9).

(P)c6 VTPT 1a 7i

()

(Q)co VIPTla 7 =(2;1;-2)

@

Jrar .\/22 +r4(2) 3

»’ @

_ Cos(m): )‘_ 22+1.140.(<2) 5

cos(fi ¥

» Cau 21.Cho hai ham sd& f(x)zax3 +bx* +cx+1 va g(x) =dx’ +ex (a,b,c,d,e € R). Biét rang do
thi ham s6 y = f(x) va y= g(x) cat nhau tai 3 diém c6 hoanh d6 Tan luot 1a —1; %; 2

(tham khao hinh vé€). Hinh phéng gi6i han boi 2 d6 thi da cho c¢6 dién tich béng bao
nhiéu?

» TOAN TU TAM - 0901.837.432
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Suy ra a(x+1)(x—%j(x—2)=ax3+(b—d)x2+(c—e)x+1.
Xéthé s tuw dosuy ra: a=1.

Do do: f(x) x+1( %Jx 2
=5- I( s()ax+ ] (s()- (1)

» TOAN TU TAM - 0901.837.432 Trang 8
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KIEM TRA GIUA HOC KY II KHOI 12
Ht NAM HQC 2024 - 2025

PESO 6

PHAN LOI GIAI CHI TIET

A. Céu héi — Trd 10i trdc nghiém (03 diém)
» Cau 1. Chohamsd f (x) = 6x°, khang dinh nao dudi day dung?

A. If(x)dx:éx6+C. B. If(x)dx:§x6+C.

C. If(x)dx =x°+C. D. jf(x)dx =" +C.
= Loi giai

Chon C

Ta co: I6x5dx =x*+C

» Cau 2. Ho nguyén ham cua ham s6 f(x)=¢"+2x 1a

A. Lle"+x2+C. B.e"—x*+C. C.e"-2+C. D. e +x*+C.
X+
= Loi gidi
Chon D
» Cau 3. Trong cac khang dinh sau, khang dinh nao sai?
A. Idx=x+C. B. Icosxdx=sir1x+C.
x+1
C. J-e"dxz ¢ _LiC. D. Ildx:1n|x|+C.
x+1 X
= Loi gidi
Chon C

je"dx =¢" +C nén C sai.
» Cau 4. Tim nguyén ham ctia ham s6 f(x) =2025".
2 2 x+1 2 2 X
025 D 025

A. 2025 In2025+C. B. 2025 +C. C. +C. D. +C
x+1 In2025
= Loi gidi
Chon D
Ap dung cong thirc Ia" dx="2—+C ,(0 <a# l) ta dugc dap an D.
na

» Cau 5. Nguyén ham ctia ham s8 f(x) =3x° +l 1a
X
A. F(x)=6x+1nx+C.
C. F(x)=3x3+1n|x|+C.

=]

. F(x)=x3+lnx+C.
F(x)=x3+1n|x|+C.

= Loi gigi

S

Chon D

/. _ 2 l _ .3
Ta co: F(x)—j(?ax +xjdx X +1n|x|+C.

» TOAN TU TAM - 0901.837.432



PE
GIO’A HOC KY 2 - K12

2 4 4
» Cau 6. Cho ham s& f(x) lién tuc tréen R va co If(x)dx =9; _[f(x)dx =4.Tinh I = _[f(x)dx.
0 2 0

A I=5. B. I=36. C.I=-. D. I=13.

e

= Loi gidi
Chon D

Ta co: I:jif(x)dx:j.f(x)dx+:4[f(x)dx:9+4:13.
» Cau 7. Cho jf (x)dx=2, jg )dx = 5 tim khéng dinh sai dudi day.
[ F(x)+g(x)Jdx=7. B. 2 (x)dx=4.
[ £(x)=8(x)]dx=3. D. [[-g(x)]dx=-5.

.....

A.

(@

—e— s e

Chon C
Ta co j[f(x)—g(x)]dx:‘!f(x)dx—.lfg(x)dx:3

1

» Cau 8. Dién tich hinh phang gi6i han béi cac duong y = x’ +1, truc hoanh va cac duong x =0,

x=2 la?
A s=10 B.S=1% c.s=1 D.S=4.
3 3 3
= Loi gidi
Chon B

2

Dién tich hinh phing can tim la S = _ﬂxz +1|dx =j.(x2 +1)dx =["?3+ xj

0

» Cau 9. Chohai hamso f (x) va g(x) lién tuc trén [u b:l Dién tich hinh phang gidi han boi do
thi ctia cadcham s6 y = f( ) y= g( ) va cac duong thang x=a, x=b bang

b

[[F(x)=g(x)]x .

A.

B. :”f(x)+g(x)‘dx.

e

Chon C
Dién tich hinh phang giéi han béi &6 thi ctia ciccham s8 y = f (x), y=g(x) vacécduong

b
thang x=a, x =b duoc tinh theo cong thitc S = '”f(x)—g(x)‘ dx.

» Cau 10.Trong khong gian Oxyz, cho mat phang (P) c6 phueong trinh —2x+2y-2z-2025=0.
Mt phang (P) c6 vecto phap tuyén la

» TOAN TU TAM - 0901.837.432 n
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A. (4-42). B. (-2;2;-3). C.(-442).

e

D. (0;0;-3).

Chon A
Duwa vao mat phéng ( P) , ta duoc vecto phap tuyén la (—2; 2;—1). Chon dap an A vind

cung phuong véi (—2; 2;—1).
» Cau 11.Cho mat phang (a) 6 phuong trinh 1a x+2y—1=0, vecto phap tuyén cia mit phang

(a) la?

A.ii=(1;2;-1). B.ii=(-1;,-2;1).  C.ii=(1;2;0). D. 7i=(1;-2;0).
= Loi gigi

Chon C

» Cau 12.Trong khong gian Oxyz, cho mit phang (P):x—2y+z—5 =0. biém nao dudi day
khéng thudc (P)?

A. A(2;-1;-5). B. B(0;0;5). C. C(5;0,0).

.....

D. D(1;1;6).

Chon A

Vi 2-2.(-1)+(-5)-5=-6#0 nén diém A(2;-1;-5) khong thudc (P).

B. Cdu héi — Trd 1oi ditng/sai (02 diém)
» Cau 13.Cho ham s8 f(x)=2x va g(x)=x"—4x.Khi do:

Ménh dé

Dung

Sai

(a)

[2f(x)dx=2[f(x)

(b)

jg x)dx (dex) j4xdx

(©) !f%i;d =(¥* —2x)

(d) | CO tat ca 3 gi tri m >0 thdéa man ]Z‘f(x)—

1

(a) I2f(x)dx = ZJ.f(x)dx
Theo tinh chat ciia nguyén ham I2f(x)dx = 2If(x)dx
» Chon DUNG.
(b) _[g(x)dx = (J.xdx)2 —I4xdx.
J.g(x)dxzjx2dx—j4xdx.
» Chon SAIL

(c) j%dx = (x2 —2x)‘12.

» TOAN TU TAM - 0901.837.432 “
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» Chon SAIL

(d) C6 tit ca 3 gid tri m >0 thoa man ]Z‘f(x)—2‘dx=0.
0

‘(Uf(x)—Z‘dsz@.(|].|2x—2|dx=0(*)

Truong hop 1: 0<m <1

(*)@I(—2x+2)dx=0<:>(—x2+2x)‘: =O<:>—m2+2m=0<:{222

Déi chiéu diéu kién, ca hai gia tri khong thoa man.
Truong hop 2: m=>1
1 m
(*)= I(—2x+2)dx+f(2x—2)dx =0 (—x2 +2x)
0 1

m

10+(x2—2x) =0

1
S 1+ (m* =2m+1) =0 m’ —2m+2=0(1)
Phuong trinh (1) vO nghiém.
Vay khong co gia tri mnao thoa man.
» Chon SAL
» Cau 14.Trong khong gian Oxyz, cho mat cau (S) : (x—l)2 +(y—2)2 +(z—3)2 =9 va mit phang
(P):2x+2y—z+24=0.
Ménh dé Pang | Sai
(a) | Toa d0 tam ctia mat cau (S) 1a I(l;2;3).

(b) | Mat phang (P) c6 mot véc to phap tuyén la 7 = (2; 2;—1) :

(c) | Khoang cach tir tam ctia mt cau (S ) dén mit phang (P ) bang 10.

biém M (u; b; c) thudc mat cau (S) sao cho khoang cach tt M dén
(d)

(P) nho nhat. Khi d6 a+b+c ¢ gid tri bang 3.
(a) Toa d¢ tam cua mdt ciu (S) la 1(1;2;3).
Khi d6 a+b+c c6 gia tri bang 3.
Toa @0 tAm ctiia mat cau (S) la 1(1;2;3).
» Chon DUNG.
(b) Mt phing (P) co mot véc to phap tuyén la 1 = (2; 2;—1).
Mit phang (P) c6 mét véc to phap tuyén 1a 7 = (2; 2;—1) :
» Chon DUNG.
(c) Khoang cdch tir tdm cua mdt ciu (S)déh mdt phing (P) bang 10.

Ta c6 khoang cach tir tdm cua mét cau (S ) dén mit phang (P) la

» TOAN TU TAM - 0901.837.432 Trang 4
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|2.1+2.2—3+24|
=9,

d(I;(P)) =
W) J2 2+ (1)

» Chon SAIL
(d) Diéim M (a;b;c) thudc mdt ciiu (S) sao cho khodng cich tic M déh (P) nho nhat. Khi dé a+b+c c6

gid tri bang 3.
1(1;2;3)

()] -2 (a3 -0

Ta ¢ d(I,(P)) =9> R nén mjt phing (P) va (S) khong c6 diém chung.

x=1+2t
Goi d 1a duong thang di qua tam I va vuéng goc véi (P) =>d:qy=2+2t (te]R).
z=3-t
biém M can tim la giao diém cta d va (S)
Toa do cua M la nghiém ctia hé phuwong trinh
[[t=1
x=3
x=1+2t x=1+2t y=4
y=2+2t y=2+2t |[|z=2 [ M,(3:42)
= = =
z=3-t z=3-t t=-1 | M,(-1,0;4)
(x-1) +(y-2) +(z-3) =9 |F= x=-1
y=0
z=4

d(M],(P)) > d(Mz,(P)). Vay diém M, (—1;0;45 la diém can tim. Suy ra a+b+c=3.
» Chon DUNG.

C. Cau héi — Trd 1oi ngdn (02 diém)

3
n 2 .. , -
» Cau 15.Biét _[x+ dx=a+blnc, voi a,b,ceZ,c<9. Tinh tong S=a+b+c.
X
1
= Loi giai
v Tra loi: 7

Ta co j-x+2dx:ji(1+%]dx:j‘dx+j-zdx:2+21r1|x”3 =2+2In3.
1 x 1 X 1 lx !

Dodba=2,b=2,c=3=5=7.

» Cau 16.Trong khong gian véi hé toa do Oxyz, cho cho t& dién ABCD biét A(3;0;0), B(O; 6;0),
C (0; 0;9), D(3; 6;9). Phuong trinh mét phang trung truc ctia doan thang CD c6 dang
ax+by+cz—15=0 (a;b;ceZ). Tinh gid tri S=a+b+c

= Loi gigi
v Tra loi: 6
Ta cé: CD =(3;6;0)

» TOAN TU TAM - 0901.837.432
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Goi I la trung diém cua CD ta co 1(5;3;9)

Mit phéng trung truc cia doan thang CD di qua trung diém I ctia CD va vudng géc

v6i CD nén c6 véc to phap tuyén 7 = %C? = (1; 2;0).

Phuong trinh mét phang trung truc ctia doan thang CD la:

1£x—3 +2(y-3)+0(z-9)=0 < 2x+4y-15=0.

2
a=2
Khido sb=4=5=6
c=0

» Cau 17.Mot chiéc xe chuyén dong trén doan duong thang, van tdc ctia xe tai thoi diém ¢ (tinh
bang giy) dwoc mo ta boi ham sd v(t)=2¢*+3(m/s). Tinh van tdc trung binh ctia xe
trong khoang thoi gian tit t =0 dén ¢t =5 gidy (lam tron dén hang phan muwoi)?

= Loi giai
v Tra loi: 19,7
Van t6c trung binh cua xe trong khoang thoi gian tir t =0 dén t =5 giay la:

b
v, :b—iaj‘v(t)dt :%j(ztz +3)dt =%(§t3 +3tj 5 :%(%—oj :?z 19,7.
a 0 0

» Cau 18.Mot hoa van duoc tao ra tir mot miéng bia méng hinh chit nhat bang cach vé hai phan
bang nhau ¢ hinh dang parabol nhw hinh bén. Biét rang AB = 4(dm) ; BC= S(dm), gia

trang tri l(dmz) hoa vian duoc t6 dam la 60.000 dong va l(dmz) phan trang 1a 45.000
dong, can bo ra bao nhiéu triéu dong dé trang tri 100 hoa van dé6?
= Loi giai
v Tra loi: 160
Vi AB=4(dm); BC =8(dm)= A(-2;4),B(2;4),C(2;-4), D(-2;-4), parabol c6 dinh

O(0;0) nén c6 cong thirc la: y =x* hodc y=—x°
2

Dién tich phan dwoc t6 dam 1a: S, = 4I xidx = % (dm®)
0

Dién tich hinh chit nhat 1a:S=4.8 =32 (dm’)
Dién tich phan trang 1a:S, =S-S5, =32 —% = % (dm*)

SG tién can bo ra dé trang tri 100 hoa van la:

T = (% x60.000 + %x 45.000j x100 =160.000.000 (d6ng).

D. Cau héi — Tra 10i tu ludn (03 diém)
» Cau 19.Ba chiéc mdy bay khong nguoi lai cung bay 1én tai mot dia diém. Sau mot thoi gian bay:

* Chiéc mdy bay tht nhat ¢ vi tri A cach diém xudt phat vé phia Péng 60 (km) va vé
phia Nam 40 (km), dong thoi cach mat dat 2 (km).
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* Chiéc may bay thtt hai ¢ vi tri B cch diém xudt phat vé phia Bac 80 (km), vé phia

Tay 50 (km), dong thoi cach mat dat 4 (km).
* Chiéc may bay thit ba ¢ vi tri I nam chinh gitra ctia chi€c may bay thit nhat va thi
hai, dong thoi ba chiéc may bay nay thang hang.
Viét phuong trinh mat phang (P) di qua I va vuong goc véi duong thang AB.
= Loi gidi
Chon hé truc toa d6 Oxyz, voi gdc dit tai diém xudt phat
ctia ba chiéc may bay, mit phang (Oxy) trung v6i mét

dat, truc Ox hudng vé phia Bac, truc Oy hudng vé phia

Tay, truc Oz huwdéng thang ding 1én troi, don vi do 13y . - Tav
theo kilomét (xem hinh vé). / R

Sau mot thoi gian bay: :
= Toa do chiéc mdy bay thit nhétla A(-40;-60;2). Bic

* Toa dd chi€c may bay thit hai la B(80;50; 4).

= Do chiéc may bay thit ba ndm chinh gifta ctia chiéc mdy bay thit nhat va thi hai,
dong thoi ba

chiéc may bay nay thang hang nén may bay thit ba ¢ vi tri trung diém I ctia AB, suy
ra toa do chiéc may bay thi ba la 1(20; —5;3)

Ta cd: AB=(120;110;2)=> ii = (60;55;1) 1a vecto phép tuyén cua (P)

Phuong trinh mat phang (P) la

60(x—20)+55(y+5)+(z-3)=0<>60x+55y+2—-928 =0

» Cau 20.Cho ham s8 f(x)=e¢* +x*. Tim ho cdc nguyén ham cta ham s§ g(x)=2f(x).
s Loi gidi

Ta co: Ig(x)dx = IZf(x)dx

= .[2(ezx + xz)dx = ZJ.eZ"dx+2Ix2dx =e™ +2x3 +C.

3

» Cau 21.Cho mot md hinh 3D mo6 phong mot duwong ham nhw hinh vé

Biét rang duong ham mo hinh c6 chigu dai 5 (cm); khi cat hinh nay béi mit phang
vuong goc voi day cua nod, ta duoc thiét dién 1la mot parabol c6 do dai day gap doi
o o o Re A 1in e A . 2
chiéu cao parabol. Chiéu cao ctia moi thiét dién parobol cho boi cong thicy =3 —5x
(em), v6i x (cm) 1a khoang cach tinh tir 18i vao 16n hon cua dudng ham mé hinh.

Tinh thé tich (theo don vicm’) khong gian bén trong dwong hdm mo hinh (lam tron
két qua dén hang don vi)
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= Loi gidi
Xét mot thiét dién la parabol ¢ chiéu cao 1a h va d6 dai ddy la 2k va chon hé
truc Oxy nhu hinh vé.

/T \”

Parabol (P) c6 phuong trinh y =ax® +h (a<0, h>0)
Ta co: B(h;O)e(P)@ah2+h=O<:>a=—% (doh>0):>(P):y=—%x2+h

2
" (—lxz +hjdx _ 4
"\ <h

Dién tich thiét dién 1a S(x) = [ 3

2
Do h=3—gx:S(x)=i 3—£x
5 3 5
Thé tich khong gian bén trong ctia dwong ham mo hinh:

: 4(. 2 Y
14 :£S(x)dx=£§(3—§xJ dx ~28,88cm’ =29 cm’.

Hét
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KIEM TRA GIUA HOC KY II KHOI 12
NAM HQC 2024 - 2025

PESO 7

PHAN LOI GIAI CHI TIET

A. Céu héi — Trd 10i trdc nghiém (03 diém)
1

Tinh I = j(e" +3\/;)dx.
0

A. 2+e. B. l+e. C.1+¢%. D. 3.
= Loi gidi

» Cau 1.

» Cau 2.

» Cau 3.

» Cau 4.

» TOAN TU TAM - 0901.837.432

Chon A
1
Taco I=[(e" +3vx Jdx = (e +2xv/x
(e - 204
Trong khong gian Oxyz, mat phang (P) :X+y+z-3=0 di qua diém nao dudi day?

A. M(-;-1;-1).  B. N(L,L1). C. P(-3;0;0). D. Q(0;0;-3).

. Loi gidi

1
=e+2.
0

Chon B
Thay toa dd diém N vao phwong trinh mat phéng (P) ta c6 1+1+1-3=0. Do dé

Ne(P).
Trong hé toa d¢ Oxyz, viét phuong trinh mat phéng trung truc ctia doan A(l; 1;—1),

B(5;2;l)

A. 6x+3y-27=0. B. 8x+2y+4z-27=0.

C.8x+2y+4z+27=0. D. 4x+y+2z-3=0.
= Loi giai

Chon B

Ta co: AB=(4;1;2)

Goi I la trung diém cua AB = 1(3;%;0j

Phwong trinh mat phéng trung truc cua doan théng AB di qua trung diém I [3;% ;Oj
ctia ABvanhan AB= (4;1;2) lam vécto phap tuyén c6 dang;:

3 27
4(x—3)+ y—E +2z :0<:>4x+y+2z—7:0<:>8x+2y+4z—27 =0.

Chohamsd y=f (x) lién tuc trén doan [a; b]. Goi F (x) la mot nguyén ham ctia ham
s0 f(x) trén doan [a;b] . Khang dinh nao sau day sai?

c

A. j:f(x)dxzjf(x)dx+_i|1f(x)dx (a<c<b).

a
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i
C :[f(x)dx:F(a)—F(b)
T

Chon C

= Loi gidi

Ta cé: j:f(x)dsz(b)—F(a).

» Cau 5. Cho do thihamso y=f (x) trén doan [a; b] ,goi S ladién tich phan gach soc. Hay chon
khéng dinh dtng

ya

A. S:—jf(x)dx.

a

= Loi giai

Chon B
b
Theo y nghia ctia tich phan S = I f (x)dx .

» Cau 6. Goi S la dién tich hinh phang giéi han boi cac duong y=x>+5,y=6x, x=0,x=1.

Tinh S.
A. 4 B. ! C. i D. >
3 3 3 3
= Loi gidi

Chon B
Phuong trinh hoanh d6 giao diém: x* +5=6x < x=5;x=1.

1
Dién tich hinh phing can tim: § = [|x* ~6x-+5|dx = % .

0

» Cau 7. Trong khong gian Oxyz, cho dwong thang d: *3_Y -;1 _z+2 . Vecto nao duwdi day la

mot vecto chi phwong cua d
A.iy=(3;-1-2).  B.ii,=(42;3). Coil,=(4-23).  D.i,=(312).

Chon C
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Mbt vecto chi phuong ctia duong thang d 1a i, = (4; —2;3) .

» Cau 8. Chohamsd y=f (x) lién tuc trén doan [a;b} . Goi D la hinh phéng gi6i han boi do6 thi
cua ham s6 y = f(x), truc hoanh va hai duong thang x=a, x=b (a < b) . Thé tich cta

khdi tron xoay tao thanh khi quay D quanh truc hoanh dwgc tinh theo cdng thic

b b
A. V:wJ.fz(x)dx. B. Vzwzjfz(x)dx.
b b
C. V:WZIf(X)dx. D. V:27rjf2(x)dx.
= Loi gigi
Chon A

b
Theo ly thuyét ta cé: V = 7r.[ f? (x)dx .

» Cau 9. Khi cat moét vat thé boi mat phang vuong goc véi truc Ox tai diém cé hoanh d x,
(—2 <x< 2), mét cat 1a hinh vudng c¢6 d6 dai cc canh la v4—x? . Thé tich ctia vat thé

da cho bang
A. %w. E.E. C. Qw. D.%.
3 3 3 3
= Loi gidi
Chon B

2
Dién tich ciia mét cit hinh vudng la S(x) = (\/4— x* ) =4-x.

Thé tich ctaa vat thé da cho la:
2
16 16 32
= —+—|=—.

2 2 3
V=[S(x)dx=[(4-2)dx=|dx-2
- (o jor-{-2)
» Cau 10.Cho hinh phang D gi6i han boi &6 thi ham s6 y=x+5, x =0;x =2. Thé tich khdi tron
xoay tao thanh khi quay D quanh truc Ox1la

A 2187 B. 218 C. 218r. p. 2T
3 3 6
w Loi gidi
Chon A

Thé tich khoi tron xoay khi quay D quanh Oxla
2

218

V:w'z(x+5)2dx:7r;|.(x2+10x+25)dx:7r[%3+5x2+25xJ 3

0

» Cau 11.Trong khong gian Oxyz , cho hai mit phing (P):Zx—3y+4z+20=0 va
(Q) :4x 13y —6z+40 =0. Ménh dé nao sau day dung?
A.(P)//(Q). B. (P)=(Q). C. (P) cdt (Q). D. (P)L(Q).
= Loi gidi
Chon C

. \ 2 3 g
Xét (P):2x-3y+4z+20=0 va (Q):4x—13y—6z+40=0c Zi_—B:(P)cat (Q).
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x=1+3t
» Cau 12.Trong khdng gian Oxyz, cho hai duong thang 4, :% :}/TH _z23 vad, :qy=-2-t
z=3-t
Khang dinh nao sau day dung?
A.d //d,. B. d, va d, chéo nhau
C.d =d,. D. d, va d, cat nhau
= Loi giai
Chon A
Duong thang d, :% = }/TH =Z ;3 di qua diém A(O;—l;3) va c6 vecto chi phuwong
i, =(-3;11).
x=1+3t
Duong thang d, :{y =-2—t c6 vecto chi phwong i, = (3;—1;—1).
z=3-t

Tacod i, =—ii, va Ae¢d,.Dodo d, //d,.

B. Cdu héi — Trad Loi diung/sai (02 diém)
» Cau 13.Cho ham s6 f(x) =x’-3x+5. Goi F(x) la nguyén ham cua f(x) va F(l) =5.
Ménh dé Pung | Sai

@ | F(4)=37

(b) JS-(x2 —3x+5)dx =§

2

Dién tich hinh phang giéi han boi d6 thi hai ham s8 f (x) =x"-3x+5
© , g(x) = x+2 va hai duong thang x =1, x=3 bang 4.

Thé tich khéi tron xoay tao thanh khi quay hinh phang giéi han béi

(d) d6 thi hai ham s f(x)=x"-3x+5, g(x)=x+2 va hai duong thing

x =1, x=3 quanh truc Ox bang %77.

= Loi gidi

(a) F(4)=37.

Ta co: P(x)zj.(xz —3x+5)dx=x?3—%x2+5x+C.

3 2

. B A 1__31
Vi F(l)—S nén 3 2

+5.1+C=5<:>C=%.

3
Ta suy ra F(x)zx——ix2 Fsxal
3 2 6

Do d6 F(4)=%.

>>Ch(_)nSAI.
®) [(x* —3x45)de =2
f(-3es)ax= 22
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5
Ta co: J.;(x2 —3x+5)dx = (%—%xz +5xj‘2 :%—? :g'
» Chon DGNG.
(c) Dign tich hinh phing gi6i han béi do thi hai ham so' f(x)=x"-3x+5, g(x)=x+2 vd hai duong
thaing x=1,x=3 bing 4.

Phuong trinh hoanh d¢ giao diém:

x2—3x+5=x+2<:>x2—4x+3:0<:{x ;
x:

Dién tich hinh phang la:
3 3 4
S =”x2 —3x+5—(x+2)‘dx =”x2 —4x+3‘dx =—.
1 1 3
» Chon SAL
(d) Thé'tich khoi tron xoay tao thanh khi quay hinh phing giéi han béi do thi hai ham s6” f (x) =x"-3x+5

, g(x) =x+2 va hai dwong thﬁng x =1, x =3 quanh truc Ox bﬁng %w.

Theé tich khéi tron xoay la: V = 7sz (x2 —3x+5)2 —(x+2)2 dx = %7‘(’.
1

» Chon DUNG.

» Cau 14.Trong khong gian v6i hé toa d Oxyz, cho hai diém A (—3; 1; 2), B (1; 5; —2) va mit phang
(P) c6 phuong trinh tong quat la 2x -4y +4z+3=0.

Ménh dé Ping | Sai

(a) | Khoang cach tir diém A dén mat phang (P) bang %

Goi duong thang d di qua A va vudng goc véi (P) . Phrong trinh

(b) x=-3+t
tham s6 cua duong thang d 1a Jy=1-2¢ ,(t € R)

z=2+2t

Goi (o) la mat phang di qua hai diém A, B dong thoi vudng goc véi
(c) | mat phang (P) . Mit phang (a) c6 phuong trinh tong quat la
Sx-4y+z+17=0.

Cho diém M [—% ;O;Oj thudc mit phang (P) Goi duong thang A la

@D hinh chidu ctia duong thang BM 1én (P) . Puong thang A c6 mot

vecto chi phuong la i, = (68; 44;10)
= Loi gigi

(a) Khoing cich tr dicin A déi mit phing (P) bing -
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2.(-3)-4.1+42+3
- -

Khoang cach tir diém A dén mat phang (P) bang d(A,(P)) =
2'+(-4) +4°
» Chon DUNG.
(b) Goi dwong thing d di qua A va vudng goc véi (P) Phuong trinh tham so' ciia dwong thing d la

x=-3+t
y=1-2t (teR).
z=2+2t

Vecto phap tuyén ctia mit phang (P) 1a 7i=(1;,-2;2).

Duong thang d vudng gdc véi (P) nén d cd vecto chi phuong la 7 = (l; —2;2).
x=-3+t

DPuong thang d di qua A nén c6 phuong trinh tham s§ 1a {y =1-2¢ ,(t € ]R).
z=2+2t

» Chon DPUNG.

(c) Goi (a) la mdt phing di qua hai diém A,B dong thoi vudng goc véi mdt phing (P) Mgt phing (a)
c0 phwong trinh tong qudt la 5x—4y+z+17=0.

(a) di qua hai diém A, B dong thoi vudng goc véi mit phang (P ) nén c6 cdp vecto chi

phuong la 7i=(1;-2;2) va AB=(4;4;,-4) (hay @ =(1;1,-1)).

Do d6 (a) 6 vecto phap tuyén [ﬁ,ﬁ] = (0;3;3).

Mit phang (a) di qua A c6 phuong trinh tong quatla y+z-3=0.

» Chon SAIL
(d) Cho diéin M(—% ;0;0) thugc mit phing (P). Goi dwong thing A la hinh chiéi cia dwong thing
BM lén (P) Duong thing A cé mot vecto chi phuwong L i, = (68; 44;10).

Co MB =G;5;—2}, b=2MB=(5;10;,-4).

Dt &= ii,b |=(12;-14;-20).

Do ¢ L7i,b=¢ Lii,, mitkhac 7i Lii,, khi d6 i, = [Z,Z} = (68;44;10).

» Chon DUNG.

C. Cdu héi — Tra 1oi ngin (02 diém)
» Cau 15.Tinh dién tich hinh phang gi¢i han boi d6 thi ham s§ f(x)=3", truc Ox, dudng thing

x=0; x=1. Lam tron két qud dén hang phin muoi.
= Loi gidi

v Tra loi: 1,8

[ 3 1 2

1n3|0 In3 In3 In3

» Cau 16.Mot phan san truong duogc dinh vi boi cac diém A, B,C, D, nhu hinh vé:

Szj.3"dx= ~1,8.
0
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A 25m B
15m
18m
D
C

Budc dau chiing duoc 18y “thang bang” d€ c6 ciing d6 cao, biét ABCD 1a hinh thang
vuong & A va B véiddodai AB=25m, AD=15m, BC =18m . Do yéu cau ki thuat, khi
lat phang phan san treong phai thoat nudc vé géc san & C nén nguoi ta 14y d6 cao &
cac diém B, C, D xudng thap hon so véi do cao & A la 10cm, a cm, 6cm tuong ung.
Gid tri cia a bang bao nhiéu?

= Loi gidi
v Tra loi: 17,2

Chon he truc toa d6 Oxyz sao cho O=A, tia Ox= AD; tia Oy = AB.

Khi d6: A(0;0;0); B(0;2500;0); C(1800;2500;0); D(1500;0;0).

Khi ha d¢ cao cac diém ¢ cac diém B, C, D xudng thdp hon so véi dd caod A 1a 10cm
, acm 6cm twong tGng ta c6 cac diém mdi B’(0;2500;—10); C’(1800;2500;—a);
D'(lSOO;O;—6).The0 baira co bén diém A; B'; C'; D" dong phéng.

Phuong trinh mét phang (AB'D’) (x+y+250z=0.

Do C'(1800; 2500;—a)(AB'D') nén ta c6 1800+2500—-250a=0<>a=17,2.

Vay a=17,2cm .

» Cau 17.Trong khong gian Oxyz, cho ba diém A(I;O;l), B(I;I;O) va C(3;4;—1). Phuong trinh

» TOAN TU TAM - 0901.837.432

duong thang di qua A va song song véi BC ¢6 dang XT_I _y_z-1 (m;n € Z). Tinh
m n

gidtri S=m+n
= Loi gidi
v Tra loi: 2
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Puong thing d di qua A vasong song véi BC nhan BC = (2 ;3 ;—1) lam mot véc to chi

phuong.
Phuong trinh ctia duong thang d : xT—l = % = Z—_ll
L., |lm=3
Khldo{ 1:>S=m+n=2
n=-

» Cau 18.Trong khong gian Oxyz, mot cabin cap treo xudt phat tir diém A(-2; 1;5) va chuyén
dong déu theo dudng cap c6 vecto chi phuong la i =(0;-2;6) voi tdc do 1a 4 m/s (don
vi trén mdi truc toa do 1a mét). Gia st sau 5 (s) ké tlr Idc xudt phat, cabin dén diém M.
Goi toa do M(a;b;c). Tinh 2a+3b+c.

= Loi giai
v Tra loi: 4
x=-2
Phuong trinh tham s6 ctia duong cap la: d:qy=1-2k (k € R)
z=5+06k

Do t6c d¢ chuyén dong ctia cabin la 4 m/s nén d¢ dai AM = 4t (m)

Vi véy sau 5 (s) ké tir ltic xudt phat, cabin dén diém M thi AM =4.5=20 (m).
Vi M ed=> M(-2;1-2k;5+6k)

ZM(O; —2k; 6k). Do 2 vec to m;ﬁ cung huéng k>0

AM =20 < J0? +4k* 136k =20 & 40k* = 400 < k = +\10

Vi k>0=k=+10.
Vay toa do M(—2;l—2\/5;5+6\/ﬁ). Khi d6 2a+3b+c=—4+3(1—2\/E)+5+6\/E=4.

D. Cau héi — Tra 10i tuw ludan (03 diém)
» Cau 19.Cho F(x) la mot nguyén ham ctia ham s6 f(x):3" trén R théa man P(O):O. Tinh

F(1).

= Loi giai
3 12
ln3|0 In3 In3 In3

Ta cé: F(l)—P(O)::[ f(x)dx::[?,"dx:

Suy ra F(1)=—=+F(0)=—+0 =
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» Cau 20.Mot cong ty quang cdo mudn lam mot biee tranh trang tri nhu phan MNEIF duoc to
dam trong hinh vé bén dwdi ¢ chinh gitta cia mot birc twong hinh chit nhat ABCD c6
BC=6m,CD=12m.

>
oy

F, N\F :
i
6m
D | cV
M N
<————21;‘ri—-——>

Bi€t MN =4m ; cung EIF c6 hinh parabol véi dinh I 1a trung diém ctia canh ABva di
qua hai diém C,D. Kinh phi lam btic tranh 1a 1200000 dong/m’. Hoi cong ty d6 can
bao nhiéu tién d€ lam bic tranh? (két qua lam tron dén hang nghin).
= Loi gidi
Goi O la trung diém canh MN va trung véi goc toa d6 = M(—Z;O);N(2;O).
Phwong trinh parapol dinh I (0;6) va di qua hai diém D(—6;0) ;C (6;0) la
1
P):y=——x"+6.
(P):iy=-2
Dién tich hinh phffmg gioi han béi (P) Y= —%xz +6;, y=0;x=-2,x=2.
Lve
6

Khi d6: S=J2. dng(mz).
5

Vay cong ty 46 cAn’sd tién € lam bie tranh Ia: %.1200 000 ~ 27733000 (dong).

» Cau 21.Trong mdt trd choi md phong ban sing, mot ngudi choi dat diém ngam tai diém O 1a
giao diém ctia AC va BD trong can phong hinh hop chit nhat ABCD.A'B'C'D’ ¢6 kich
thuwdc AB= SO(m), AD = 35(171), AA' = 10(m). Nguoi choi c¢6 nhiém vu tit di€m ngém da
d3t ban tring mot muc tiéu di dong trén mat phang (CB'D’). Tinh khoang céch ngan
nhat tir diém ngdm &6 dén muc tiéu (lam tron dén chir s6'thap phan thit 2).

= Loi gidi

» TOAN TU TAM - 0901.837.432
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Chon hé truc toa d0 nhw hinh vé, ta cé B'(O;SO;IO),D’(35; 0;10) , C(SS;SO;O) va
0(17,5;25;0)
Mgt phing (CB'D') nhan B'D'=(35-50;0) va CB'=(35;0;~10) lam cip vecto chi
phuwong nén (CB'D') nhan 7= [ﬁ,@;} = (500;350;1750) lam vecto phap tuyén.
Mat khac, (CB’D’) qua D’(35;0;10) nén c6 phuong trinh 50x +35y +175z-3500=0
Do muc tiéu di dong trén mit phang (CB'D') nén khoang cdch ngan nhat tir di€ém ngam
dén muyc tiéu chinh la khoang cach tir diém O dén mat phang (CB'D’)
_[50.17,5+35.25+175.0-3500) < 9,44(m).

V507 +35% +175°
Vay khoang cach ngan nhat tir diém ngam dén muc tiéu 1a khoang 9,44 mét.

Ta c6 d(0;(CB'D'))

Hét

» TOAN TU TAM - 0901.837.432
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PHAN LOI GIAI CHI TIET

A. Céu héi — Trd 10i trdc nghiém (03 diém)

» Cau 1.

» Cau 2.

» Cau 3.

» Cau 4.

Khang dinh nao sau day sai?
5

A. Jde=C. B. Ix4dx:x—+C.
5
C. J.ldlenx+C. D. Ie"dx=e"+C.
X
= Loi gidi
Chon C

Ta co: Iidx=ln|x|+c = C sai.

Khang dinh nao trong cac khiang dinh sau dting véi moi ham f, g lién tuc trén K va a
, b la cac s0 bat ky thudc K?

A.

QA C——

[f(X)+2]dx=i f(x)dx+2idx. B [£ 8‘1": II

C. :[[f(x).g(x)]dxzif(x)dx .j!jg(x)dx. D. j:fz (x)dx=[]jf(x)dx}2.

= Loi gidi

Chon A

Theo tinh chat tich phan ta c6

b b b b b

Hf(x)+2}dx = If(x)dx+_[g(x)dx;fkf(x)dx = kIf(x)dx, voi keR.

Tinh i(&+2x.ln2)dx.

1
A2 Pl c. 3 . 2
3 3 3 3

= Loi gigi

Chon B

Ta co j‘(x/;+2".ln2)dx :(gx X +2"J

4
1 1

=£§.4.\/Z+24J—£§.1.\ﬁ+21j=?.

Tinh dién tich S ctia hinh phang gi6i han béi cdc duong y = x* +4, truc hoanh, x=0,

x=1.
A. ET( E.E C.E D.Eﬂ'
3 3 6 6

e

= Loi gidi

» TOAN TU TAM - 0901.837.432 n
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» Cau 5.

» Cau 6.

» Cau 7.

» Cau 8.

» Cau 9.

» TOAN TU TAM - 0901.837.432

Chon B

4

Tacd S =J1.‘x2 +4‘dx = j(xz +4)dx =(§+4x}
0 0

1

Tinh dién tich S cta hinh phéng gioi han boi cac duong y=x"+x;,y=x;x=4 va truc

tung.
A% B. & c 12 p. 12,
3 3 3 3
= Loi gidi
Chon B
4
4 4 3
Ta cé S=Hx2+x—x‘dx=‘|.x2dx:[x_] zﬁ_
0 0 3 B 3
Trong khong gian Oxyz, khoang cach tt M(l; 28 —3) dén (P) (x+2y+2z-10=0 1a
A. 3 B. 2. et A
3 3 3
= Loi gidi
Chon D

_|1+4—6—10|_£

V1+4+4 3

Xét trong khong gian Oxyz, tinh thé tich ctia vat thé nam gitta hai mit phang x=—1 va

Ta c6 d(M,(P))

x =1 biét rang thiét dién ctia vat thé bi cat boi mat phang vudng géc véi truc Ox tai
diém cé hoanh d6 x (—1<x <1) 1a mot hinh vudng canh la 24/1-x7 .

A V=16 B. v —16m cv=14 D. V=147
3 3 3 3

= Loi giai
Chon A
Thiét dién ctia vat thé bi cit Ia hinh vuéng ¢é canh la 2/1-x* nén dién tich thiét dién
la S(x):4(1—x2).

1

1 1
Thé tich ctia vat thé: V = J.S(x)dx = _[4(1—x2 )dx = 4x—ix3 —E.
e e 3 s 3
Ho nguyén ham cua ham s6 f(x)=3x+1 la
3
A. xX*+C. B.x?+x+C. C. 6x+C. D. X’ +x+C.

= Loi gidi
Chon D

Ta cé I(3x2+1)dx =3.x?3+x+C =x’ +x+C.

Tinh thé tich V cta khéi tron xoay tao thanh khi quay quanh truc hoanh hinh phang

giéi han boi cac duong y=x"-2x, y=0, x=0 va x=1.

A.V=8—7r- B.V="". cv="". D.V
15 8 7
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Chon A

1 1 4) 8m
SN U P P
0 5 3 15

» Cau 10. Trong khong gian Oxyz, cho mit phang (P) c6 phuwong trinh —2x+2y—-z-3=0. Mat
phang (P) co6 vecto phap tuyén la
A. (0;0;-3). B. (4,-4;2). C. (-2;2;-3). D. (-4;4;2).
= Loi giai
Chon B
Dua vao phuong trinh mit phang (P) , ta duoc vecto phap tuyén cua (P) la (—2; 2 ;—1)
. Chon dép an A vi né cung phweong voéi (—2; 2;—1).
» Cau 11.Trong khong gian Oxyz , cho hai diém A(2;4;1), B(—1;1;3) va mat phéng
(P) :x—3y+2z-5=0. Lap phuong trinh mit phang (Q) di qua hai diém A, B va
vudng gdc v6i mit phang (P) .
A. 2y+3z-11=0. B. 2x-3y-11=0. C.x-3y+2z-5=0. D. 3y+2z-11=0.
= Loi gidi
Chon A
Ta c6: AB= (—3;—3;2), vecto phép tuyén cua mp(P) la 7, = (1;—3;2) !
Tt gia thiét suy ra 7 = [Eé,ﬁp} =(0:8;12) la vecto phap tuyén cua mp (Q) .
Mp (Q) di qua diém A(2;4;l) suy ra phuong trinh téng quat ciia mp (Q) la:
0(x—2)+8(y—4)+12(z-1)=0<=2y+3z-11=0.
» Cau 12.Trong khong gian Oxyz , cho mit phang (P) :2x+4y+3z-5=0 va mat phing
(Q) :—4x -8y —6z+2=0. Vi tri tuong d6i cua hai mat phfmg(P) va (Q) la
A. Mit phing (P) vudng goc véi mat phang (Q) .
B. Mit phang (P) song song v6i mit phang (Q) .
C. M3t phang (P) cat va khong vudng véi mit phang (Q) :
D. Mt phang (P) trling v6i mat phang (Q) .
= Loi giai
Chon B
2 4 3 -5

Ta co _—42_—82_—6¢7:>(P)//(Q)

B. Cdu hoi — Tra 10i ding/sai (02 diém)
» Cau 13.Cho ham s8 y = f(x)=2x+3. Biét F(x) la mot nguyén ham cua f(x) trén K. Khi d¢:
| Ménh dé | Pang | Sai

(a) ‘ Biét F(1)=2 thi F(x)=x"+3x+2.

» TOAN TU TAM - 0901.837.432
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(b) | Gia tri cua j.f(x)dx—j.f(x)dx+"qf(x)dx bang 42.
0 5 -1

© Dién tich hinh phang gi¢i han boi cdc dudng y = f(x), truc hoanh va
C \

x=-2,x=1bdng 6.

The tich khdi tron xoay thu dwoc khi quay hinh phéng gidi han boi
1556m

(d)

hai duong y = f(x) va y=x’-2x+6 quanh truc Ox bang

= Loi gidi
(a) Biét F(1)=2 thi F(x)=2x"+3x+2.
Ta c6 F(x)zjf(x)dx=j(2x+3)dx=x2+3x+C.
F()=2<1P+3.1+C=2=C=-2.
Vay, F(x)=x"+3x-2.
» Chon SAI

(b) Gid tri cua If(x)dx—if(x)dx+if(x)dx bang 42.

Ta co
2

.If(x)dx—l%f(x)dx+if(x)dx=if(x)dx+z|j.f(x)dx—jf(x)dx

5

) if(x)dﬂif(x)d“if(x)dx = jlf(x)dx )

» Chon DUNG.
(c) Dién tich hinh phing giéi han béi cic dwong y = f(x), truc hoanhva x=-2, x=1 bing 6.
1
Dién tich hinh phang can tim 1a: S = I |2x + 3|dx = %
-2
» Chon SAIL
(d) Thé'tich khoi tron xoay thu dwoc khi quay hinh phing gi6i han boi hai dwong y = f (x) (i

y=x"—2x+6 quanh truc Ox bang 151556% :

| x=1
Phuong trinh hoanh do giao di€m: 2x+3=x>—2x+6 <> x> —4x+3 =0<:>[ 3
X =
o e N b 2 (o, 2 15567
Thé tich khoi tron xoay can tim la: V = WJ. (2x+3) —(x —-2x+ 6) dx = 5
1
» Chon DUNG.
» Cau 14.Trong khong gian voi hé toa do Oxyz , cho mat phéng (P) :x—2y+3=0 va diém
A(2;1;2)
M¢énh dé | Pang | Sai

(2) | Khoang céch tir diém A dén (P) bing % ‘
5

» TOAN TU TAM - 0901.837.432
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Puong thang d di qua diém A va vuong goc véi mat phang (P) co
x=2+t
(b) . A1
phueong trinh tham s6 1a {y =1-2¢
z=2
Mat phéng (Q) qua 2 diém B(l; 1;0) , C(—Z;l;l) va vuong goc voi
© mit phang (P) c6 phuong trinh (Q) :2x+y=0.
Puong thang d' 1a giao tuyén ctia hai mat phang (P ) va (Q) co
x=-3+4t
(d) \ A 1N
phuong trinh tham s6 1a {y =2t
z= i t
2
= Loi gidi

(a) Khodng cdch tir diém A dén (P) bang g
J5
-21+3 3

Ji+(-2) 5
» Chon DUNG.

(b) Puong thang d di qua diéim A va vudng goc véi mdt phing (P) co phwong trinh tham so" la

Ta c6 d(A,(P))

x=2+t
y=1-2t
z=2
Duong thang d di qua diém A(2; 1;2) va co véc to chi phuong i = (1; —2;0) nén co
x=2+t
phuong trinh 1a {y =1-2¢

z=2
» Chon DUNG.
(c) Mt phing (Q) qua 2 diém B(l;l;O), C(—2;1;1) v vudng géc véi mit phiang (P) 0 phwong trinh
(Q) 2x+y=0.

Ta co (Q) chtta B,C nén BC = (—3; 0;1) la mot vecto chi phwong ctia (Q)

Lai c6 (Q) vudng goc véi (P) nén i, =(1;-2;0) 1a mdt vecto chi phuong cua (Q).
Khi d6 | BC;fi, |=(2/1;6) a mot vecto phdp tuyén cua (Q).

Vay (Q):2x+y+6z-3=0.

» Chon SAL

» TOAN TU TAM - 0901.837.432
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x=-3+4t
(d) Duong thang d' la giao tuyén ctia hai mdt phing (P) vad (Q) co phwong trinh tham s6'la §y =2t
3
z=—-—1

-2y+3=0
Taco (P)n(Q)=d' nén d' 6 dang Sl di qua diém M —3;0;é
2x+y+6z-3=0 2

2
Goi # la mot vecto chi phuong cta duwong thang d', ta c6 ﬁ:[ﬁp ;ﬁQ] voi

—

i, =(1,-2;0),7, =(2;1;6) nén i =(-12;-6;3) = -3(4;2;-1)

x=-3+4t
Vay : phuong trinh d' 1a Jy =2t
z=§—t
2

» Chon DUNG.

C. Cdu héi — Tra 1oi ngin (02 diém)
» Cau 15.Ban An bom nwdc vao bé ca vira dwoc lam sach. Goi h(t) la thé tich nwdc bom dwoc

sau ¢ phut. Biét h'(t)=3at’ +2bt va ban dau bé khong c6 nwde. Sau 5 phut thi thé tich
nudc trong bé la 150dm’, sau 10 phut thi thé tich nuwdce trong bé la 1100dm’ . Thé tich
ctia nude trong bé sau khi bom dwoc 30 phut 1a bao nhiéu m’?
= Loi gidi
v Tra loi: 27,9
Ta co: h(t)=[I(t)dt = [(3at* +2bt)dt = at’ + bt* +C.
Do ban dau bé khong c6 nuéc nén /1(0)=0<> C=0=>h(t)=at’ +bt*.
Lic 5 phut: h(5)=a.5"+b.5> =150 (1).
Lic 10 phat: £(10)=4.10° +5.10* =1100 (2).
Te (1) va (2)suyra a=1,b=1=h(t)=t'+* = h(30) =30 +30° = 27900dm’ = 27,9m’.

» Cau 16.C4 hoi Thai Binh Duong dén mua sinh san ching thuong boi tit bién dén thueong nguon

» TOAN TU TAM - 0901.837.432

con song dé dé tring trén soi da roi chét. Khi nghién cttu mot con ca hoi sinh san nguoi
ta phat hién ra mot quy luat n6é chuyén dong trong nudc yén lang la s (t) = 10 +4t,voi

t (gid) 1a khoang thoi gian tit ltic con c4 bat dau chuyén dong va s (km) 1a quang duong
con ca boi trong khoang thoi gian d6. Néu tha con ca hoi vao dong nude c6 van téc dong
nudc chay la 2 km/h. Tinh khoang cach xa ma con cd hoi c6 thé boi nguoc dong nude
dén noi dé tring.

= Loi gidi
v Tra loi: 10

Van t6c ctia con ca la v(t) = s'(t) = —§+ 4,
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Van t6c thye ctia ca khi boi nguoc dong la v(t)-2= —é +2.

Quang duong con ca boi dugc ké trong thoi gian ké tir ltc bat dau la:
t 2
s(t)=] Lalar=-E e
s 10
. t? 1/, 1 2
Ma $(0)=0=>C=0=S(t) =——+2t =——(# =20t} =——(¢~10) +10<10.
10 10 10
Vay khoang cach xa nhat ma ca hoi c6 thé boi nguoc dong dé dé tring la 10km.

» Cau 17.Trong tiét thé duc hoc vé ki thuat chuyén bong hoi, Nam va An dang tap chuyén bong
cho nhau, Nam ném bong cho An dd, qua bong bay 1én cao nhung lai 1éch sang phai
cua Nam va roi xudng vi tri cdch An 0,5m va cach Nam 4,5m duoc mo ta béng hinh
vé bén duoi:

Biét rang quy dao ctia qua béng nam trong mit phang (a) :ax +%y +cx+d=0 vavudng
gbc voi mat dat. Khi d6 gid tri ciia a+c+d bang (két qua lam tron d&én hang phan chuc).
= Loi gidi

v Tra loi: 4,5

Goi M la diém ma qua bong cham dat.

Khi d6 x,,=0,5, y,, =/4,5° —0,5 =25

Vi (a) 1 (Oxy) nén (a) o vecto chi phuong k= (0,' 0;1).

Ma (a) 6 véc to chi phuong (W = (0, 5; 2\/5;0)

Khi d6 vec to phap tuyén ctuia (a) lani = [E,@J = (—2\/5; 0, 5;0).

Vay (a):-2v52+0,57 =0 nén a=-2v5,b=0,5c=0;d=0=a+b+c+d~-4,5.

» Cau 18.Tai m{t nat giao thong c6 2 con dwong khac murc. Trén thiét ké, trong khong gian Oxyz
, - ) _ 1
hai con duwong dé thudc hai duong thang 4, :xT2 :yT =i1 ;d, e 0 2 =% = Z3 .

Nguodi ta mudn tao mot con duong A cat d,d, Tan luot tai A va B sao cho AB nho

nhat. Tinh d6 dai AB (két qud lam tron dén hang phiin tram).
= Loi giai
v’ Tra loi: 2,45
Ta c6 AB ngan nhat khi AB 1a doan vudng goc chung ctia d, va d,.
Goi A(2+a;2+a;—a) ed; B(2+b;—1+2b;—3b) ed, = E(b—u;Zb—a—3;—3b+a).

d,,d, Tan lwot c6 cac véc to chi phuong la iid‘ = (1; 1;—1) va iidz = (1; 2; —3)

» TOAN TU TAM - 0901.837.432
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. |ABii, =0 [1(b—a)+1(2b—a-3)-1(-3b+a)=0 {6b_3a_3=0
Taco: ¢, IS =
ABii, =0  |1(b-a)+2(2b-a-3)-3(-3b+a)=0  (140-6a-6=0
=— AL L1 —
c»{l Al )::AB:OﬁZ—Q
b=0 B(2;-1;0)

Dodé‘ZEL:JEzzgu.

» Cau 19.Cho d6 thi ham s6 y =¢* va hinh phéng dwoc t6 mau nhuw hinh vé. Tinh dién tich hinh
phang do.

-1 0| 1 %

» Loi gidi
Hinh phang dé duoc gi6i han boi d6 thi ham s§ y = e*, truc hoanh va hai duwong thang
x=-1,x=1.
1 1
Ta c6 dién tich hinh phang S = I e*|ldx = Ie"dx =e’ 11 = e—l.
- e
|

|
» Cau 20.Trong thi nghiém nudi cdy moét loai vi sinh vat, gia st f (x) la tong s6 luong vi sinh vat
sau x gio lam thi nghiém. Biét rang sau 3 gio dau tién thi tdng s& lwong vi sinh vat la
50 con. Trong 7 gio ti€p theo, s6 lwong vi sinh vat thay déi voi toc do ting treong la
f '(x) =x” +8x (con/gid). Tim s6 lwong vi khuan sau 6 gid tinh tir Iac bat dau lam thi
nghiém.
= Loi gidi
S6 lwgng vi sinh vat tai thoi diém x gio chinh la
3
x
x)=|f/(x)dx=[(x>+8x)dx="—+4x> +C.
fx)=[ £ (x) = [ (2 +8x)dx ==
e e NV At n n . 3’
Tai thoi diém x =3 thi sO vi sinh vatla 50 connén ta c6: 50 = ?-i- 43*+C=C=5

3
x
Va xX)="—+4x"+5.
y f(x)=3
Tai thoi diém 6 gio tinh ttr lac bat dau thi nghiém s6 vi sinh vat la:

63
ﬁ®=?+uﬁm=mL

» TOAN TU TAM - 0901.837.432
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» Cau 21.Trén mot san khau mo6 phong véi hé truc Oxyz, 6 hai tia sang doc theo hai duong thang

» TOAN TU TAM - 0901.837.432

x=5+t
c6 phuong trinh Tan luot1a d: x+3_y+2_z-6 vad:qy=-1-4t (t' € R). Hoi hai tia
2 3 4
z=20+t'
sang giao nhau tai diém c6 toa d6 nao?
= Loi giai
x=-3+2t
Phuong trinh tham s8 ctia duong thang d 1a d:{y=-2+3t (t € R) .
z=06+4t
—3+2t=5+t" (1)
Xét phuong trinh hai dn ¢, sau: < -2+3t =—1-4¢ (2)
6+4t=20+t (3
. \ t=3 :
Giai phrong trinh (1) va (2) ta duoc { ,  thoa (3)
x=-3+2(3)
Thay t =3 vao phuong trinh tham s8 ctia duong thang d ta cé :{y=-2+ 3(3) .
z=6+4(3)

Vay toa do giao diém cua hai tia sang la (3; 7;18) .

Hét
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A. Céu héi — Tra 1oi trdc nghiém (03 diém)

» Cau 1. Ménh dé n?:lo sau day sai?

A. I[ de If dx+jg(x)dx, v6i moi ham s& f(x), g(x) lién tuc trén R.
B. _[f x x=f(x)+C v6i moi ham s6 f(x) c6 dao ham trén R.
C. J'[ ]dx J'f dx—J.g(x)dx,Vdi moi ham s& f(x), g(x)lién tuctrén R.

D. ka x dx = kjf x dx v6i moi hdng s8 k va véi moi ham sd f(x) lién tuc trén R.
= Loi gigi

Chon D

Ménh dé: fkf(x)dx — kI f(x)dx v6i moi hang s6 k va véi moi ham s f (x) lién tuc trén

R 1a ménh dé sai vikhi k=0 thi [kf (x)dx = k[ f(x)

» Cau 2. Diéntich S ctia hinh phéng gii han boi duong cong y =—x’ +3x* —2, truc hoanh va hai
duong thang x=0, x=2 la
As=2. B.s-=>. C.s=". D.S=4.
2 2 2

= Loi gidi

Chon A

Phuong trinh hoanh d6 giao diém cua d6 thi va truc hoanh

x=1

x:1i\/§.

—x° +3x7 —2=0<:{
Dién tich can tinh la

S= j|—x3 +3x% - 2|dx = j-|—x3 +3x% - Z‘dx + J2-|—x3 +3x% - 2'dx .
0 0 1

1 2

1 4 3 1 4 3 5 5 5

= —=x"+x =2x || |[+|| —=x"+x =2x || | ===

( 4 jo ( 4 1 4] 4] 2

» Cau 3. szozsdx bang
A. 2026x +C. B. x** +C. C. 2026x** +C . D. Lxm" +C
2026
= Loi gigi

Chon D

Ta cé: J’xzozsdx _ ;xzo% +C
2026

» TOAN TU TAM - 0901.837.432
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» Cau 4. Trong khong gian Oxyz mat phang di qua diém A (1 ;2; 3) va song song v6i mat phang
(Q) :2x+3y—4z—-5=0 c6 phuong trinh la

A 2x+3y+4z-14=0. B. 2x-3y-4z+6=0.

C.2x+3y—-4z-4=0. D.2x+3y-4z+4=0.
= Loi gigi

Chon D

Mit phang song song véi mit phang (Q) :2x+3y—4z-5=0 c6 véc-to phap tuyén la
7 =(2;3;—4).

Ma mat phing d6 qua A (1 ;2; 3) nén nd cé phuong trinh 1a
2(x—1)+3(y—2)-4(z-3)=0< 2x+3y—4z+4=0.

» Cau 5. Ho tat ca nguyén ham ctia ham s6 f (x) = 2026x™" +¢* la

A.2026x** +e*+C. B. x* +e¥+C. C. 2026x+e*+C. D. x¥ +e* +C.
= Loi giai
Chon D
2026

Ta 6 [(2026x™ +¢* |dx=—"—"——"—+e"+C=x"* +¢* +C.
acs( ) 2026

» Cau 6. Mot chat diém chuyén dong thang véi quang duong bién thién theo thoi gian béi quy
luat s(t) = %P _ 42 +16t(m) , trong d6 t(s) la khoang thoi gian tinh tir ltc bat dau
chuyén dong. Van tdc ctia chat diém d6 dat gid tri bé nhat khi t bang bao nhiéu?

A. 6(s). B. 4(s). C. 0(s). D. 2(s).
= Loi giai

Chon D

Taco o(t) =2 —8t +16=2(’ —4t+4)+8=2(t-2) +8>8.

Nhu vay van t6c nhé nhat khi t = 2(s) .
1

» Cau 7. Trong khéng gian Oxyz, cho duwong thang 4 : xz_ _27Y Z;Fl . Véc-to nao sau day la

3
véc-to chi phirong ctia duong thang d?

A. i=(2;32). B. ii=(1;1;3). C.i=(-2;-3-2). D.i=(2-32).
= Loi giai

Chon D

d‘x—l_Z—y_z+1:>d'x—l__y—2_z+1:d‘x—1_y—2_z+1

2 3 2 23 2 T2 -3 2

2 2
» Cau 8. Cho If(x)dx =2026, tich phan I(Zf(x)—3x2)dx bang
0 0
A. 8096. B. 8112. C. 4060 . D. 4044 .
= Loi gigi
Chon D

» TOAN TU TAM - 0901.837.432
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Ta Céj(2f(x)—3x2)dx = IZf(x)dx—I3x2dx = ZJ.f(x)dx—x3|O =4044.
0 0 0 0

» Cau 9. Trong c4c khang dinh sau, khang dinh nao sai?

a+l

A.dexzc. B.Jidx=1n|x|+c.g.jx“dx:x

+C. D. jdx=x+c.
a+1

e 2

= Loi giai
Chon C

a+l

X
Dap 4n | x"dv="—+C khong dting véi truong hop a=-1..

a+1
» Cau 10.Trong khong gian Oxyz cho A(2;0;0),B(0;4;0),C(0;0;6),D(2;4;6). Goi (P) la mat
phang song song véi mp (ABC), (P) cach déu D va mat phang (ABC). Phuong trinh

cua (P) la

A. 6x+3y+22-24=0. B. 6x+3y+2z-12=0.

C.6x+3y+22=0. D. 6x+3y+2z-36=0.
= Loi giai

Chon A

(ABC): 2+ L4 21 6x+3y+22-12=0.
2 4 6
(P)//(ABC)=(P):6x+3y+2z+m=0 (m=-12).

(P) cach déu D va mit phing (ABC)= d(D,(P))=d(A,(P))
|62+34+26+m| |62+30+20+m|
V6> +32 42 V6> +37 422

< m=-24 (nhan).
Vay phuong trinh ctia (P) la 6x+3y+22z-24=0.

36+m=12+m
36+m=-12-m

|36+m|:|12+m|<:>{

» Cau 11.Cho f(x) la ham s0 lién tuc trén doan [a;b] va c €[a;b]. Tim ménh dé dung trong cac

ménh dé sau.

A. jf dx+jf jf(x)dx. B. j dx+jf x = [ f(x)dx.

C. jf(x)dx—jf(x)dx=jf(x)dx. jf dx+jf x=[ f(x)dx.
. Loi gidi

Chon D

Theo tinh chat cta tich phan suy ra I f dx +I f j f (x)dx .

c

» Cau 12.Trong khong gian Oxyz, cho mit phang ( ).x+ 2y-3z+6=0. Véc-to nao sau day la
véc-to phap tuyén cia mat phang (P) ?
A.ii=(-1;2;-3).  B.i=(1;-2;3). C.ii=(-1;,-2;-3). D.i=(,2-3).

e

» TOAN TU TAM - 0901.837.432 “



PE
GIO’A HOC KY 2 - K12

Chon D
Tac6 i =(1;2;-3).
B. Ciau héi - Tra 1oi ditng/sai (02 diém)

» Cau 13.Tai mot khu di tich vao ngay 18 hoi hang nam, téc do thay doi lwong khach tham quan
duoc bidu dién bang ham s Q'(t) = 4+ —72t* + 288t , trong d6 t tinh bang gio (0 <t <13
), Q'(t) tinh béng khach/gio (Nguon: R. Larson and  B. Edwards, Calculus 10e, Cengage).
Sau 2 gio da ¢ 500 nguoi c6 mat. Khi do:

Ménh dé blng | Sai

Luong khach tham quan dwoc bidu dién boi ham s§

@ Q(t) =t —24f +144£ .

(b) | Sau 5 gio lrwong khach tham quan la 1325 nguwoi.

(o) | Lwgng khach tham quan 16n nhét 1a 1296 nguoi.

(d) | Téc @b thay d6i lwong khach tham quan 16n nhat tai thoi diém ¢ =6.
= Loi gidi
(a) Lugng khdch tham quan dwgc biéu dién boi ham s6' Q(t) =t* — 24 +144¢°.
Tacé: Q(t) = [Q'(t)dt =t 24 +144° +C .
Ma sau 2 gio da c6 500 ngwoi nén ta co Q(2) =500=C=100.
» Chon SAIL
(b) Sau 5 gio lwong khdch tham quan la 1325 nguoi.
Luwong khach tham quan sau 5 gio la Q (5) =1325 nguoi.

» Chon DUNG.

(c) Lwong khach tham quan lon nhat la 1296 nguoi.
Ta tim GTLN ctia ham s6 Q (t) trén doan [0;13] .
Tacd Q'(t)=0<te{0;6;12}.
Ma Q(0)=100, Q(6)=1396, Q(12)=100, Q(13)=269.
Nén lwgng khach tham quan 16n nhat 1a 1 396 nguoi.
» Chon SAL
(d) Toc g thay doi lwong khdch tham quan 16n nhat tai thoi diém t = 6.
Ta khao sat ham s& Q'(t)=4t*—72t> + 288t trén doan [ 0;13].

Taco Q"(t)=12t*~144t+288;Q" ()= 0 < t =6+ 2+/3, ma
Q(0)=0; Q’(6—2\/§) ~332,6; Q’(6+2\/§) ~-332,6; Q(13) =364.

Vay t6c do thay d6i lwong khach tham quan 16n nhét tai thoi diém t=13.
» Chon SAIL

» TOAN TU TAM - 0901.837.432
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» Cau 14.Trong khong gian Oxyz, goi (a) cax+by+cz-60=0 (a, bce R) 14 mat phang thay ddi
thdéa man ludn di qua diém M (2; 4;5) va cit ba tia Ox,0y,0z twong Gng tai ba diém
A, B, C khac O. Khi do:

Ménh dé bang | Sai

(@) | 2a+4b+5c—60=0
(b) A(@;O;OJ voia<0

a
(c) B(O;%?;Oj voi b< 0

! ) 36000
(d) | Thé tich ctia khoi t dién OABCla V = e

aoc
= Loi gidi

(a) 2a+4b+5¢c—-60=0.
Do mét phing (o) di qua M (2;4;5) tacd 2a+4b+5c-60=0.
» Chon DUNG.
®) A[@;o;oj 06i 1<0.
a

(a)mOsz(@;O;Oj,(a)ﬂOyz B(O;%;OJ

X Yy oz a
ax+by+cz-60=0 & —+—"—+—=1=
60 60 60 60
— e (a)ﬁOz=C(O;O;—]
a b c C
,(a>0,6>0,c>0).
» Chon SAL
© B(O;%;OJ 06i b<0.
» Chon DUNG.
g adam s gen . 36000
(d) Thé'tich cua khoi tiv dien OABC la V = o
abc

Thé tich khoi t¢ dién OABCla V = l@@@ = 36000 (1)
6a b ¢ abc

» Chon DUNG.

C. Cdu héi — Tra 10i ngdn (02 diém)
» Cau 15.Cho ham s8 f(x)=x"+4x. Biét If(x)dx =ax’ +bx* +C. Trong d6 a,beR. Tinh 3a+b?

= Loi giai
v Tra loi: 3

Ta cd: If(x)dx =%x3 +2x* +C.

Suy ra u=%;b=2 nén3a+b=3%+2=3.

» TOAN TU TAM - 0901.837.432
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» Cau 16.

» Cau 17.

» Cau 18.

3
Bié’tJ.x+2dx=a+blnc, voi a,b,ceZ,c<9. Tinh tdng S=a+b+c.
X
1
= Loi gidi
v Tra loi: 7
fx+2 o2 ; +2 3
TaC(')I dx=J.[1+—jdx=J.dx+J.—dx=2+21n|x” =2+2In3.
1 X 1 X 1 lx !

Dodb a=2,b=2,c=3=5=17.
Trong khéng gian Oxyz, cho 2 diém A(l;l;—2), B(—l;l;—m) va hai vecto u =(2;1; —3),
U= (3;2;—1). Mat phéng (P) ¢ cdp vecto chi phuong la ;7. Khi AB song song véi (P)
thi gid tri cia m bang?
= Loi gidi
v Tra loi: -8
Theo dé bai ta co: 7, = [ﬁ;5 = (5;—7;1) la vecto phap tuyén ctia (P) \
AB=(~-2;0;-m +2)
Dé& AB song song v6i mit phang (P)thi
fip L AB=> 7, AB =0 (~2).5+0.(~7)+(-m+2).1 =0 = m=-8.
Mot 6 t6 bt dau chuyén dong nhanh dan déu véi van toc o, (t) =2t (m/s). Di duoc 12
gidy, nguoi lai xe gap chudng ngai vat va phanh gap, 0 to ti€p tuc chuyén dong cham
dan déu véi gia téc a = —12(m/s2 ) Tinh quang duong s(m) di duoc ctia 6t6 tlr lac bat
dau chuyén dong dén khi ding han?
= Loi gidi

v Tra loi: 168
Giai doan 1: Xe bat dau chuyén dong dén khi gap chudng ngai vat.
Quang duwong xe di duoc la:

12 12

5= [o,(t)dt =[2tdt =¢[" =144(m).

0 0
Giai doan 2: Xe gap chudng ngai vat dén khi ditng han.
Oto chuyén dong cham dan déu véi van tdc v, (t) = Iadt =-12t+c.
Van t8c ctia xe khi gép chudéng ngai vat 1a: v, (0)=v, (12) =2.12=24(m/s).
= -12.0+c=24=c=24 =0, (t)=—12t+24.
Thoi gian khi xe gdp chuéng ngai vat dén khi xe ditng han 1a nghiém phwong trinh:

—12t+24=0 =2,

Khi d6, quang duong xe di dwoc la:

S, = ivz (t)dt = I(—12t+24)dt = (—6t" +24t)z =24(m).

Vay tong quang duong xe di duocla: S=S5 +5, = 168(m) .

D. Cau héi — Tra loi tw ludan (03 diém)

» TOAN TU TAM - 0901.837.432




PE

GIO’A HOC KY 2 - K12

» Cau 19.Mot vat chuyén dong véi van toc v(t) =3-sint (m/s). Tinh quang duong vat di chuyén

» Cau 20.Trong khong gian Oxyz, cho diém A(O; 2; —4) va duong thing d: xl =

» Cau 21

» TOAN TU TAM - 0901.837.432

trong khoang thoi gian tir thoi diém =0 dén thoi diém = %

= Loi giai
Ta c6 quang duong vat di chuyén trong khoang thoi gian tir thoi diém
£=0 dén thoi diém ¢=- la

S= v j3 smt dt— 3t+cost)‘2— 3—+cos— (3.0+cosO)=3—7T—1.
o 2 2 2

O'—.Nh\

Vay quang duong vat di chuyén trong khoang thoi gian tir thoi diém =0 dén thoi
diém t=" 1a 2T -1 mét.
2 2

-2 y-1_ z+1
-1 2

Tim toa d6 hinh chiéu H cua Axudng d.
= Loi gidi
Mit phang (P) di qua A va vuodng géc véi duong thang d nén mit phang (P) di qua
A(0;2;4) va c6 vecto phap tuyén 7, =i, = (1;—1;2) )
Phuong trinh mat phang (P) la: (P) : (x—O)—l(y —2)+ 2(2 + 4) =0
== (P):x—y+22+10=0.
Vay phuong trinh mat phang (P) la: x-y+2z+10=0.

Hinh chiéu H ctia Axudng dla giao diém cua ( P) va duong thang d ,toa d6 diém H la

x==

X—y+2z+10=0 2

nghiém cta hé phwong trinh: <x+y-3=0 =3 :g
2x-z-5=0 o

Vay toa d6 hinh chiéu la: H [% % —4}

.Mot nguoi dang 14i 6 t6 vdi van t6c 72 km/h thi gdp chudng ngai vat, nguoi dé dap

phanh va 6 t6 bat dau chuyén dong cham dan déu véi van tc cho béi phuong trinh
v(t) =a+bt m/s, trong d6 a va bla cac hang s8 va t >0 la khoang thoi gian tinh tir ltic
nguodi d6 bat dau dap phanh. Biét quang duong 6 t6 di duoc tir ltic dap phanh cho dén
lac ding lai 1a 40m. Tinh thoi gian 6 t6 chuyén dong tir liic nguoi dé dap phanh dén
khi 6 t6 dirng han.

= Loi gidi
Dadi 72 km/h=20m/s.
Vinguoi dé dap phanh khi dang chuyén dong véi van toc 20m/s nén a=20.
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O t6 ding hén khi

v(t)=0@a+bt=0©t=—5=—§.
b b

Quang duong 6 td di dugc tir ltic dap phanh dén khi dirng han 1a

20

0 20
N 7 b2\t 400 200 200
S= { o(t)dt= !(20+bt)dt:(20t+TJ0 AL R

b b b

V16 t6 di dwoc quang dwong la 40m nén
_200_ 40=b=-5.
Do d6 thoi gian 6 to chuyén dong tir ltic nguoi d6 dap phanh dén khi 6 t6 ding han la
_20__20_,
b —
Vay 6 to ditng han sau 4 giay.

» TOAN TU TAM - 0901.837.432
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KIEM TRA GIUA HOC KY II KHOI 12
NAM HQC 2024 - 2025

PE SO 10

PHAN LOI GIAI CHI TIET

A. Céu héi — Trd 10i trdc nghiém (03 diém)
» Cau 1. Cho kla mot so thue khdc 0, ménh dé nao sau day la sai ?

A. Ik.f(x)dxzk.[f(x)dx.

B. J'[f(x)ig(xﬂdx :J'f(x)dxijg(x)dx.
C. J'[f(x).g(x)}dx =J.f(x)dx.jg(x)dx.
D. Jf’(x)dx=f(x)+C.

= Loi giai
Chon C
» Cau 2. Cho y= F(x) la mot nguyén ham ctia ham s6 y = f(x) =x*+x. Gia tri F'(2) bang bao
nhiéu?
A. 5. B.6. C. 4. D. 3.
= Loi gigi
Chon B

Viham s6 y = F(x) la mot nguyén ham cua ham s6 y = f(x) =x’+x
Nén F'(x)=f(x)=x"+x.
Do d6 F'(2)=2"+2=6.
» Cau 3. Trong khong gian Oxyz, cho mat phang (P) 3z = 2(x+ y) . Véc-to nao sau day la véc-
to phap tuyén ciia mit phang ( P) ?
A.ii=(-1;-2;3). B. 7i=(1;2;2). C. 7=(2;23). D. ii=(2;2;-3).

.....

Chon D
Taco (P):3z=2(x+y) < (P):2x+2y—32=0= 7 =(2;2;,-3).

» Cau 4. Trong cac ménh dé sau, ménh dé nao dung?

A. J'ldlenx+C. B. Idx=x+C.
X
C. Ja"dx=a".1na+C (@a>0,a#1). D. Isinxdx=cosx+C.
= Loi gigi
Chon B
» Cau 5. Trong khong gian voi hé toa do Oxyz, mat phéng (P) :2x—-y+z—-6=0 co véc to phap
tuyén la
A. i =(-1;1;6). B. 7i=(2;-1;1). C.7i=(2;1;1). D. 7i=(2;1;6).
= Loi gigi
Chon B

» TOAN TU TAM - 0901.837.432 “
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Ta co (P) :2x—y+2z—6=0, suy ra vécto phap tuyén ctia mit phang la n= (2;—1;1) .

» Cau 6. Ho tat ca nguyén ham cua ham s6 f(x)=e¢* 1a

x—1 x+1

+C. B. ¢* +C. c. £
x—1 x+1

= Loi gigi

e

A. +C. D. e +C.

Chon D
Ta céj(e")dx:e" +C.

» Cau 7. Cho ham s6 f(x) =sinx—x+1.Khang dinh nao dudi day dang?

2
A. J.f(x)dx:—cosx—%+x+C. B. If(X)dszOSX—1+C.
x° x’
C. x)dx=cosx——+x+C. D. x)dx =—cosx——+C.
[£(x) 5 [£() 5
= Loi giai
Chon A
s dx
» Cau 8. Tinh tich phan [ = [—.
L x+1
7 1
A.IZE. B. I=In2. C.I=510g2. D. I=In5.
= Loi gidi
Chon B

, ¢ dx 3
Taco: [ = —:ln|x+1” =(ln4—ln2)=ln2.
L x+1 1

» Cau9. Trong khong gian Oxyz , cho hinh ling tru ABC.A'B'C' vdéi
A'(3;2;-5),A(3;1;-1),B(2;-1;4) va C(0;2;1). Phuong trinh cua mét phing (A'B'C’) la

A. 9x—-13y+7z+34=0. B. 9x-13y+7z-7=0

C. 9x+13y+7z-18=0. D. 9x+13y+7z-33=0.
= Loi gidi

Chon C

Mt phang (A’B’C ’) song song v4i mit phang (ABC ) nén n6 céd mot VIPT la:
fi=| AB,AC |=(-9;-13,-7)=~(9:137).
Phuong trinh mat phang (A'B’C ’) di qua diém A'(3;2; —5) la:
9(x—-3)+13(y—2)+7(z+5)=0
S 9x+13y+7z-18=0
» Cau 10.Né&u j[4f(x)+3x2]dx:7thi if(x)dx bing
0 0

A. 5. B. -6. C.-5. D. 3.

= Loi giai
Chon C

» TOAN TU TAM - 0901.837.432
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» Cau 11.

» Cau 12.

o 4if(x)dx+j3x2dx =7 4jf(x)dx+27 =7
0 0 0

= 4‘3[f(x)dx =20& j.f(x)dx =-5.

Trong khong gian Oxyz, cho mit phang (P) :2x+y—3z+1=0. Mt phang nao sau day

vudng goc voi mat phang (P) ?

A. 2x+5y+3z-9=0. B. 2x+y-3z-7=0.

C. 2x+y-z-5=0. D. x-2y-z-6=0.
= Loi gidi

Chon A

Mit phang (P) :2x+y—3z+1=0c0 vécto phap tuyén 7 = (2; 1; —3) ,
Mt phang 2x+5y+3z-9 =0 ¢ véc to phap tuyén i’ = (2; 5;3) :
Vi idi' =2.2+1.5+(-3).3=0 nén 7 L 7', do d6 hai mat phang nay vudng géc véi nhau.

Cho d6 thi ham s8 y = f(x) nhu hinh vé.
y A

Al
e W

Biét rang F (x)lé mot nguyén ham cia hamsd y = f (x) trén R . Khi d6 dién tich S cta

y=fx)

hinh phéng duoc giéi han boi d6 thi ham s6 y = f (x) va truc Ox (phan gach soc) bé”lng

gid tri nao sau day?

A. S=|F(3)-F(-3). B. S=F(3)-F(-3).
C. S=2F(1)-F(3)-F(-3). D. S=F(3)+F(-3)-2F(1).
. = Loi giai

Ttr d6 thi ham s6 ta thay f(x)ZO véi xe[—3;1], f(x)SO véi xe[l;S].
Do dé S:j]f(x)‘dx:Jl]f(x)‘dx+j‘f(x)‘dx:j;f(x)dx—J?f(x)dx
(o)~ F(, =[P F(3)]-[F)-F)]=2F()-F(3)-F(5)

B. Ciu héi — Tra 1oi diing/sai (02 diém)

» Cau 13.

» TOAN TU TAM - 0901.837.432 “

Cho ham s8 y = f(x) lién tuc trén R, d6 thi ham s6 (C):y = f'(x) trén doan [-3;6] Ia
duong gap khic nhu hinh vé. Khi dé:
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Duang | Sai

(@) J.f'(x)dxz—2

/ _1
(b) !f (x)dx_2

(© | f(2)-f(6)=4
@ | f(5)+f(-3)-2f(2)=2
= Loi giai
(@) j f(x)dx=-2.
Ta c6 duong thang AB di qua 2 diém A(—S;—2),B(2;3) nén phuong trinh dwong thang
ABR X3 U2 i
243 342

Khi do ]lf'(x)dx = j(x+1)dx=—2.

» Chon DUNG.

(b)jf dx:E

Ta co If’(x)dx :I(x+1)dx=

0

El
2
» Chon SAL
(© f(2)-f(6)=4.
Ta c6 duong thang BC di qua2 diém B (2 ; 3) ,E (5 ; 0) nén phuong trinh duong thang BC

= S Yy=—x+5
5-2 0-3
6 6 6
Khi d6 [ f'(x)dx = [(—x+5)dx=4. Vivay f(2)-f(6)=—[ f(x)dx =—4.
2 2 2
» Chon SAIL

@) f(5)+f(-3)-2f(2)=2
Ta co :[f’(x)dsz;(xH)dx:%:f(2)—f(—3),

» TOAN TU TAM - 0901.837.432 Trang 4
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A 9 5

Vivay f(5)+ f(-3)-2f(2) =552

» Chon BUNG.
» Cau 14.Trong khong gian Oxyz, cho ba diém A(2;1;3),B(3; 0;2), C(O;—2;1). Khi dé:
Ménh dé Pung | Sai
(a) | Cac diém A,B,C khong théng hang.
(b) | Mt phang (ABC) c6 mét vecto phap tuyénla @ =(1;4;5).
(c) | Mat phing (ABC) chtra diém M (1;2;2).

« Mit phang (P) diqua A, B vacach C motkhoang 16n nhét c6 phuwong

trinh 3x+2y+z-11=0.
= Loi gidi
(a) Cic diém A,B,C khéng thﬁng hang.
Tacd AB=(1;-1;-1),AC =(-2;-3;-2).
Vi iz :t_—; nén AB khong cung phuong AC.
Suy ra cac di€ém A, B,C khéong thang hang.
» Chon DUNG.
(b) Mt phing (ABC) co mot vecto phdp tuyén la a = (l; 4;5) .
Ta c6 mot vecto phap tuyén ctia mit phang (ABC) lari= [E,E} = (—1; 4; —5) .
Vi 7i khong ciing phuong véi @ nén i =(1;4;5) khong la vecto phap tuyén cua (ABC)
» Chon SAL
(c) Mgt phang (ABC) chita diém M(1;2;2).
Ta co (ABC) qua diém A(2; 1;3) va co6 vecto phap tuyén i = (—1; 4; —5) nén c6 phuwong
trinh x -4y +5z-13=0.
Vi1-42+52-13=-10=0 nén M ¢(ABC).
» Chon SAIL
(d) Mt phing (P) diqua A, B vacich C mot khoang Ion nhdt cé phirong trinh 3x+2y+z—-11=0.
Goi H,K Ian luot 1a hinh chiéu ctia C 1én (P) va dudng thang AB.
Tac6 CH =d(C,(P))<CK=d(C,(P)) 16n nhatkhi H=K.
Khi 6 mat phang (P) diqua A, B vavuoéng goc véi mit phang (ABC )
Taco fi, =| n, AB | = (-9;-6,3)

Suy ra (P):3x+2y+z—11=0.
» Chon DUNG.

C. Cdu héi — Tra 1oi ngin (02 diém)

» TOAN TU TAM - 0901.837.432
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» Cau 15.

» Cau 16.

» Cau 17.

» Cau 18.

» TOAN TU TAM - 0901.837.432

Cho ham sd f (x) =3x” +2x . Biét rang ham s8 f (x) c6 mot nguyén ham la ham s6
F(x)=ax’ +bx* +c. Tinh gia tri ctia biéu thitc T =4’ +b*
= Loi gigi
v Tra loi: 2
Ta cé: F(x)=jf(x)dx=j(3x2+2x)dx=x3+x2+c.Véy a=1b=1 =>T=2

10
Cho ham s6 f(x) lién tuc trén doan [O;IO] va J.f(x)dx:7 va Jqf(x)dx=3. Tinh
0 2

P=

O C— 1O

f(x)dx+l'ff(x)dx.

= Loi gigi
v Tra loi: 4

Tacd | f(x)dx=7 & [ f(x)dx+[ f(x)dx+ [ f(x)dx=7
@jf(x)dx+Tf(x)dx=7—3:4.Vay P=4.

Trong khong gian Oxyz, cho ba diém A(l;4;5), B(3;4;0),C(2;—l;0) va mat phéng
(P):3x+3y—2z—29 =0 . Goi M(a;b;c) la diém thudc (P) sao cho biéu thtc
T =MA®+ MB’ +3MC” dat gia tri nho nhat. Tinh tong a+b+c.
» Loi giai
v Tra 10i: 8
Chon diém I thdéa man IA+IB+3IC=0= 1(2; 1;1)
Ta co:
T=MA* + MB +3MC* = MA +MB +3MC =(Mi+IA) +(Mi +18) +3(Mi +IC)
=5MI* + 2@.@ +IB +3E) +IA® + 1B +3IC* = SMI® + IA* + 1B +3IC°

T_ < MI_ .Suyra, M 1a hinh chiéu ctia I trén mét phang (P)
Goi A la dwong thang di qua I va vudng goc véi (P )
=i, =i, =(3;3;-2)

x=2+3t
A:qy=1+3t

z=1-2t
MeA= M(2+3t;1+3t;1-2t)
Me(P)e3(2+3t)+3(1+3t)-2(1-2t)-29=0
o t=1=M(5;4;,-1)
Vay a+b+c=5+4-1=8.
Gia dinh 6ng An xay mot cai choi hinh luc giac, trong d6 mai choi (H ) c6 dang hinh
“chdp luc gidc cong déu” c6 tran bang gd nhu hinh vé. Day ctia (H ) la mot hinh luc giac
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déu c6 do dai duong chéo di qua tam la 6m . Chiéu cao SO =6m (SO vudng goc voi
mat phéng day). Cac canh bén cua (H) la cac soiday thép c,;c,;c,;c,;c ;¢ nam trén cac
dudng parabol ¢ truc ddi xting song song véi SO . Gia st giao tuyén (néu cd) ca (H )
véi mat phang (a) vudng gbc voi SO la mot luc giac déu va khi (a) khi qua trung
diém ctia SO thi luc gidc déu c6 canh 1m . Tinh thé tich phan khong gian nam bén trong
mai choi (H ) d6. Don vi tinh m?, két qua lam tron dén hang phin muwoi.

= Loi gidi
v Tra loi: 29,2
4 A(0;6)
M B(1;3)

bat toa d¢ nhu hinh vé, ta c6 parabol can tim di qua 3 diém c6 toan d6 lan luot la
1 7
A(0;6),B(1;3),C(3;0) nén c6 phuwong trinh1a y=—x>——x+6
(0:6),B(1:3),C(3:0) nén 06 phuon rini 13 y— L7 -7

Theo hinh vé ta c6 ban kinh cta bat giacla BM .

2
7 1 7 1
Suyra: 2y=x>—-Tx+12=|x—— | =2y+—=lx—=I=,[2y+—
Y ( 2j 7y 2 VYT
Ma xe[0;3]:>z—x: fzy_,_l
2 4
x < \ 7 1
Néu ta dat t = OM thi BM:E_ 21}.|_Z

Khi d6 dién tich ctia thiét dién thiét dién luc giac:

» TOAN TU TAM - 0901.837.432
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S(t)=6.BM:\/§ 3*2/— [2 Jzuﬂ véi te[0;6]

Vay thé tich ctia mai choi theo dé bai la:

2
V= js t)dt = 3*/_ ‘/2t+— dt =29,2m’°
)2 2 4

D. Cau héi — Tra loi tw ludan (03 diém)
» Cau 19. Mot 6 t6 dang chay véi van t6c 36km/h thi tang téc chuyén dong nhanh dan véi gia tdc

a(t)=1+§(m/sz). Tinh van t8c ctia 6 t6 sau 6 gidy k& tir khi 6 to bit dau ting toc.
w Loi gidi
Doi 36km/h=10m/s.

Khi 6 t6 chuyén dong nhanh dan déu véi gia t6c a( ) =1+-— (m/ S )

Van tdc cua 6 to khi d6 1a v—j dt—.[( é}dt=t+%+C(m/s)

Khi 6 t6 bat dau ting toc thi 0(0)=10 < 0+%2+C =10 < C=10.
= v=t+%+10(m/s):> v(6)=6+%2+10=22(m/s)
» Cau 20.Trong khong gian Oxyz, cho tam giac ABC voi A(l;O;O), B(O;O;l) va C(2;l;l). Tim
tam duong tron ngoai ti€p tam giac ABC.
= Loi gidi

Taco AB=(-1;0;1), AC =(L;1;1).
Miit phing (ABC) c6 VTPT ii=| AB, AC | = (1;2;-1)
Mt phang (ABC) c6 phuong trinh 1a: —1(x—1)+2y—-z=0<> —x+2y—z+1=0.
Goil la tdm duwong tron ngoai tiép tam giac ABC.

IA = IB (Cl—l)z+b2+C2=ﬂ2+b2+(C—1)2
Tac6{1B=1IC o1+t +(c-1) =(a-2) +(6-1) +(c-1)

Iemp(ABC) -a+2b—c+1=0

2a+2c=0 a=1
<<4a+2b=5 = bz%:ﬂ(l;%;l}.
—a+2b—-c+1=0 c=1

» Cau 21.Cho ham sG bacba y = f (x) c6 do thi la duwong cong trong hinh bén dudi:

» TOAN TU TAM - 0901.837.432
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Q
—=
)
< |
e ]

Biét ham so f(x) dat cuec tri tai cac diém x,, x, sao cho x, =x,+2 va f”(2) =0.Goi §,
. , S
va S, la dién tich hai hinh phang dwoc gach trong hinh bén. Tinh ti s6 S—‘
2
= Loi giai
Dat f(x)=ax’ +bx’ +cx+d, (a>0)= f'(x)=3ax> +2bx+c = f"(x)=6ax+2b.

Ta co: f”(x):0<:>6ax+2b:0<:>x=g—s.V‘1 f"(2)=0 nén;—s:2<:>b:—6a.

-2 , .
Mat khac, theo dinh ly Vi-et thi x, +x, =—b=4 , két hop véi x,—x, =2 ta suy ra
3a

x,=1,x,=3.

Do do, x,.x, =3L=3C>C=9Q.Tl‘l’ dé ta co f(x)zax3—6ax2+9ax+d.
a

Tir d6 thi ham s6 ta suy ra: f(2)=0<> 8a—24a+18a+d=0<d=-2a.
Suy ra f(x)=u(x3—6x2+9x—2).
x=2
Xét phuong trinh: f(x)=0< 2’ -6x° +9x-2=0 < x=2-3.
x=2+3

23
T day ta tinh dugc: S, =-a I (x3 —6x% +9x — 2) dx = %

0

7

S,=a j (x3—6x2+9x—2)dx=a
23

Vay 2L=
Y §

2

-
4

» TOAN TU TAM - 0901.837.432
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