DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

PE ON TAP KIEM TRA GIUA HQOC Ki 2
TOAN LOP 12 - PE SO 01

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

thi sinh chi chon mgt phuwong an.

Ho tét ca cac nguyén ham ciia ham s6 f (x)=x" 1a

A 4x*+C. B.3x*+C. C.x"+C. D. %x4+C.
Ho tt ca cac nguyén ham ciia ham sb f(x) = 2sinx la

A. I2sinxdx:—2cosx+C. B. I2sinxdx:2cosx+C.

C. '|.2sinxdx=sin2x+C. D. J.2sinxdx=sin2x+C.

Ho tat ca cdc nguyén ham cta hamsé f(x)=+2x-1. 1a

A. _[f(x)dx:g(Zx—l)\ﬂx—l +C. B. J.f(x)dx:%(Zx—l)\/Zx—l +C.
C. J.f(x)dx=—§\/2x—l+C. D. J.f(x)dx:%\/2x—l+C.

2
Tinh tich phan [ = j (2x —1)dx.
0

A. 1=0. B.I=2. C.I1=6. D. [=4.

Cho ham s6 y = f'(x) lién tuc trén R c6 d6 thi nhu hinh v&. Goi (#) 1a hinh phang duoc gidi
han béi céc dudng thang x=-1,x=2, dd thi y= f(x) va truc hoanh. Khi d6 khing dinh nao
dudi day la dang?

y = f(x)

—1 X
/ @] 1\/2
1 2

A. S(H)=jlf(x)dx. B. Sy, = [ f(x)dx+ [ f(x)dx.

-1 1

1 2 1 2
C. S(H) = If(x)dx—jf(x)dx. D. S(H) =—If(x)dx+If(x)dx.

-1 1 -1 1
Mot 6 to dang chay vé&i van toe 15 (m/s) thi tang téc chuyén dong nhanh dan véi gia toc
a=t+2 (m/ sz), trong d6 ¢ 1a khoang thoi gian tinh bang gidy ké tir luc ting véan téc va

0 <¢<10.Hoi tai gidy tht 9 thi van téc ctia 6 to 1a bao nhiém m/ s ?
A. 85,3 (m/s). B. 83,5(m/s). C. 73,5 (m/s). D. 75,3 (m/s).
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Cau 7:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025
Khi cit mot vat thé boi mit phang vudng goc véi truc Ox tai diém c6 hoanh do x,
(—\/§ <x< \/§ ) , mit cit 1a hinh vuong c6 do dai cac canh Ia \/3—7 . Thé tich cta vat thé da
cho bang
A3 B. 4/3. C. 4743 D. 73,
Cho hinh phing (H) gi6i han boi céc duong y=x"+3, y=0, x=0, x=2. Goi ¥ 1a thé tich

khi tron xoay duge tao thanh khi quay (H ) xung quanh truc Ox . Ménh d& nao sau ddy ding?
Av=a[(#+3de BV =[(Fe3)de. Cr=[(@+3)dr. D.V=gf(x+3)de
0 0 0 0

Mot vat chuyén dong théng ¢ d6 thi van tdc nhu hinh v& sau:
v (m/s)

15(--- R S

10

H K D “I[--']
ol 10 30 60 "\

Tinh quing dudng (don vi mét) ma vt chuyén dong trong 60 gidy dau tién.

A. 680(m). B. SSO(m). C. 560(m). D. 650(m).

Trong khong gian voi hé toa 40 Oxyz , cho mat phang (P) :x—2y+3z—-1=0. Vecto nao dudi
day 1a mot vecto phéap tuyén cua (P) ?

Ao =(133;-1). B.n,=(-2;3;-1). C.nm=(1;-2;-1). D.n,=(1;-2;3).
Trong khong gian voi hé toa dd Oxyz , phuong trinh nao dudi day la phuong trinh mét phang di
qua diém A(1;2;-3) va c6 vecto phap tuyén n =(1;-2;3)?

A. x=2y+3z-12=0. B. x-2y-3z4+6=0. C. x-2y+3z+12=0.D. x-2y-3z-6=0.
Trong khong gian véi hé toa d6 Oxyz, cho bdn diém A(-2;6;3), B(1;0;6), C(0;2;-1),
D(1;4;0) . Phuong trinh nao duéi day la phuong trinh mat phang ((x) chira AB va song song
véi CD ?

A, —x+z+5=0. B. x-2y+z+11=0. C. x-z+5=0. D. x-2y+z-7=0.

PHAN II. Céu tric nghiém diing sai. Thi sinh tra 10i tir cdu 1 dén céu 2. Trong mdi ¥ a), b), ¢), d) & mdi

Cau 1:

cau, thi sinh chon ding hodc sai.

Mot vat dang chuyén dong véi van toc v =72 (km/h) thi thay d6i van tbc voi gia toc duge tinh
theo thoi gian ¢ 1a a(r)=—4+2¢ (m/s’).

a) Van toc cua vat khi thay doi 1a v(t)=1*—4r (m/s).

b) Tai thoi diém 7=0 (khi vat bit diu thay doi van toc) ta co v, =20 (m/s). Suy ra
v(t)=1"—4r+72.

¢) Quang duong vat d6 di duge trong khoang thoi gian 3 gidy ké tir khi bat dau tang toc 13 9 (m)
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Cau 2:

DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

d) Quang duong vat di dugc ké tir thoi diém thay ddi van tdc dén luc vat dat van tdc bé nhat 1a
104

—m)

3
Trong khong gian Oxyz, cho mit phing (P): 2x—y+2z-8=0.
a) biém M (2; -1; 2) thude mit phing (P).
b) Toa do mot vecto phap tuyén clia mét phang (P) 1a 7i =(2; - 1; 2).

¢) Mit phing (Q) di qua diém A(3; 2; —1) va song song véi mit phing (P) c6 phuong trinh
la 2x—y+2z-2=0.

d) Goi (R) la mat phang vudng goc véi mit phang (P) va mit phing (Oxy), dong thoi cach
diém B(-3; 1; 5) mot khodng bing J5. Gia st (R) co phuong trinh

ax+by+d =0, (a>0,d <0), a,beZ,(a,b)=1. Gi tri cua biéu thirc b+d =—4.

PHAN III. Cau tric nghiém tra 16i ngin. Thi sinh tra 10i tir cdu 1 dén cau 4.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

0x? —13x—252
J2x—4

Biét F(x)= (ax2 +bx+c)\/2x—4 1a mot nguyén ham cta ham sé f(x)= !

trén khodng (2;+0) . Tinh gid tri biéu thitc 7 = abe .

Truong THPT X mudn 1am mét cai ctra nha hinh parabol c6 chiéu cao tir mat dat dén dinh 1a
2,25 mét, chiéu rong tiép giap voi mat dat 1a 3 mét. Gia thué mdi mét vudng 1a 1500000 dong.
Viy s tién nha trudng phai tra 13 bao nhiéu (Pon vi triéu dong)?(lam tron dén hang phdn tram).
Trong khong gian véi hé toa d6 Oxyz, cho 3 diém A(0,0,3); B(1,1,3); C(0,1,1). Khoang cach tir

gdc toa 40 O dén mit phang (ABC) bang?
Trong khong gian Oxyz, cho mdt phing (P) tax+by+cz—27=0 qua hai diém A(3; 2;1) va

B(—3;5;2) va vudng goc v4i mit phiang (Q):3x+y+z+4:0. Tinh téng S=a+b+c.

PHAN IV. Ty luin

Cau 1:

Cau 2:
Caiu 3:

5
Tinh I x? |x - 1| dx
-1

Tinh dién tich cta hinh phiang (H ) gi6i han boi duong cong y =x’ —x* —12x va truc Ox
Trong chuong trinh nong thén mdi cia tinh Phii Yén, tai x3 Hoa My Tay c¢6 xay mot cdy cau
bang bé tong nhu hinh v& (dudng cong trong hinh vé& 1a cac dudng Parabol). Biét 1m® khdi bé
tong dé d6 cay cau co gia 5 triéu dong. Tinh sd tién ma tinh Phi Yén cin bo ra dé xdy cdy cau
trén (Pon vi triéu dong).
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DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

Cau4: Trong khong gian Oxyz, cho céc diem A(0;1;2),B(2;-2;1),C(-2;1;0),M(3;0;1). Tinh

khoang cach tir M dén méit phang (ABC), (két qud lam tron dén hang phan tram).
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DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

HUONG DAN GIAI CHI TIET
PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi
thi sinh chi chon m¢t phuong an.

Cau1:  Ho tit c4 cdc nguyén ham ctia ham s6 f'(x)=x" la
1
A. 4x*+C. B. 3x*+C. C.x*+C. D. —x'+C
Loi giai
N ST
Ta co. Ix dx=—x"+C
4
Cau 2: Ho tat ca cac nguyén ham ctia ham séf(x) =2sinx la
A. J.2sinxdx=—ZCosx+C. B. j2sinxdx=2cosx+C.
C. [2sinxdy =sin’ x+C. D. |2sinxdx = sin2x+C.
Loi giai
Tacod IZsinxdx =-2cosx+C
Cau 3

Ho tat ca cic nguyén ham cua ham sb f(x) =+/2x-1.1a

A. If(x)dx=§(2x—l)\/2x—l +C.

B. J.f(x)dx=%(2x—1)\/2x—l +C.
C. Jf(x)dx=—§\/2x—l+C.

D. If(x)dx:%M+C.
Loi gidi
jf(x)dx=jmdx=%j(2x—1)§d(zx—1)

:§(2x—l)m+C |
2
Ciud:  Tinh tich phan = j (2x —1)dx.
0

A. 1=0. B.1=2. C.1=6. D.1=4.

Loi gigi
Ta co I:Jz.(Zx—l)dx:(xz —x)\i —4-2=2
0

Cau5: Chohamsd y= f(x) lién tyc trén R c6 do thi nhu hinh v&. Goi (#) 1a hinh phang dugc gidi

han béi céc dudng thang x=—-1,x=2, dd thi y= f(x) va truc hoanh. Khi d6 khing dinh nao
dudi day la dang?
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Cau 6:

Cau 7:

Cau 8:

DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

by
y = f(x)

—1 x
/ 0 1\/2
2 1 2

A Sy = [£(x)dx. B Sy, =] f(x)de+ [ f(x)dx.

-1 -1 1

C. S(H) = If(x)dx—jf(x)dx. D. S(H) =—j[f(x)dx+jf(x)dx.

Loi giai
2 1 2 1 2
Tt hinh vé ta ¢6 S(H) = ”f(x)|: J|f(x)|dx+j|f(x)|dx= jf(x)dx—'[f(x)dx.
-1 -1 1 -1 1
Mot 6 to dang chay vé&i van toe 15 (m/s) thi tang tbc chuyén dong nhanh dan véi gia toc

a=t+2(m/s*), trong d6 ¢ la khoang thoi gian tinh bing gidy ké tir lic ting van toc va
0<¢<10.Hoi tai gidy tha 9 thi van téc ctia 6 to 1a bao nhiém m /s ?
A. 85,3 (m/s). B. 83,5(m/s). C. 73,5 (m/s). D. 75,3 (m/s).
Loi giai
2
Taco: v(¢)=[a(t)dt=[(t+2)dt =%+2z+C.

Van toc khi 6 to bat dau tang toc 1a 15m/s: v(0)=15< C=15.

Y SN £
Van toc ctia 6 to 1a v(t):5+2t+15.

Suy ra v(9) = 73,5(m/s).
Khi cit mot vat thé boi mat phéng vuong goéc voi truc Ox tai diém c6 hoanh do «x,
(—\/5 <x< \/5 ) , mat cét 1a hinh vuong c6 do dai cac canh 1a V3 —x* . Thé tich cua vat thé da

cho bang

B. 443. C. 47+3. D. 73.
Loi gidi
2
Dién tich cia mat cat hinh vudng la S(x) = (\/3 —x’ ) =3-x".
Thé tich cta vat thé da cho la:

3 3 3
V= I S(x)dxz I (3—x2)dx:(3x—x?j :(2\/§+2\/§)=4\/§.

5 5 5
Cho hinh phing (H) gi6i han béi cdc duong y=x"+3, y=0, x=0, x=2. Goi ¥ 1a thé tich

3

khéi tron xoay duogc tao thanh khi quay (H ) xung quanh truc Ox . Ménh dé nao sau day dung?
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

A.- B.V:j(x2+3)dx. C.V=j(x2+3)2dx. D.V=ﬂi(x2+3)dx.
0 0 0

Loi gidi
2
5 o 2
Thé tich ctia vat thé duoc tao nén la ¥ = ﬂj(xz + 3) dx.
0

Mot vat chuyén dong théng ¢ dd thi van tdc nhu hinh v& sau:

:(mfﬁ)

15]--- 2 L

10

VH 'K

0O ' e ()

{ 10 30 60

Tinh quang duong (don vi mét) ma vét chuyén dong trong 60 gidy dau tién.

A. 680(m). B. 550(m). C. 560(m). D. 650(m).
Loi giai

Goi H,K 1an luot 14 hinh chiéu caa B,C 1én truc Ot . Ta c6:

S =jzov(t)dz =I:)v(t)dt+If}(t)deij(t)dt

= Sopn + Spsex + Sxe :%-(10+15)-10+20-15+%-30-15:650(m).

Trong khong gian v6i hé toa dd Oxyz, cho mit phang (P) :x—=2y+3z-1=0. Vecto nao dudi

day 1a mot vecto phéap tuyén cua (P) ?

Aom=:3:-1).  Bom=(-2:3i-1). Com=(L-2:-1). D.jp=(i=2:3)!

Loi giai
Mot vecto phap tuyén ctia mat phing (P) 1a n, =(1;-2;3).
Trong khong gian véi hé toa dd Oxyz , phuong trinh nao dudi ddy 1a phuong trinh mét phing di
qua diém A(1;2;-3) va co vecto phap tuyén n =(1;-2;3)?
A. x=2y+3z-12=0. B. x-2y-3z4+6=0.

C. FERSEIED] D. x-2-:-6=0

Loi giai

Phuong trinh mat phang di qua diém A(1;2;-3) va ¢6 vecto phap tuyén n =(1;-2;3) 1
(x=1)-2(y-2)+3(z+3)=0 < x—2y+3z+12=0.

Trong khong gian v6i hé toa do Oxyz, cho bon diém A(-2:;6;3), B(1;0;6), C(0;2;-1),

D(1;4;0). Phuong trinh nao dudi day 1a phwong trinh mét phang (a) chtta AB va song song
véoi CD ?
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DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

A, —x+z+5=0. B. x-2y+z+11=0.
C.x—z+5=0. D. x-2y+z-7=0.
Loi giai
Ta co:
AB =(3;-6;3 S
AB=(3-63) =[ 4B,CD |=(-12;0;12).
CD =(1;2;1)

Mit phang (e) chita AB va song song véi CD, chon n, =(1;0;~1)1a vécto phap tuyén cta (c).

PTTQ(a):1(x-1)-(z-6)=0< x—z+5=0.

PHAN II. Céu tric nghiém ding sai. Thi sinh tra 10i tir cdu 1 dén ciu 2. Trong mdi ¥ a), b), ¢), d) & mbi

Cau 1:

Cau 2:

cau, thi sinh chon ding hodc sai.

Mot vat dang chuyén dong voi van tc v =72 (kmv/h) thi thay ddi van tbc voi gia toc duge tinh
theo thori gian ¢ 1a a(r)=-4+2¢ (m/s’).

a) Van toc cua vat khi thay d6i 1a v(t)=1*—4r (m/s).

b) Tai thoi diém #=0 (khi vat bit diu thay d6i van tdc) ta co vy =20 (m/s). Suy ra
v(t)=1r"—4r+72.

¢) Quing dudng vat dé di duoc trong khoang thoi gian 3 gidy ke tir khi bt dau ting toc 12 9 (m)

d) Quing duong vat di duoc ké tir thoi diém thay d6i van téc dén lic vat dat van tc bé nhat 1a

104 104 ()
Loi giai

Doi v =72 (km/h)Hay v=20(m/s)

a) Sai

Van tde ctia vat khi thay ddi 1a v(t) = [(=4+2¢)dt =£* —4t+C.

b) Dung

Tai thoi diém ¢ =0 (khi vat bat dau thay d6i van toc) co v, =20 = C =20

Suyra v(r)=¢*—41+20.

¢) Sai

Quéng duong vat d6 di dugc trong khoang thoi gian 3 gidy ké tir khi bat dau tang toc 1a
3

S= j dt_jt —4t+20)dt—(3t -2 +20tj =51 (m)

0

d) Ping
Co v(1)= (t—2)2 +16>16, suy ra van toc ciia vat dat bé nhat khi 7 =2

Quang duong vat di duoc trong khoang thot gian doé la

2
S= jv(t)dt = j(r2 —4t+20)ds = Gﬁ ~27 +20tj 104

0 0 :_ (m)

Trong khong gian Oxyz, cho mit phing (P): 2x—y+2z-8=0.

0
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DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025
a) Diém M (2;—1; 2) thudc mat phing (P).
b) Toa d6 mot vecto phap tuyén cia mit phing (P)la n=(2;-1;2).
¢) Mt phang (Q) di qua diém A(3; 2; —1) va song song véi mét phang (P) c6 phuong trinh
la 2x—y+2z-2=0.
d) Goi (R) la mat phang vudng goc véi mit phang (P) va mit phing (Oxy), dong thoi cach
diém B(-3; 1; 5) mot khodng bing J5. Gia st (R) co phuong trinh
ax+by+d =0, (a >0,d < 0), a,be Z,(a,b) =1. Gi4 tri ctia biéu thic b +d = —4.

Loi gidi
a) Thay toa d6 diém M (2;-1;2) vao phwong trinh mat phang (P), ta duoc
2.2-1.(-1)+2.2-8=1#0. Do d6 diém M (2; —1; 2) khong thudc mit phing (P).
b) Tur phuong trinh mét phang (P) da cho ta c6 toa dd mot vecto phap tuyén ciia mit phang (P)
lani=(2;-12).
¢) Vi mit phang (Q) song song véi mit phing (P) nén mit phang (Q)nhan vecto phép tuyén
cua mit phing (P) lam vecto phap tuyén. Ma mit phang (Q) di qua diém A4(3; 2; —1)nén ta co
phuong trinh ctia mit phing (Q) 1a: 2(x-3)—(y-2)+2(z+1)=0 hay 2x—y+2z-2=0.
d) Vi (R) la mat phang vudng goc v6i mit phang (P) va mat phang (Oxy) nén mit phang (R)
c6 mot vecto phap tuyén 1a 7, = [ﬁ,l;] VO =(2;-1; 2),1;(0; 0;1) 1an luot 12 vecto phap tuyén
cua mit phang (P) va mit phang (Oxy).
Tacé ii, = (~1; -2 0).
Gid sir phuong trinh mgt phang (R) c6 dang x+2y+d =0, (d e R).
Khodng cach tir diém B(-3;1; 5) dén mit phang (R)béng NG
[1.(-3)+2.1+4]|
V2422

Tir d6 ta 6 hai mat phang (R) théamanla x+2y+6=0 va x+2y—-4=0.

=6
=—4

Suy ra

=\/§<:>|d—1|:5<:{j

Két hop véi diéu kién ciia mét phang (R): ax+by+d =0, (a>0,d <0), a,b€Z,(a,b)=1ta
coa=,b=2,d=-4=b+d=-2.

Pap an: a) S,b) D, c) D, d) S.
PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 1i tir cau 1 dén cau 4.

2
Caul: Biét F(x) :(a)c2 +bx+c)\/2x—4 1a mot nguyén ham cta ham s6 f(x)= 10x \/—13x—252
2x—4
trén khodng (2;+00) . Tinh gia tri biéu thitc 7" = abc .
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Cau 2:

Caiu 3:

DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

Loi giai
Tra loi: -496
2 - —_ —
Tir F(x) = (a +bxt e)VZx—4 = F'(x) = 22 (832 3b)4x db+e
.X_

Vi F(x) l1a mot nguy€n ham cta f(x) trén khoang (2;+w0) nén F'(x) = f(x). Do do:

561210 a=?2
~(8a—3b)=—13<=1{b=1
—4b+c=-252 c=-496

Vay T = abc = -496.

Truong THPT X mudn 1am mdt cai cira nha hinh parabol c6 chidu cao tir mat dat dén dinh 1a

2,25 mét, chidu rong tiép giap voi mat dat 1a 3 mét. Gia thué mdi mét vudng 1a 1500000 dong.

Vay s6 tién nha truong phai tra 13 bao nhiéu (Pon vi triéu ddng)?(lam tron dén hang phan tram).
Loi giai

Tra loi: 6,75

Goi phuong trinh parabol (P) .y =ax’ +bx+c. Do tinh ddi xtmg ctia parabol nén ta c6 thé chon

hé truc toa d6 Oxy sao cho (P) ¢ dinh I € Oy (nhu hinh v&).

4

9
Z:c,(le(P)) ng
4
Ta c6 hé phuong trinh: %a—%b+c:0(Ae(P)) Sqa=-1
9 3 b=0
Za+—b+c=0(Be(P))

Vay (P):y:—x2+%.

Dua vao dd thi, dién tich cira parabol la:
3 3 3

2 2 3
S= I(—x2+2jdx:2.[(—x2+2jdx =2 i+2x
3 4 0 4 3 4

2

2

9
=—m".
2

0

Vay sb tién phai tra 1a: %.1500000 = 6750000 dong.

Trong khong gian voi hé toa do Oxyz , cho 3 diém A4(0,0,3); B(1,1,3);C(0,1,1). Khoang céch tir
gbc toa dd O dén mat phang (ABC ) bang?
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Cau 4:

DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025
Loi giai

Tra loi: 1
Ta c6: A(0,0,3); B(1,1,3);C(0,1,1)

AB=(1,1,0 S
=17 Lo [AB,AC] —(-2,2,1)

AC =(0,1,-2)
Khi d6 phuong trinh mat phéng (ABC) di qua A nhan [ZE,A_C’] = (—2, 2,1) la1 VTPT la:
2x+2y+z-3=0

E

Vay d o ascy = N

Trong khong gian Oxyz, cho mdt phing (P) rax+by+cz—27=0 qua hai diém A(3; 2;1) va
B(—3;5;2) va vudng goc v4i mit phiang (Q):3x+y+z+4:0. Tinh téng S=a+b+c.
Loi gidi
Tra loi: -12
Cach 1:
AB=(-6;3;1), i) =(3;11).
(P) qua hai diém A(3; 2;1) , B(—3; 5;2) va vudng goc mat phing (Q), nén (P) c6 cdp vecto
chi phuong AB= (—6;3;1), ﬁ(Q) = (3; 1;1).

Suy ra (P) co VTPT ii,, :[E;ﬁ@)}:(z;%—ls),va qua didm A(3;2;1).

Phuong trinh (P):2x+9y—152—4=0<:>6x+27y—452—12=0.

Vay S=a+b+c=-12.
Cach 2:

Taco i, =(a;bic), g =(3:1:1).

Mit phang (P) qua hai diém A(3;2;1) va B(—3;5;2) va vuodng goc v6i mit phang (Q)

3a+2b+c=27 a==6
-3a+5b+2c=27<b=27 .Vay S=a+b+c=-12.
3a+b+c=0 c=-45

PHAN IV. Ty luin

Cau 1:

5
Tinh I x? |x - 1| dx
-1

Loi giai

Ta cé | l| x=1 Fkhi x=1
aco: [x—1=

—x+1 khi x<1

Do d6:
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1

ixz |x—l|a’x=j‘xz(—x+l)dx+j.x2 (x—l)dxz I(—x3+x2)dx+i(x3—x2)dx
-1 -1 1 -1 1

RN 1 R
(54 5%

Viy T=a—-bh=346-3=343.
Cau2:  Tinh dién tich ctia hinh phang (H) gii han béi duong cong y =x* —x* —12x va truc Ox

5

Loi giai
Phuong trinh hoanh d¢ giao diém:
x=0
¥ -x'-12x=0&| x=-3.
x=4

4
Dién tich cua hinh phang (H ) la §= ”x3 —-x’ —12x|dx

j);(x -X —12x)dx

‘ ‘ ‘ 160|937

4

I(x3 —-x’ - 12x)dx

0

_(|).|x3—x —12x|dx+_[|x —-X —12x|d =

0
lx4—1x3—6x2 lx4——x -
4 3 Ll \4

Trong chwong trinh ndéng thén moi cta tinh Phii Yén, tai x Hoa My T4y c6 xdy mot cdy cau
bang bé tong nhu hinh v& (dudng cong trong hinh v& 1a cac dudng Parabol). Biét 1m® khdi bé
tong dé do cdy cau co gia 5 triéu dong. Tinh sb tién ma tinh Phii Yén can bo ra dé xdy cdy cau

+ —~78,1.

Cau 3:

trén (Pon vi triéu dong).

19m 0,5m
Loi giai
Chon h¢ truc Oxy nhu hinh vé.
Y a

19m 0,5m
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Goi (B):y=a,x* +b, 1a Parabol di qua hai diém A(%;OJ,B(O;Z)
19’ 8
R o . O=a|—| + a=—— 8
Nén ta c6 h¢ phuong trinh sau: 2 = 361 :(E):y:—ﬁx +2.
2=b b =2
Goi (B,):y =a,x’ +b, 1a Parabol di qua hai diém C(IO;O),D(O;EJ
0=a,.(10) +% a, :—4% | 5
Nén ta c¢6 hé phuong trinh sau: & = (B)y=——x"+=.
5 40 2
2=p, by=>
2 2

19
Ta c6 thé tich cia bé tong 1a: V' =5.2 IIO —Lx2+§ —J.Z —ix2+2 =40m’.
o\ 40 2 o\ 361

S6 tién ma tinh Pht Yén can bo ra dé xay cdy cau la: 5.40 =200 triéu dong
Trong khong gian Oxyz, cho céc diém A(O; 1; 2), B(2; —2;1),C(—2; 1;0),M(3; 0;1) . Tinh
khoang céch tr M dén mit phing (ABC), (két qua lam tron dén hang phan tram).
Loi gidi
Ta co: ﬁ = (2;—3;—1);E = (—2; 0; —2).

e (-3 1
[AB,AC}:(
0 -2

Chon n= %[E,A—Cz} = (1; 1; —1) 12 mot vecto phép tuyén ctia mét phang (ABC).

-1 2
-2 =2

2 3
-2 0

7 7

J:(6;6;—6).

Phuong trinh mit phang (ABC) la: x+y-1-z+2=0x+y—-z+1=0.

d(M,(ABC))= pro-t+) _=31,73.
P+ +(-1)
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PE ON TAP KIEM TRA GIUA HQOC Ki 2
TOAN LOP 12 - PE SO 02

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén ciu 12. M&i cau hoi

Cau 1:

Cau 2:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

thi sinh chi chon mgt phuwong an.
Biét F(x) 1a mot nguyén ham cta ham sé f(x) L (0;400) va F(e)=3.Tinh F(5)?
x
A. F(5)=In5+2. B. F(5)=In5. C. F(5)=In5+C. D. F(5)=In5+5.
2
Tinh tich phén 7 = [ (2x+1)dx.
0

A. I=5. B. 7=6. C.1=2. D. 1=4.

Cho j(3x2 —2x+ l)dx =6 voi m 1a tham sd. Gia tri ciia tham s6 m thudc khoang nao trong céc
0

khoang sau?

A. (-1;2). B. (—0;0). C. (0;4). D. (-3;1).

Goi S 1a dién tich cta hinh phing gidi han boi cac duong y =3, y=0,x=0,x=2. Ménh dé
nao dudi day dang?

A. S = j3xdx. B. S= ﬂj32xdx. C.S= ;zj 3%dx. D. S= j32xdx.
0 0 0 0

Goi V' 1a thé tich cta khéi tron xoay thu duge khi quay hinh thang cong, gii han bai @b thi ham
s6 y=sinx, truc Ox, truc Oy va dudong théng xX= %, xung quanh truc Ox. Ménh dé nao dudi
day dung?

2 ;
A. V = |sin® xdx B. V = | sin xdx C.V= 7Z'J. sin? xdx D. V= ﬁjsin xdx
0 0

O 0 |y
O o |y

Goi S 1a dién tich hinh phing gidi han boi cac duong y=x>+5,y=6x, x=0,x=1.Tinh §.
A. i B. Z C. § D. 2
3 3 3 3

Mot vét chuyén dong voi gia toc a(¢)=2cost(m/s”), biét rang tai thoi diem bét dau chuyén
dong, vat c6 van téc bang 0. Tinh quing duong vat di dugc tir thoi diém = 0(s) dén thoi diem
t=r(s).

A. S(m) B. 3(m) C. 2(m) D. 4(m)

Mot qua béng dugc ném 1én tir do cao 20m voi van tde duge tinh boi cong thic sau day
v()=—10¢+16 (m / s). Cong thirc no sau déy tinh do cao cua qua bong theo thoi gian ¢?

A. h(r)=-5¢"+16:+C. B. h(t)=-5¢"+16¢+20.

C. h(t)=5t*—16t+20. D. h(r)=5t*-16t+C.
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Cau 10:

Cau 11:

Cau 12:

DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

Tinh thé tich chira dugc (dung tich) ciia mot cai chén (bat), biét phan trong ciia nd c6 dang khéi
tron xoay duoc tao thanh khi quay quanh truc Ox hinh phang giéi han boi dudng y = V2x +2
va truc Ox (nhu hinh v€), bat c6 do sau 5 cm, don vi trén truc la centimet (lam tron Kkét qua dén
hang don vi).

Yry=v2zx 42
/AR
1 \
1 \
ik |
-___/ ik L T
0 [ sems 1
il ! 1 I
4 ] \ | K
a ‘/ AN L
P \\‘ \\ /I
A.78 cm’. B. 274 cm’. C.87 cm’. D. 247 cm’.

Trong khong gian Oxyzkhoang cach giita hai mit phing (P):x+2y+3z-1=0 va
(0):x+2y+3z+6=0 1a

A L 8 C. 14 D

5

Trong khong gian v&i hé toa dd Oxyz, mat phang di qua ba diém A(2;3;5), B(3;2;4) va
C(4;1;2) c6 phuong trinh la

A.3x—y+2z-4=0. B.x+y-5=0. C.y-z+2=0. D. 2x+y-7=0.

Cho hai mit phang (a) 3x-2y+2z+7= O,(B) :5x -4y +3z+1=0. Phuong trinh mat phang
di qua gbc toa d O dong thoi vudng goc voi ca (a) va (ﬂ) la:

A. 2x-y—-2z=0. B. 2x+y—-2z=0. C.2x-y+2z=0. D. 2x+y—-2z+1=0.

PHAN II. Ciu tric nghiém ding sai. Thi sinh tra 10i tir cau 1 dén cdu 2. Trong mdi ¥ a), b), ¢), d) & mdi

Cau 1:

cau, thi sinh chon ding hodc sai.
Cho ham s6 f(x) x4c dinh trén R thoaman f'(x)=18x—6, f(0)=

a) f(x)=9x2 +6x+1.
b) [ f(x)dx =39

c) j[3f(x)—1]dx:8

d) j.l[f'(x)—fo(x)]dxz_TSI
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Cau2: Trong khong gian Oxyz, cho diém A(1;2;3),B(2;-3;1) va mat phing (P):2x—y+2z+5=0.
Céc khang dinh sau dung hay sai?
a) Mot vecto phdp tuyén ciia mdt phang (P) 1a n=(2;-1;2).
b) Khoang cach tir diém A4 dén mit phang (P) bang 2.
¢) Phuong trinh mét phang (Q) diqua A4 va song song v&i mat phang (P) c6 phuong trinh la:
2x—y+2z+6=0.
d) Gia str diém M (a;b;c) thugc mat phang (Oxy) sao cho MA+MB ngan nhat. Khi d6 tong

a—b+2c=z.
2

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 4.
Cau1l: Choham sd F(x)=(ax’ +bx —c)e™* 1a mot nguyén ham ctia ham s6 f(x) = (2024x +2x +1)e”™*

trén khoang (—o0;+0). Tinh T=a+b-c.

2 2
+1 b . .
Cau 2: Cho tich phan '[ [x de =Ina+—, biét blasd nguyén, a,c nguyén duong va b la phén so
AN ¢ c

ti gian. Tinh tong a+b+c.

Cau 3: Tinh dién tich phdn mit phing gi6i han boi dd thi y=+/x, y=—Vx, y=x-22

Chu4: Trong khong gian v6i hé toa o Oxyz, goi (P):ax+by+cz+5=0 (véi a,b,c 1a cac so nguyén
khong dong thoi bang 0) la mét phang di qua A(-1;-2;2),B(=5;2;2) va khong di qua diém
H(O; 0;3). Biét ring khoang cach H dén mit phang (P) dat gia tri 16n nhat. Gia tri clia tong
T =2a+b—-3c bing

PHAN IV. Ty luian

Caul: Chohamsdbécba y=f(x) c6 f'(x)=3x"+2x—m+1, f(2)=1.D0 thi ham s6 y = f(x)
di qua diém M (1,-3). Tinh f(-1)

3x* khi 0<x<I

Cau2: Chohamsdy= f(x)=
y=1 {4—)6 khi 1<x<2

2
. Tinh tich phan J. f(x)dx.
0

Cau3: Mot 6 to dang chay déu véi van toc a (m / s) thi ngudi 1ai xe dap phanh, tir thoi diém do6 6 t6
chuyén dong cham dan déu véi van tbc v(t) =-5t+a (m/ S) , trong d6 ¢ 1a khoang thoi gian

tinh bang gidy, ké tir lac dap phanh. Hoi tir luc dap phanh dén khi dimg han 6 t6 di chuyén dugc
40 mét thi van tdc ban diu « 1a bao nhiéu?

Céau 4:  thiét cho nhu ¢ trong hinh). Tinh thé tich ¥ cta khéi tron xoay sinh ra khi quay hinh sao dé
quanh tryc Ox (lam tron két qua dén hang phan mudi).
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Cau 5:

Cau 6:

DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025
Trong khong gian Oxyz, cho hinh hop ABCD.A'B'C'D’, biét rang A(—3; 0;0), B(O; 2;0),
D(O; 0;1) , A’(l; 2;3) . Viét phuong trinh mit phang trung truc cia C'D.
Trong khong gian Oxyz, cho hai mat phing (@):3x-2y+2z+7=0 va
(B):5x—4y+3z+1=0. Phuong trinh mit phang qua O, dong thdi vudng goc véi cd (o) va
() c6 phuong trinh la
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HUONG DAN GIAI CHI TIET

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 2:

Cau 3:

Cau 5:

thi sinh chi chon mdt phuong an.
Biét F(x) 1a mot nguyén ham cta ham sé f(x) =§ trén (0;4%) va F(e)=3. Tinh F(5)?
A. F(5)=In5+2. B. F(5)=In5. C. F(5)=In5+C. D. F(5)=In5+5.
Loi giai
Ta c6: nguyén ham cia hamsé f(x) = L iren (0:40) 1a F(x)=[ f(x)dx = J%dx =lnx+C

X

Do F(e)=3 = Ine+C=3 = C=2 = F(5)=In5+2.
2
Tinh tich phan 7 = [ (2x+1)dsx.
0

A I=5. B. /=6. C.1=2. D.[=4.

Loi giai
Ta ¢6 1=j(2x+l)dx=(x2+x)‘z —442-6.
0

Cho j(3x2 —2x+ l)dx =6 v6i mla tham sd. Gia tri ctia tham s m thudc khoang nio trong cac
0

khoang sau?
A. (-12). B. (—0;0). C. (0;4). D. (-3;1).

Loi gidi
Ta co: T(Bx2 —2x+1)dx:6 = (x3 —x’ +x)

0

:=6<:>m3—m2+m—6=0c>m=2.
Goi S 1a dién tich cta hinh phing gidi han boi cac duong y =3, y=0,x=0,x=2. Ménh dé
nao dudi day dung?

2 2 2 2
A. S=[3%x. B. §=7[3"dx. C. S=rx3"dx. D. §=[3"dx.
0 0 0 0
Loi giai
2
Theo dinh nghiatacé S = j3"dx
0

Goi ¥ 1a thé tich cta khdi tron xoay thu duoc khi quay hinh thang cong, giéi han béi d6 thi ham
s6 y=sinx, truc Ox, truc Oy va duong thang x = %, xung quanh truc Ox. Ménh d& nao duéi
day dung?

3 ]
A. V = |sin® xdx B. V = | sin xdx C.V= 72"[ sin’ xdx D. V= ﬂj sin xdx
0 0

S 0 [N
S o [N
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Loi giai
Truc Ox: y=0

Truc Oy: x=0

Theo cong thirc tinh thé tich khéi tron xoay ta co: ¥ = 7 | sin® x.dx .

O 0 | N

Cau 6: Goi S la dién tich hinh phang gidi han boi cac duong y=x*+5,y=6x, x=0,x=1. Tinh §.

AL B. L c. s D. 2.
3 — 3 3 3
Loi giai

Hoanh d6 giao diém cua do thi hai ham so6 1a

2 2 X
X +5=6x&x —6x+5:0c>[
X

Do d6 trén doan [0;1] biéu thirc x*> —6x+5 khong ddi ddu nén ta co:

j.(x2 —6x+5)dx = [%3—3x2 +5xj

0
Cau7: Mot vat chuyén dong véi gia toc a(t) = ZCost( m/ sz) , biét rang tai thoi diém bat dau chuyén

1

S=.1”x2 —6x+5|dx=
0

0

dong, vt c6 van téc bang 0. Tinh quang dudng vét di duoc tir thoi diém ¢ = 0(s) dén thoi diém
t=n(s).
A. 5(m). B. 3(m). C. 2(m). D. 4(m).
Loi giai
Tacé v(1)= J' dt_jzcostdt_2smt+c

Ma tai thoi diém bét dau chuyén dong thi vét c6 van toc bang 0 nén ta c6 v(0)=0 hay C =0

Vay v(t)=2sint.

Quéng dudng vat di duoc tir thoi diém 7= 0(s) dén thoi diém 7 =7 (s) 1a

Iv dt—I 2s1ntdt——2czost| —2cos7z—(—2c050)=4(m).
0

Cau8: Mot qua bong duge ném 1én tir d6 cao 20m voi van tde duoc tinh boi cong thirc sau day
( ) —10r+16 (m / s). Cong thirc nao sau day tinh do cao cta qua bong theo thoi gian ¢?
h(t) —5t* +16t+C . B. h(t)=-5t*+16t +20.
. h(t)=5¢>-16:+20.D. h(t)=5¢*-16t+C.

Loi giai
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Goi A(t) 1a do cao ciia qua bong tai thoi diém ¢.

Suy ra: h'(¢)=v(r) do d6 () 1a mot nguyén ham cia v(¢)
Ta co: [(~10¢+16)dt=—5¢ +16t+C.

Do quéa bong duoc ném 1én tir d6 cao 20m nén tai thoi diém =0 thi A =20.
Hay /(0)=20= C =20 nén h(t)=-5¢>+16¢+20.

Cau 9:  Tinh thé tich chira duoc (dung tich) cia mot cai chén (bat), biét phan trong ctia nd ¢ dang khoi
tron xoay dugc tao thanh khi quay quanh truc Ox hinh phing gi¢i han boi dudng y = J2x +2
va truc Ox (nhu hinh v€), bat c6 dd sau 5 cm, don vi trén truc la centimet (lam tron két qua dén
hang don vi).

Yty=v2zx+2
A Y
\

1
1
- 49
-4 L & ]
» 7

47
v 4,‘."4,;,'1' y \

‘a N

4 AN

A. 78 cm?. B. 274 cm’. C.87 cm’. D. 247 cm’.

X

)
1
I
|

1
T
|
|
|
\

\
|
|
|
T
1
I
I

1

Loi gidi
. : 2 40
Thé tich ctia chén 1a: ¥ = nj(\/ﬂu) dx = n(?\/ﬁwsJ ~274 (cm’)
0

Cau 10: Trong khoéng gian Oxyz khoang cach giita hai mat phang (P):x+2y+3z—1=0 va
(Q):x+2y+3z+6=0 la

8 5
A. B. —. C. 14, D. —.
Loi giai
, 1 2 3 -1
(P):x+2y+3z-1=0, (Q):x+2y+3z+6=0.Taco: T:E:E;tz suy ra

(P)/I. Chon A(1;0;0)e(P). Vi (P)//(Q) nén d((P),(Q))=d(4,(0))
[1+2.0+3.0+6] 7
V2243 14

Céu 11: Trong khong gian véi hé toa d6 Oxyz, mit phing di qua ba diém A(2;3;5), B(3;2;4) va

C(4:1;2) c6 phuong trinh la
A.3x-y+2z-4=0. E._ C.y-z+2=0. D. 2x+y-7=0.

Loi giai
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Tacd AB = (L-1;-1), AC = (2;-2;-3) suyra n= [E, EJ =(L10).
Vi AB : AC — (ABC) nén (ABC) s€ nhan n= [E,A—C"] lam mot vecto phap tuyén.
Hién nhién (4BC) di qua A(2;3;5) nén ta c6 phuong trinh clia (4BC) 1a
1(x=2)+1(y—3)+0(z-5)=0<x+y-5=0.
Céu 12: Cho hai mit phiang (a) 3x-2y+2z+7= 0,(5) :5x -4y +3z+1=0. Phuong trinh mat phing
di qua gdc toa dd O dong thoi vudng goc véi ca (a) va (ﬁ) la:
A. 2x-y-2z=0. B. 2x+y-2z=0. C.2x-y+2z=0. D. 2x+y-2z+1=0.
Loi gidgi
Véc to phéap tuyén cua hai mét phing lan luot 1a ;1: = (3; -2; 2) , Z = (5; —4; 3) .

[ -2

Phuong trinh mét phang di qua goc toa d O ,VTPT 7i = (2; I —2) P 2x+y-2z=0.

PHAN II. Cau tric nghiém ding sai. Thi sinh tra 10i tir cdu 1 dén cdu 2. Trong mdi ¥ a), b), ¢), d) & mbi
cau, thi sinh chon ding hodc sai.
Caul: Chohamsd f(x) xdc dinh trén R thoaman f'(x)=18x—-6,f(0)=1.

a) f()c)=9x2 +6x+1.
b) [ £ (x)dx =39
c) j[Sf(x)—l]dsz

d) j.l[f’(x)—2xf(x)]dx=?

Loi giai
a) Sai

Ta c6: f'(x)=18x—6:>f(x)=j(18x—6)dx=9x2—6x+c.
Talaico f(0)=1<C=1

Vay f(x)=9x"—6x+1

b) Sai

Ta co: jlf'(x)dx=f(x)|zl =(9x* —6x+1)[ =25-16=9.

¢) Sai Ta co: j[3f(x)—1]dx = 3jf(x)dx—j1dx =3.1-1=2

d) Pung
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Cau 2:
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Ta co: j-l[f’(x)—fo(x)]dx:Jz.lf’(x)dx—j‘l2x(9x2 —6x+1)dx=9—%=—5?1

Trong khong gian Oxyz, cho diém A(1;2;3),B(2;-3;1) va mat phing (P):2x—y+2z+5=0.
Céc khang dinh sau dung hay sai?
a) Mot vecto phép tuyén clia mit phang (P) la n= (2;-1;2).
b) Khoang céch tir diém A dén mit phang (P) bing 2.
¢) Phuong trinh mét phing (Q) di qua A va song song véi mit phing (P) c6 phuong trinh 1a:
2x—y+2z+6=0.
d) Gia st diém M (a;b;c) thudc mat phang (Oxy) sao cho MA+MB ngan nhat. Khi d6 tong
a-b+2c= 7 :
2
Loi gidi

a) TUr phuong trinh cua mat phang (P):2x—y+2z+5=0 suy ra mot véc to phap tuyén ctia
(P) 1a n=(2;-1;2). Suy ra a) Dung.

2.1-2+23+5 11 .
= = =—. Suy ra b) Sai.

J2+ (1) +2°

¢) Do (Q)//(P) suy ra phuong trinh mét phang (Q) codang: 2x—y+2z+m=0,voi m#35.

b) d(4,(P))

Do (Q) diqua 4 néntaco: 2.1-2+23+m=0<m=-6.
Vay phuong trinh mit phang (0)1a 2x—y+2z-6=0.Suyra c) Sai.
d) * Nhan xét: Do hai diém A4, B déu c6 cao do duong nén 4, B nam cung phia so v6i mat
phang (Oxy).
+) Goi A’ 1a diém ddi xtimg véi 4 qua (Oxy). Suyra 4'(1;2;-3).
+) Khi d6 voi moi diém M e (Oxy), ta c6: MA = MA' = MA+MB=MA'+MB > A'B.
Suy ra min(MA+MB)= A'B dat dugc khi 4',M,B thing hang hay M la giao diém cia
duong thang (4'B) voi mat phang (Oxy).
+) Phuong trinh duong thang (4'B) di qua A’ va c6 vecto chi phuong A'B= (L-5:4) 1a
x=1+¢
y=2-5t , (teR).
z=-3+4¢

+) M e(A’B):>M(1+t;2—5t;—3+4t). Mat khac Me(Oxy):—3+4t=0<:>t=%.

7
+) Voi t=%:>M(%;—%;Oj. Suy ra a—b+2c=5. Suy ra d) Dung.

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 1i tir cau 1 dén cau 4.

Cau 1:

Cho ham s6 F(x) = (ax’ +bx —c)e’™ 1a mot nguyén ham ctia ham sd f(x) = (2024x” + 2x +1)e™

trén khoang (—o0;+). Tinh T=a+b-c.

Loi giai
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Tra loi: 507
F'(x)=(2ax+b)e™ +2(ax’ + bx — c)e’ =[ 2ax’ + (2b+2a)x + b—2c | ™"
2a=2024 a=1012

Ta c6: | 2ax’ +(2b+2a)x+b—2c e = (2024x” + 2x + 1)’ = { 2(a+b) =2 << b=—-1011
b-2c=1 c=-506

Vay T =507

2 2
+1 b . . . .
Cau 2:  Cho tich phan J. (x ]dx =Ina+—, biét b1asd nguyén, a,c nguyén duong va b la phan so
X c c

t6i gian. Tinh tong a+b+c.
Loi giai

Tra loi: 7

j[xz;ljdx:j(x+%jdx:(%2+ln|x|j

=a+b+c=7.

2

:1n2+%:lna+éza:2,b:3,c:2
c

1

Cau 3: Tinh dién tich phdn mat phing giGi han boi dd thi y=+/x, y=—Vx, y=x-22

Loi giai
Tra loi: 4,5

2

1

0 1 2 3 4 4]
—1 —

Dién tich phan mit phang gidi han bai d6 thi cac ham s6 trén 1a

1 4
3 3

1 4 1 4 2 2 2
[2Vx o [Vx—x+2dv =2[x" dx+_[x%—x+2dx:2.% N %—%ux ~4,5.
0 1 0 1

5 0 2 1
Cau4: Trong khong gian véi hé toa do Oxyz, goi (P) :ax+by+cz+5=0 (vdi a,b,c 1a cic sd nguyén

khong dong thoi bang 0) 1a mat phing di qua A(—l;—2;2),B(—5; 2;2) va khong di qua diém
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H(0;0;3). Biét rdng khoang cach H dén mit phing (P) dat gid tri 1on nhat. Gié trj cua tong
T =2a+b-3c bang
Loi gidi
Tra loi: 3.
Goi K 1a hinh chiéu cia H trén mat phang (P), E 1a hinh chiéu cia H trén AB.
Ta ¢6: d(H,(P))=HK,d(H,AB)=HE,HK <HE (khong d6i).
Vay khoang cach H dén mit phang (P) dat gia tri 16n nhat bang HE khi K =E .

Ta cé: E(—4; 4;0).

x=-1+t
Phuong trinh dudng thang AB di qua A(-1;-2;2) vacéd VTCP u(L;-1;0) la: 4y =-2-t.
z=12

Goi E(-1+t;-2-t;2)e AB. Tacé: EH(1-t;2+t;1).

HEu=0=1-t—2— t—0<:>t——l:>EH ié1
2 2°2

Phuong trinh mit phang (P) di qua A(-1;,-2;2) ¢6 VIPT n(3;3;2) la
3(X+1)+3(y+2)+2(z—2)=0c>3x+3y+2z+5:O.
Vay a=3;b=3,c=2=T=2a+b—-3c=3.

PHAN IV. Ty luin

Cau 1:

Cau 2:

Caiu 3:

3% +2x—m+1 f() Dothlhamsoy f()

Cho ham s6 bac ba Y= f( ) co f( )
di qua diém M (573) 1ipn /(-1)
Loi giai

Taco f(x If x dx:I(3x2+2x—m+l)dx:x3+x2+(1—m)x+C.

L. [ f(2)=1 2+2°4(1-m)2+C=1 [(-2m+C=-13 [m=7
Theo gia thiét = =

= .
FM)=-3  |1+1+(1-m)+C=-3 —m+C=-6 C=1

Suyra f(x)=x’+x"—6x+1.Vay f(-1)=7.

1

: 3x* khi 0<x<1 h
Cho ham s y = = . Tinh tich pha dx.
0 hamsoy =/ (x) {4—x khi 1<x<2 T HER PRt '([f(x) *
Loi giai
2 1 2
[feydx=[f@dx+[fxdx
0 0 1
1 z 31 2 22
:I3x2dx+_[(4—x)dx:3.x?0+4x - =1 —i:Z
0 1

Mot 6 to dang chay déu véi van toe a (m / s) thi nguoi l4i xe dap phanh, tir thoi diém d6 6 t6

chuyén dong cham dan déu véi van tdc v(t) =-5t+a (m/ s) , trong d6 ¢ 1a khoang thoi gian
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tinh bang gidy, ké tir lac dap phanh. Hoi tir luc dap phanh dén khi dimng han 6 t6 di chuyén dugc
40 mét thi van toc ban dau a la bao nhiéu?

Loi giai
Khi xe dirng han thi van téc bang 0 nén: —S5t+a=0<1= %.

Ta co: S=j|v(t)|dt zj‘|—5t+a|dt= (—Sz+a)dt=ia2
0 0

10

S 1 | R

1, a:—20(L
S=40 —a" =40
10 a=20

Vay: a=20(m/s).

Bén trong hinh vudng canh 4, dung hinh sao bn canh déu nhu hinh vé& bén (cac kich thudc can
thiét cho nhu ¢ trong hinh). Tinh thé tich ¥ ctia khdi tron xoay sinh ra khi quay hinh sao d6
quanh tryc Ox (lam tron két qua dén hang phan muoi).

D

Ta ki hiéu cac diém nhu hinh v&. Ta ¢ khéi tron xoay d6 duoc tao thanh khi quay hinh phang
QAMBN quanh tryc (Ox ).Ma S, = Spyz, nén thé tich ctia khdi tron xoay d6 s& bang 2 lan
thé tich ctia khdi tron xoay khi quay hinh phang ONBM quanh truc( Ox ).

+) Viét phuong trinh dudng thing MB:M (0; 1), B(2; 2)

C6 vecto chi phuong MB =(2;1) suy ra mot vecto phap tuyén clia duong thang 1a n, =(-1;2).
SuyraMB:—1(x—0)+2(y—1):0<:>MB:—x+2y—2:0.:>y=%x+1.

+) Tuong ty, ta viét dugc phuong trinh duong thang NB 1a
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—2.(x—1)+1.(y—0):O<:>—2x+y+2:O:>y:2x—2.
2
— = 2[42(1“1) dx—ﬁjz(Zx—Z)zdx] _20 <200,
0\ 2 ! 3
Cau 5: Trong khong gian Oxyz, cho hinh hop ABCD.A'B'C'D’, biét ring A(—3;0;0), B(O;2;O),
D(O; 0;1) , A’(l; 2;3) . Viét phuong trinh mat phéng trung tryc cua C'D.
Lai gidi

AV

/
I
I
] 1
D /

I

Goi C’(x;y;z). Ta co E=(3;2;0); ﬁ=(3;0;1); ﬁ=(4;2;3).

x=10+3
Ma AC'= AB+AD+AA' = AC' =(10;4;4) > 1y =4-0 = C'(13;4;4).
z=4-0
| aua 1 523
Khi d6 mat phang trung truc cua C'D: 22

n=CD=(13;4;3)

c6 phuong trinh la 13[x—%j+4(y—2)+3[z—%j:0 < 13x+4y+32z-100=0.

Cau 6: Trong khong gian Oxyz, cho hai mit phing (a) :3x-2y+2z+7=0 va
(B):5x—4y+3z+1=0. Phuong trinh mit phing qua O, dong thoi vudng goc véi ca (a) va
(/) co phuong trinh la
Loi giai
Mit phing (e) c6 mot vecto phap tuyén 1a n, = (3;-2;2).
Mt phing () c6 mot vecto phap tuyén 1a n, = (5;-4:3).
Gid sir m3t phing () c6 vecto phép tuyén 1a n.
Do mit phing () vudng géc véicd () va (/) nén ta co:
{'f R (m.m, |=(2:1:-2).
nln,
Mit phing (7) di qua 0(0;0;0) va c6 vecto phap tuyén n =(2;1;-2) c6 phuong trinh 1a:
2x+y-2z=0.
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PE ON TAP KIEM TRA GIUA HQOC Ki 2
TOAN LOP 12 - PE SO 03

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

thi sinh chi chon mgt phuwong an.

A \ 5 \ A 2025 1A
Ho nguyén ham ctiia ham s6 f'(x)=x"" la

A2026X™4+C. B.2026x™P4C. Co—b M 4C. DLy
2025 2026

Biét F(x) = x* 1a mdt nguyén ham ctia ham s6 f(x) trén R . Gia tri ctia Jz‘[2 + f(x)]dx bang
1

A. 3. B. 5. C.E. D.Z.
3 3
b
Tinh tich phan Icosxdx.
E
A. 2. B. 0. C. 2. D. 1.

Cho hinh phing D gi6i han boi duong cong y =+/2+cosx , truc hoanh va cac dudng thing

x=0,x= % Khéi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich ¥ bang bao

nhiéu?
AV =r-1. B.V=(x-Dx. ?g\\ C.V=(r+Dr. D.V=r+1.
Cho ham s6 f/(x) lién tuc trén R . Biét k\gﬁ% s6 F(x) 1a mot nguyén ham cta f(x) trén R va

RN

F(2)=6,F(4)=12. Tich phan [ f(x)dx bing
2
A.2. B. 18. C. 6. D. 6.
5 -1
NéuJ.f(x)dx=—3 thi _[f(x)dx bang
-1 5

A. 5. B. 4. C. -1. D. 3.
Goi § 1a dién tich hinh phing dugc t6 ddm trong hinh v& bén.
Cong thuc tinh § 1a

A. j;f(x)dx+jf(x)dx
B. if(x)dx—jf(x)dx.

2

C. [ f(x)dx.

Al

D. —jf(x)dx

Thé tich khoi tron xoay khi cho hinh phéng gidi han boi dd thi ham sb y=x"; truc Ox;

x =1;x =3 quay quanh truc Ox la:
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Cau 9:

Cau 10:

Cau 11:

Cau 12:
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A V=22 B.v=22 c.v=2% . V=227

5 3 3 5
Mot 6 t6 dang chay voi van tée 10m/s thi ngudi 14i dap phanh; tir thoi diém dé, 6 to chuyén dong
chim dén déu véi van toc v(1)=-5t+10 (m/s), trong d6 ¢ 1a khodng thoi gian tinh bang gidy,
ké tir luc bat dau dap phanh. Hoi tir lac dap phanh dén khi ding han, 6 to con di chuyén bao nhiéu
mét?
A.S5m B.15m C.20m D. 10 m
Trong khong gian vdi hé toa do Oxyz , phuong trinh nao duogc cho dudi day la phuong trinh mat
phang (Oyz)?
A . x=y+z. B. y—z=0. C.y+z=0. D. x=0.
Trong khong gian hé toa do Oxyz, cho ba diém A(L,—1;,—-1), B(1;0;4), C(0;—2;—1). Viét
phuong trinh mit phiang (a) qua A va vudng goc voi duong thang BC.
A. x+2y+5z+6=0. B.x+2y+5z-5=0. C. x-2y-5z-6=0. D. x-2y—-5z+6=0.
Viét phuong trinh tong quat ctia mat phang (P) biét (P) chta truc Ox va (P) di qua diém
M(1;1;2)
A x—y=0. B. x+y-z=0. C.2x—z=0. D. 2y—-z=0.

PHAN II. Céu tric nghiém ding sai. Thi sinh tra 10i tir cdu 1 dén ciu 4. Trong mdi ¥ a), b), ¢), d) & mbi

Cau 1:

Cau 2:

cau, thi sinh chon dung hoac sai.
Cho ham s0 y = f (x)=x"~3x+2 ¢6 do thi 1a (C). Goi Dla hinh phang gi6i han boi do thi

(C) vatruc Ox. 4@\\?}

a) Dién tich hinh phing (D) 1a § = [[¥* ~3x+2ax
1
b) Goi S’ 1a dién tich hinh phing gi6i han béi dd thi (C), dudng thing (d):y=-2x+8 va 2

. . 23
duong thang x =1;x =3. Khi do6 S’=?.

¢) Thé tich khdi tron xoay sinh ra khi quay hinh phang (D) quanh truc Ox bang 167

d) Duong thing x =k chia hinh phang (D) thanh hai phan c6 dién tich bang nhau. Khi d6
k e(-1,0)

Trong khong gian Oxyz, cho bon diém A(l; 1;4) , B(2; 7;9) , C(O; 9;13) , M(2; 2;4).
Ménh dé bung | Sai

a) | AB=(16;5)

b) Mit phéng (ABC) ¢6 1 vecto phap tuyén 1a 7 = (l;—l;l)

¢ | (ABC): x-y+z-4=0

d) | Me(ABC)
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PHAN III. Cau tric nghiém tra 16 ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.
Caul: Chohamsd y=f (x) lién tuc trén khoang (0; +oo) va ¢ bang bién thién nhu sau

5
Biét ring ”f'(x)|dx =5.Gid tri cua f(5) bang
2
Cau 2: Trén thiét ké d6 hoa 3D ciia mot canh dong dién mit trdi trong khong gian Oxyz , mot tam pin
nam trén mit phang (P) :x—=3y+4z+5=0; mot tim pin khac nam trén mit phiang (Q) di qua
diém M (1;3;—1) va song song voi mit phing (P). Biét ring phuong trinh mat phiang (Q) c¢6

dang ax+by+4z+c=0.Khi d6 gia tri a+b+c bang

-

Cau 3: Mot cong trinh dang xay dung duogc “g%”n hé truc Oxyz (don vi trén mdi truc toa d6 1a mét). Ba
bc tudng lan luot thude cac mat phing (P),(Q),(R) (nhw hinh v&) ciia tda nha lan luot c6
phuong trinh: (P):x+y—-2z+1=0, (Q):x+y+z-5=0,(R):2x+2y—4z+21=0.

Do rong cua bic tudng thudc mit phang ( Q) clia toa nha bang bao nhiéu mét? (két qua lam tron
dén hang phan chuc)

Cau4: Mot chiée cbi gid bang da c6 hinh dang khéi tron xoay bén ngoai 1 hinh non cut, cao 32 cm.
Cit chiéc cdi boi miat phiang di qua tim cua day va vudng goc v6i day ta thu duoc mat cit nhu
hinh duoi day
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A M K N B

D C
Biét rang dudng cong bén trong mit cit 1a moét mot phan cua parabol c6 dinh [ ; 4B =32cm,
CD =16cm, MN =24cm va IK =24 cm. Thé tich phan da cua chiée cdi gan nhét voi gia tri nao

sau day (tinh theo don vi e¢m® va lam tron dén hang don vi)?

PHAN IV. Ty luin

Cau 1:

Cho ham s0 f'(x) théaman f'(x)=3-5cosx va f(0)=5. Tinh f(%]

Céng truong Pai hoc Bach Khoa Ha N¢i c6 hinh dang Parabol, chiéu rong 8m, chiéu cao 12,5m
. Tinh dién tich ctia cong (1am tron két qua dén hang don vi)

Trong khong gian Oxyz, cho hai mit phing (P):x-3y+2z-1=0, (Q):x—z+2=0. Mit
phang (a) vudng goc voi ca (P) va (Q) d(é@:g thoi cit truc Ox tai diém c6 hoanh do bang 3.

N
Phuong trinh cua mp (a) la .

Page 4

Swu tam va bién soan



DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

HUONG DAN GIAI CHI TIET

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

thi sinh chi chon m¢t phuong an.

A \ 5 \ A 202 A
Ho nguyén ham cia ham s0 f'(x)=x>"* 1a

A. 20265 1C. B. 2026x% +C.  C.—L_y™,c. D, .
2025
Loi gidi

Ap dung cong thirc Ix"‘dx= M+ C, (a=-1).

a+1

Ta c6 J‘xzozsdx _ 1 (20254 o 1 $2026 o
2025+1 2026

Biét F(x ( ) x* 12 mot nguyén ham cua ham s f ( ) trén R. Gia tri cua j de bang
1

A3, s B ¢ Dg

3
Loi giai
2 5 2
Ta coO: 2+ =(2x+x =8-3=5.
2+ )Jox =(orv)]
2 o
, , R A
Tinh tich phan Icosxdx. 4@\
s &>
2 \2@
A. B2 B. 0. C. 2. D. L.
Loi giai

Tacod: | cosxdx =sinx

0 [ 3

EW: sinZ—sin| —— | |=2.
- 2 2

Cho hinh phiang D gidi han boi duong cong y =+/2+cosx , truc hoanh va cac dudng thang

NI

x=0,x= % Khéi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich ¥ bang bao

nhiéu?

A V=r-1. B.V =(z-r. C.V=(x+hr. D.V=r+l

Loi giai

SIS

Ta c6 V:ﬂj(2+cosx)dx:ﬁ(2x+sinx)|0% = (7+1).
0
Cho ham s6 f(x) lién tuc trén R . Biét ham s6 F (x) 12 mot nguyén ham cta f(x) trén R va
4
F(2)=6,F(4)=12. Tich phan [ f (x)dx bing
2

A. 2. B. 18. C. 6. D. 6.
Loi giai
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Cau 7:

Cau 9:
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f(x)dx=F(4)-F(2)=12-6=6.

N Sy I

5 -1
Néu [ f(x)dr=-3 thi [ f(x)dx bing
-1 5

=
w

A. 5. B. 4. C. -1.
Loi giai

Ta co ].lf(x)dx=—j[f(x)dx=3.

Goi § 1a dién tich hinh phéng duoc t6 dam trong hinh vé bén.
”

y=f%)

riﬂ“HW“"HH”" m"HHIlnn“.._

11111

-1
Cong thuc tinh § 1a
1 2
Ao [ f (x)de+ [ f (x)dx. B.
- 1
21 2
C. [ f(x)dr. D. -[f(x)dv. &
-1 -1 J{b’\\
& Loi giai

)

= [l = ]| (fece (o = | r(a)ac=] r(s)ax.

Thé tich khdi tron xoay khi cho hinh phang giéi han boi do thi ham sb y =x?; truc Ox;

x =1;x =3 quay quanh truc Ox la:

Av=22 V=22 c.v=-2%. D. .
5 3 3 -

Loi giai
Thé tich khdi tron xoay khi cho hinh phéng gidi han boi dd thi ham s6 y=x";truc Ox;
x =1;x =3 quay quanh truc Ox la:
© 247
E
Mot 6 t6 dang chay vai van tbe 10m/s thi ngudi 1ai dap phanh; tir thoi diém dé, 6 to chuyén dong

3 3 5
V:ﬂj(xz)zdx:ﬂjx“dx:ﬂx?
1 1

1

cham dan déu véi van tdc v(t) = —5¢+10 (m/s), trong d6 ¢ 13 khoang thoi gian tinh bang gidy,
ké tir luc bat dau dap phanh. Hoi tir lac dap phanh dén khi ding han, 6 to con di chuyén bao nhiéu
mét?
A.5m B.15m C.20m D.10m

Loi giai
Xét phuong trinh —57+10 =0 < 7 = 2. Do vay, ké tir lic nguoi 14i dap phanh thi sau 2s 6 to dimg
han.
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Quing duong 6 to di dugc ké tir luc ngudi l4i dap phanh dén khi 6 t6 ding han 1a
2
2
5= J.(—St +10)dr = (—itz +10tj
: 2 0

Cau 10: Trong khong gian véi hé toa d0 Oxyz , phuong trinh nao dugc cho dudi day la phuong trinh mat
phing (Oyz)?
A x=y+z. B. y-z=0. C.y+z=0. D. x=0.

=10m.

Loi gidi
Mit phing (Oyz) di qua goc toa dd O va co vecto phap tuyén 7 =(1;0;0)
Suy ra phuong trinh mit phing (Oyz):x=0.
Cau 11: Trong khong gian hé toa dd Oxyz, cho ba diém A(L;—-1;—1), B(1;0;4), C(0;—2;-1). Viét
phuong trinh mit phiang (a) qua A va vudng goc voi duong thang BC.

A. x+2y+5z+6=0. B. x+2y+5z-5=0.
C.x-2y-5z-6=0. D.x-2y-5z+6=0.

Loi giai
Pudng thing BC c6 vecto chi phwong i = CB = (1;2;5).
Do mit phing (a) vudng goc voi duong thaing BC nén mit phang (a) c6 vecto phéap tuyén 1a
n=i=(1;2;5).

Phuong trinh mit phang can tim 1a: 1(x—1)+2(y+1)+5(z+1)=0& x+2y+5z+6=0.
Céu 12: Viét phuong trinh tong quat ciia mit phang (P) biét (P) chira truc Ox va (P) di qua diém

M(1;1;2)
A. x—y=0. B. x+y-z=0.
C.2x—z=0. D.2y—-z=0.

Loi giai
Vi mit phang (P) chita truc Ox nén (P) di qua 0(0;0;0) va (P) nhan ;(1; 0;0) 1a mét vecto chi
phuong. Do d6 mit phang (P) c¢6 mot cip vecto chi phuong 1a W(l;l; 2) va f(l;O; 0).
Suy ra mit phing (P) c6 mdt vecto phap tuyén 1a [W,ﬂ =(0;2;-1).

Vay phuong trinh tong quét ciia mat phang (P) 1a: 2(y —0)—(z—0)=0 hay 2y—z=0.
PHAN II. Céu tric nghiém diing sai. Thi sinh tra 10i tir cdu 1 dén céu 4. Trong mdi ¥ a), b), ¢), d) & mdi
cau, thi sinh chon ding hodc sai.
Caul: Chohamsd y=f(x)=x"-3x+2 c6dd thila (C). Goi DIla hinh phing gi¢i han béi do thi

(C) vatruc Ox.

2
a) Dién tich hinh phing (D) 1a § = [|x* —3x+2|dx.
1
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b) Goi S’ 1a dién tich hinh phing gi6i han béi dd thi (C), dudng thing (d):y=-2x+8 va 2

duong thang x =1;x=3.Khi do §'= 23

¢) Thé tich khdi tron xoay sinh ra khi quay hinh phang (D) quanh truc Ox bang 167
d) Duong thing x =k chia hinh phang (D) thanh hai phan c6 dién tich bang nhau. Khi d6
ke(-1,0)
Loi giai
‘ a) Sai ‘ b) Dung ‘ ¢) Sai ‘ d) Ping

a) Sai

x_
Xét x3—3x+2=0©[
x=1

1
Dién tich gi6i han dd thi ham sd y =x° —=3x+2 vatruc Ox 1a S = j | = 3x+ 2| dx
-2

b) Piing
Taco §'= j|x 3re2-(8-2u)fhr = j|x o=
¢) Sai

Thé tich khéi tron xoay ¥ = ;zj (x-3x+2) = 729

d) Ping ; Qm\\v\\\\

V6i 2<x<1 thi f(x)>0 \x@\

Dudng thing x =k chia hinh (D)thanh hai phan c6 dién tich bing nhau thi & € (-2;1)

k 1 4 2 k 4 1
va j(x3—3x+2)dx=j(x3—3x+2)dx@ RN RSP | L - S
J ) 4 2 2 4 2 k
4 2 4 2 4
K3k +2k + 6—i— K3k +2k k——3k2+4k+—4—0<:>k~—0 768.
4 2 3 (4 2 2 3

Trong khong gian Oxyz, cho bbn diém A(l; 1;4) , B(2; 7;9) , C(O; 9;13) , M(2;2;4).
Ménh dé ing i

1; 6,-5)

nang (ABC) ¢6 1 vecto phap tuyén 1a 7i = (1;—1;1)

):x—y+z—4:O

ABC)
Loi gidi
a) Dung

AB=(1;6;5).
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A(1;1;4), B(2;7;9) = AB=(1;6;5).
b) Dung
Mat phang (ABC) 6 1 vecto phdp tuyén la 7 = (1;—1;1).
[ZE,ZEJ = (14;-14;14) =14(1;—1;1) nén (ABC) c6 1 vecto phap tuyén I 7i = (1;~1;1).
c¢) Dung
(ABC): x—y+z-4=0
(ABC) di qua A(l; 1;4) co vtpt 71 = (1;—1;1) nén co phuong trinh x—y+z-4=0.
d) Dung
M e(ABC).

Toa dd M (2;2;4) thoa phuong trinh (ABC) nén M e (ABC).

PHAN III. Cau tric nghiém tra 16i ngin. Thi sinh tra 10i tir cdu 1 dén cau 4.

Cau 1:

Cau 2:

Cho ham s6 y = f(x) lién tuc trén khoang (0;+0) va c6 bang bién thién nhu sau

5
Biét rang [|f"(x)|dx =5 Gié tri cia f(5) béng

2

Loi gii

Tra loi: 3
Tl bang bién thién ta c6 x € [3;5]= f'(x)=0 va xe[2;3]= f'(x)<0, f(2)=0,/(3)=-1.
5
J

<:>—If’(x)dx+jf’(x)dx=5<:>f(x)|§+f(x)|j =5

2

S () dr=s

f'(x)|dx =5 @E f’(x)|dx+j[

w

& f(2)-f3)+f(5)-f(3)=5 f(5)+2=5c f(5)=3.

Trén thiét ké do hoa 3D ctia mot canh dong dién mat troi trong khong gian Oxyz , mot tdm pin
nam trén mat phang (P) :x—3y+4z+5=0; mdt tAm pin khac ndm trén mit phang (Q) di qua
diém M (1;3;—1) va song song voi mit phang (P). Biét ring phuong trinh mit phang (Q) c6
dang ax+by+4z+c=0.Khid6 giatri a+b+c bang
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Loi giai

Tré 16i: 10

Vi (Q)// (P) nén (Q) c6 mdt vecto phap tuyén 1a n=(1;-3;4).

Phuong trinh mit phang (Q) di qua diém M (1;3;—1) va vecto phap tuyén n = (1;-3;4) la:
1(x=1)=3(y-3)+4(z+1)=0< x-3y+4z+12=0.

Khido a=1,b=-3,c=12.Vay a+b+c=10.

Mot cong trinh dang xay dung duoc gin hé truc Oxyz (don vi trén mdi truc toa do 1a mét). Ba
buc tuong 1an lugt thude cac mit phiang (P),(Q),(R) (nhu hinh v&) cua toa nha lan luot c6
phuong trinh: (P):x+y—2z+1:0, (Q):x+y+z—5=0,(R):2x+2y—4z+21=0.

Do rong cua burc tudng thudc mit phang ( Q) clia toa nha bang bao nhiéu mét? (két qua lam tron

dén hang phan chuyc)
Loi giai
Tra loi: 3,9
Ta co
(P):x+y—-2z+1=0 c6 vecto phap tuyén 1a 7i, =(1;1;-2)
(0):x+y+z-5=0 c6 vecto phap tuyén la 7, =(1;1;1)
(R) :2x+2y—4z+21=0. c6 vecto phap tuyén 1a 7, = (2;2;—4)

= =2 # % nén hai burc tuong (P) va (R) song song v&i nhau

Ta cod ﬁR=2ﬁP;%=% 2
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fipdiy =1.1+1.1+(-2).1=0= 7, L 7i, nén birc tudng (Q) vudng goc véi hai birc tudng (P) va
(R).

Chon diém M (-1;0;0) € (P). Do hai bitc tudng (P) va (R)song song nhau nén:

(0t () EOA2

Vay do rong birc tuong (Q) cuia toanha la 3,9m .
Mot chiée cdi gid bang d4 co hinh dang khéi tron xoay bén ngoai 13 hinh nén cut, cao 32cm.
Cit chiéc cbi boi mat phang di qua tim cua day va vudng goc vé6i day ta thu duge mat cit nhu
hinh duoi day

A M K N B

D C
Biét rang dudng cong bén trong mit &?gt;&l\a mot mot phan cta parabol c¢6 dinh [ ; AB=32cm,
CD =16cm, MN =24cm va IK =24 cm. Thé tich phan da ciia chiée cdi gan nhat véi gia tri nao
sau day (tinh theo don vi ¢m® va lam tron dén hang don vi)?

Loi giai
Tra loi: 9584
Gan hé toa @6 nhu hinh vé

Ta co:

1
Goi (P) 1 Parabol di qua 7, M, N nén phuong trinh (P) c6 dang: y =gx2 & xP =6y
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24
Thé tich phan tréng: V, = 7. j 6ydy =17287
0

Thé tich ca cbi da: V, = %.72’.32.(162 +8” +8.16) =@7r

Viy thé tich can tinh 1a: V =V, -V, = %75 ~9584(cm’).

PHAN IV. Ty ludn

Cau 1:

Cho ham s6 f'(x) théaman f'(x)=3-5cosx va f(0)=5. Tinh f(%]
Loi gisi

Ta co f(x):I(3—5cosx)dx:3x—5sinx+c.

Lai cé: f(0)=53.0-5sin0+C =5 C=5. Viy f(x)=3x—5sinx+5.

Vay f(%j ~4,71.

Cong trudng Pai hoc Bach Khoa Ha Noi ¢6 hinh dang Parabol, chiéu rong 8m, chiéu cao 12,5m
. Tinh dién tich ctia cong (1am tron két qua dén hang don vi)
Loi giai
Ty
12.5}1

—4 fa o g = R
Xét hé truc toa d6 nhu hinh v& ma truc ddi xung cua Parabol trung véi truc tung, truc hoanh trung

v6i duong tiép dat cia cong.

Khi d6 Parabol c6 phuong trinh dang y = ax” +c.
Vi (P) diquadinh 7(0;12,5) néntaco c=12,5.
. Lz - 2
(P) cat truc hoanh tai hai diém A4(—4;0) va B(4;0) néntacoé 0=16a+c = a =é=—3—§.
25
do (P):y=-=—x"+12,5.
(P):y=-33

4

, 2
Dién tich ctia cong la: S = I(—i—ij +12,5jdx =%z 67(m2).
—4

Trong khong gian Oxyz, cho hai mit phing (P):x-3y+2z-1=0, (Q):x—z+2=0. Mit
phang (a) vuong goc vdi ca (P) va (Q) dong thoi cat truc Ox tai diém c6 hoanh do bang 3.
Phuong trinh cua mp (a) la

Loi giai
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(P) c6 vecto phép tuyén n, =(1;-3;2), (Q) c6 vecto phap tuyén n, =(1;0;-1).
Vi mit phang (@) vudng goc voi ca (P) va (Q) nén (a) co mot vecto phap tuyén la
[ 7510 | = (3:3:3) =3(1151).
Vi mit phing (&) cét tryc Ox tai diém c6 hoanh d6 bang 3 nén (&) di qua diém M (3;0;0).

Vay (a) di qua diém M (3;0;0) va c6 vecto phap tuyén Z = (1; 1;1) nén (a) c6 phuong trinh:

x+y+z-3=0.

2
7 Lo
%Y
Yy

\2\\

<
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PE ON TAP KIEM TRA GIUA HQOC Ki 2
TOAN LOP 12 - PE SO 04

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 3:

Cau 4:

Cau 5:

Ciu 6:

Cau 7:

Cau 8:

Cau 10:

thi sinh chi chon mgt phuwong an.
Ham s6 F(x) la nguyén ham cia ham sé f(x)=3x> va F(0)=5.Khi d6, hamsé F(x) la
A. F(x):x3+5. B.F(x):x3—5. C. F(x):3x3+5. D.F(x):6x+5.

2
Cho ham s y = f(x) c6 dao ham lién tyc trén [0;2], £(0)=1 va If’(x)dx =-3.Tinh f(2)
0

(7

A. f(2)=-4. B. f(2)=4. C. f(2)=-2. D. /(2)=-3
2

Biét F(x)=x’ la mit nguyén ham ctia hamsé f(x) trén R . Gid tri ctia I[—4+f(x):|dx bang
0

A. 0. B. 4. C.12. D. 2.
1
Tinh tich phan Ie““dx bang

0

A. %(e4+e) B. ¢ —e C. %(64—6) D. e —e
Biét jf(x)dx=15'5+3x+c.1<hi d6 f(x) bang

n
A. f(x):lix5+3. B. f(x)=lix5+3x. C. f(x):5x+3x. D. 5 +3.

Cho ham s f(x)cé dao ham trén doan [1;2025], f(1)=1 va f(2025)=2. Tich phan
2025

I= I f'(x)dx béng

A. 2025. B. 1. C. 2024. D. 2.

V4

6
Tinh J.(3—cosx)dx .
0

A Z B. 2. C. D.
2 2 2

Dién tich S cua hinh phing gi6i han boi cac duong y =2x*, y=-1, x=0 va x=1 duoc tinh

T+1 72'—\/5 7—1
. —2 .

boi cong thirc nao sau day?
A.S:ﬂj(2x2+1)dx. B.S:j(zxz—l)dx. C.S:j(2x2+1)2dx. D.S:j(zxzﬂ)dx.
0 0 0 0

Mot vat chuyén dong voi van tdc ban dau béng 0, van tdc bién ddi theo quy ludt, va co gia tde
a = 0,3m/s*. Xac dinh quing duong vat d6 di dugc trong 40 phit dau tién.

A. 12000m. B. 240m. C. 864000m. D. 3200m.

Cho mat phang (P):2x+3y+5z—-4=0 va mat phang (Q)//(P). Vecto nao sau day la mot
vecto phap tuyén ctia mit phang (Q) .

A. (2;3;-5). B. (2;-3;-5). C. (-4;-6;10). D. (4;6;10).
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Cau 12:
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Trong khong gian cho diém M (1;0;—1), mit phang (&) qua M va chira truc ox c6 phuong trinh
la

A. y=0. B. x=0. C.z=0. D. x+z=0.

khong gian Oxyz, cho hai diém A(-1;2;0) va B(3;0;2). Mit phing trung truc cta doan thang
AB c6 phuong trinh 1a

A. x+y+z-3=0. B. 2x—-y+z+2=0. C.2x+y+z-4=0. D.2x-y+z-2=0.

PHAN II. Ciu tric nghiém ding sai. Thi sinh tra 10i tir cau 1 dén cdu 2. Trong mdi ¥ a), b), ¢), d) & mdi

Cau 1:

cau, thi sinh chon ding hodc sai.
Cho ham s6 f(x)=5 vahamsb g(x)=sinx.

a) '[f(x)dx =5x+C.
b) I[f(x)+g(x)]dx =5x+cosx+C,
¢) Goi G(x) la mot nguyén ham ctia g(x). Biét G(z)=3 thi G(x)=—cosx+2.

d) Goi F(x) la mt nguyén ham ctia f(x). Biét F(1)=3 Thi
F(1)+F(2)+..+ F(100)=25560.
Trong khong gian v4i hé toa do Oxyz , cho ba diém A(2;l;3) ,B(3;O;2) , C(O; —2;1) .

a) Toa do cac vecto AB = (1;—1;—1),%w =(-2;-3;-2)
b) Phuong trinh mit phang (4BC) la: x—4y+5z-13=0.

J17

¢) Khoang cach tir diém 4 dén mat phang trung truc cia doan thang BC bang e

d) Mit phang (P) diqua 4, B vacich C motkhoang 16n nhat c6 phuong trinh 3x+2y+z-11=0

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 4.

Cau 1:

Cau 2:

Cau 3:

Goi F(x) 1a nguyén ham cua ham sé f(x)= x+612 trén khoang (1;+o0) thoa méan diéu kién
x_

F(e+1):a+e+1. Tinh F(2).
2x* =3

X

dx=a—Inb vé6i a,be N .Tinh a+b.

3
Biét rang tich phan / = j
1

Mot thing chtra rugu 1am bang gd 13 mot hinh tron xoay nhu hinh bén ¢6 hai day 14 hai hinh tron
bang nhau, khoang cach giita hai day bang 8 dm. Puong cong mit bén ciia thung 13 mot phan
cua duong elip c6 do dai truc 1on bﬁng 10 dm, @6 dai truc bé béng 6 dm.
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Hoi chiée thung g5 d6 dung dugc bao nhiéu lit rugu (lam tron dén hang don vi)?

Ciu4: Cho diém A(l; 2;—1) va mit phang (a) (x—2y+2z+2=0.Mat phang (ﬁ) song song v&1 mat
phang (a) va cach A mot khoang 1 c6 dang (a):x—by+cz+d =0.Khidd S=3b—-c+d?

PHAN IV. Ty ludn

2

Ciul: Motnguyénham = ) cia ham s / (¥)=3(x+2) e F(0)=1 7 F(1)=1

Cau2: Mot quan thé vi khuan ban dau gdm 500 vi khuén, sau d6 bat dau ting truong. Goi P(t) 1a s6
luong vi khuan cta quan thé d6 tai thoi diém ¢, trong d6 ¢ tinh theo ngay (0<¢<10). Téc do
tang truéng clia quan thé vi khuan dé cho béi ham sé P'() = k+Jt, trong @6 k 1a hing sb. Sau
mdt ngay, s6 lugng vi khuan ciia quan thé d6 da tang 1én thanh 600 vi khuan (Nguon: R. Larson
and B. Edwards, Calcucus 10e, Cengage 2014). Tinh s6 luong vi khuan ctia quan thé d6 sau 7
ngay (Iam tron két qua dén hang don vi).

Ciu 3: Trong khong gian v&i hé toa dd Oxyz , viét phuong trinh mit phang (P ) song song va cach mat
phang (a) :3x—y+2z-3=0 mot khoang bang /14 .

---------- HET -
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HUONG DAN GIAI CHI TIET

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 3:

Caiu 6:

thi sinh chi chon m¢t phuong an.
Ham s6 F(x) la nguyén ham cia ham sé f(x)=3x" va F(0)=5.Khi d6, hams6 F(x) la

A F(x)=x"+5. B. F(x)=x’-5.  C.F(x)=3c+5. D.F(x)=6x+5.

Loi gidi
Taco F(x)=[f(x)dv=[3x"dx=x"+C.

Vi F(0)=5nén C=5.Vay F(x)=x"+5.

2
Cho ham s y = f(x) c6 dao ham lién tyc trén [0;2], £(0)=1 va If’(x)dx =-3.Tinh f(2)
0

?
A. f(2)=—4. B. f(2)=4. C f(2)=-2. D. f(2)=-3
Loi giai

2

[£/(x)ax=f(x) = F(2)-£(0)=f(2)-1=-3= f(2)=-2.

0

Biét F(x)=x" 1a mdt nguyén ham cia hamsé £ (x) trén R . Gid tri cta [—4+f(x)]dx bang

O S 1O

A 60 B. —4. C. 12. D. 2.
Loi giai
2 2 2
Taco: [[-4+f(x)jbx =[-4x+ F(x)] = (4xex) =0,
0

1
Tinh tich phan Ie3x+1dx bing

0

A. %(e4+e) B. ¢ —e Q.- D.e'-e

Loi giai

1 1 1 1 1
Tacod Ie““dx = l‘|‘e3)‘+1d(3x+ == ==(e*-e).
J 33 35 1,3

X

Biét [ f(x)dx= >} 3x+C. Khido f(x) bang

In5

A. f(x):1f15+3. B. f(x):lis+3x. C. f(x)=5"+3x. Q..

Loi giai

pY

, 5
Co [ f(x)dx= —

X

+3x+C:>f(x)=(lf15

+3x+Cj =5"+3.

Cho ham s6 f(x)c6 dao ham trén doan [1;2025], f(1)=1 va f(2025)=2. Tich phan
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Cau 7:

Cau 8:

Cau 9:

Cau 10:
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2025 .
I= I f'(x)dx bang
1
A. 2025. B. C. 2024 . D. 2.
Loi giai

2025

Taco I = j f(x)e= £ () =1 (2025)- (1) =1.

K]

6
Tinh J. 3 cosx
0

A X B. ZH1 C. ”‘ﬁ. .
2 2 2

D
Loi gidi
: o s
Ta co I(3—cosx)dxzf3dx Icosxdx 3x|6 —sinx|6 ==
0 0 0 () ()

Dién tich S ctia hinh phang gidi han béi cac duong y =2x*, y=-1, x=0 va x=1 dugc tinh

boi cong thirc nao sau day?

A.S=77j(2x2+1)dx. B.S=j(2x2—1)dx. C.S=j(2x2+l)2dx. Q.-
0 0 0

Loi giai
1 1

Dién tich hinh phang can tim 1a § = _Hsz +1‘dx = I(sz +1)dx do 2x* +1>0 vxe[0;1].
0 0

Mot vat chuyén dong vai van téc ban ddu bang 0, van tdc bién doi theo quy luat, va c6 gia toc
= 0,3 m/s*. Xéac dinh quing dudng vat d6 di duoc trong 40 phut dau tién.
A. 12000m. B. 240m. C. 864000m. D. 3200m.
Loi giai
D6i 40 phut = 2400s
Ta co w(t) = jo,3dt =0,3t+C
Do van toc ban ddu bang 0 nén v(0)=0=>C =0
Do vay v(¢) =0,3¢
Vay quing duong di dugc trong 40 phit dau tién 1a

2400

s = j 0,3#d¢ = 864000(m)
0

Cho mit phang (P):2x+3y+5z—4=0 va mit phiang (Q)//(P). Vecto nao sau day 1a mot
vecto phap tuyén ctia mit phang (Q) .

A. (2;3;-5). B. (2;-3;-5). C. (—4;-6:10). D. (4;6;10).
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Loi giai

Vi (Q)//(P) nén moi vecto phap tuyén cta (P) ciing la vecto phap tuyén cta (Q) ; hon thé cac vecto

phap tuyén nay déu cing phuong véi vecto (2;3;5). Kiém tra cac dap an chi c6 dap an D thoa

man.

Cau 11: Trong khong gian cho diém M (1;0;—1), mit phang () qua M va chira truc ox c6 phuong trinh

la
A. y=0. B. x=0. C.z=0. D. x+z=0.

Loi giai

Mit phing () qua M (1;0;—1) va chira truc ox nén nhan vecto n = [W,?} =(0;—1;0) 1am mét vtpt, co

phuong trinh 1a: y =0.

Cau 12: khong gian Oxyz, cho hai diém A(—l;Z;O) va B(3;0;2). Mat phfmg trung truc cua doan théng

AB c¢6 phuong trinh la

A. x+y+z-3=0. B. 2x-y+z+2=0. C.2x+y+z-4=0. D.2x-y+z-2=0.
Loi giai

Goi [ latrung diém cua doan théng AB . Suy ra 1(1;1;1).

Tacod AB=(4-2;2).

Phuong trinh mit phang trung truc ctia doan thing AB di qua trung diém / ctia AB va nhan AB 1am

vtpt, nén c6 phuong trinh la (a) 2x—-y+z-2=0.

PHAN II. Céu tric nghiém diing sai. Thi sinh tra 10i tir cdu 1 dén céu 2. Trong mdi ¥ a), b), ¢), d) & mdi

Cau 1:

cau, thi sinh chon ding hodc sai.
Cho ham s6 f(x)=5 vahamsb g(x)=sinx.

a) Jf(x)dx =5x+C.
b) J.[f(x)+g(x)]dx =5x+cosx+C,
¢) Goi G(x) 1a mot nguyén ham ciia g(x). Biét G()=3 thi G(x)=—cosx+2.

d) Goi F(x) la mot nguyén ham cta f(x).Biét F(1)=3 Thi
F(1)+F(2)+..+ F(100) =25560.

Loi giai

| a) DPung ‘ b) Sai ‘ c¢) ding | d) Sai ‘

a) Ta co: J. 5dx =5x+C . Chon PUNG.
b) j[f(x)Jrg(x)]dx =j(5 +sin x)=5x —cos x+C,. Chon SAIL
¢) Ta co: G(x)=—cosx+C,.

G(m)=3< —cosm+C, =3 C =2 vy G(x)=—cosx+2.Chon PUNG.
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d) Ta co: F(x)=I5dx =5x+C ma F(1)=3<5+C=3<C=-2=F(x)=5x-2

Tacod F(1)=3;F(2)=8F(3)=13;...;F(100) =498 1a 100 s6 hang cua cap sd cdng véi
u, =3;d=5.

Khi do: F(1)+F(2)+...+F(1oo):w

=25050. Chon SAI
Trong khong gian véi hé toa dd Oxyz , cho ba diém A(2;1;3),B(3;0;2), C(0;-2;1).
a) Toa do cac vecto AB = (1;—1;—1),/TC =(-2;-3;-2)

b) Phuong trinh mit phang (A4BC) 1a: x—4y +5z-13=0.

3 ’ 9 2 N 1
¢) Khoang cach tir diém 4 dén mat phang trung truc cia doan thang BC bang T7 .
d) Mit phing (P) diqua 4,B vacach C motkhoang16n nht c6 phuong trinh 3x +2y+z—-11=0
Loi giai

| a) Pung ‘ b) Pung ‘ ¢) Sai | d) bung ‘
a) Toa d6 cac vecto AB = (1;—1;—1),25 = (—2;—3;—2) . Vay ménh dé a) ding.

b) Ta c6 mot vecto phap tuyén clia mét phang (4BC) la 7i = [E,E} =(-L4-5).

Ta c6 mit phing (4BC) qua diém A(2;1;3) va co vecto phap tuyén i = (—1;4;—5) nén co
phuong trinh —1(x—2)+4(y—1)—5(z—3):0<:>x—4y+52—13:O.

Vay ménh d¢ b dung

. . . 3 3
c) Mit phang trung truc cuia doan thang BC di qua trung diém / (5;_I;EJ cua BCva nhan
BC = (-3;-2;-1) lam VTPT co phuong trinh:

3(x—%)+2(y+1)+1(z—%j:0<:>3x+2y+z—4=0 (@)

Khoang cach tir diém A dén mat phang trung truc cua doan thang BC bang
32+2.1+13-4] 7

d A, [04 == | =

( ( )) VI+4+1 V14

d) Goi H,K lan lugt 1a hinh chiéu ciia C 1én mit phang (P) va duong thing AB .
Taco CH =d(C,(P))<CK =d(C,(P)) 1é6n nhtkhi H =K .

. Vay ménh d¢ c sai.

Khi d6 mit phing (P) diqua 4, B va vudng goc v6i mit phing (ABC)
Tacd n, =| n, 4B |=(~9;-6;-3)

Suyra (P):3x+2y+z—11=0.

Vay ménh dé¢ d dung.

PHAN III. Cau tric nghiém tra 16i ngin. Thi sinh tra 10i tir cdu 1 dén cau 4.
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Cau 2:

Cau 3:
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Goi F(x) l1a nguyén ham ciia ham sé £ (x)= ”i‘ trén khoang (1;+c0) thoa man diéu kién
e
F(e+l):a+e+1. Tinh F(Z).
Loi giai
Tra 16i: 1
« _X+a 1 a+l
! (x) -1 a1

If )dx =x+(a+1)In(x-1)+C (Clahing sd). Do F(e+1)=a+e+1 nénsuyra
C=-1.Dod6 F(x):x+(a+l)ln(x—1)—l.
* F(2)=1.

f2x° -3
Biét rang tich phan [ = I

dx=a—1Inb véi a,be N .Tinh a+5b.
X

Loi giai
Tra loi: 35

, 1252 -3 3 3 s 3
Ta co ]:j dxzj 2x —— dxz(x —31nx) =8-3In3=8-1In27.
1

1
X 1 X

Suyra a+b=8+27=35.

Mot thung chira ruou lam bang gd 1a mot hinh tron xoay nhu hinh bén c¢6 hai d4y 1a hai hinh tron
bang nhau, khoang cach giira hai ddy bang 8 dm. Puong cong mat bén cua thung 13 mot phan
ctia dudng elip c6 do dai truc 16n bang 10 dm, do dai truc bé bang 6 dm.

Hoi chiéc thing g d6 dung dugc bao nhiéu lit rugu (1am tron dén hang don vi)?
Loi giai
Tra loi: 178

Chon hé truc toa do nhu hinh vé
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Ui

4 O 2 4 T

2 2 2
Elip c6 d6 dai truc 16n bang 10, truc bé bang 6 c6 phuong trinh %-{-% =1= y=3, /1—% .
Thing gb xem nhu vét thé tron xoay hinh thanh bang cach quay elip quanh truc Ox va dugc gidi
han boi hai duong thang x=—4, x=4.

14167
25

i 14167

~178 (lit).

4 4 2
Thé tich vat thé 1a ¥ = 71 y*dv =97(f/| 1-2— |d
s ° 25
Cau4: Cho diém A(l; 2;—1) va mat phang (a) (x—-2y+2z+2=0.Mat phang (ﬁ) song song v&1 mat
phang (a) va cach A mot khoang 1 c6 dang (a):x—by+cz+d:O. Khiddé S=3b—-c+d?
Loi gidgi
Tra loi: 12
Mit phang ( I6] ) song song voi mit phang (a) nén mit phang ( 1] ) c6 dang:
x—-2y+2z+d=0; (d#2).

: ‘ 1-2.2+42(-1)+d] i=8
Khoang cach tt M dén (ﬁ) bang 1 < :1<:>‘d—5‘:3<:> .
P+(-2) +2° d=2(1)
b=2
Do do: (ﬁ):x—2y+22+820:> c=2.
d=28

Viy $=32-248=12
PHAN IV. Ty luin
Chul: Mot nguyén ham F(x)ciahamsé f(x)= x(3x+2)2, biét F(0)=1.Tinh F(1)=1

Loi gidi

2 3 2 9 4 3 2 7 \

F(x)zjf(x)dxzjx(3x+2) dxzj(9x +12x +4x)dx:Zx +4x +2x°+C (Vé6i Cla
mot hing sd).

Co F(0)=C=1C=1.
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Cau 2:

Cau 3:
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Vay F(x) =%x4 +4x° +2x7 +1.

Nén F(1)=9,25

Mot quan thé vi khuan ban dau gdm 500 vi khuén, sau d6 bat dau ting truong. Goi P(r) 1a s6
luong vi khuan ciia quan thé d6 tai thoi diém ¢, trong d6 ¢ tinh theo ngay (0<7<10). Téc do
tang truong cta quan thé vi khuan d6 cho boi ham sb P'(t) =kt , trong d6 & 1a hang s6. Sau

mot ngay, sd lugng vi khuan ctia quan thé d6 da tang 1én thanh 600 vi khuan (Nguon: R. Larson
and B. Edwards, Calcucus 10e, Cengage 2014). Tinh s6 luong vi khudn ciia quan thé d6 sau 7
ngay (1am tron két qua dén hang don vi).

Loi giai
3
Taco: P(t)=[P'(t)dt =[ ktdt = k%ﬂ +C

S6 lwong vi khuén ctia ban du ciia quan thé d6 1a 500 vi khuan hay P(O) =500 & C =500.
23

Tur d6 suy ra: P(t)= k'§t2 +500.

Sau mot ngay s lugng vi khuan ctia quan thé d6 tang 1én thanh 600 vi khudn hay

P(1)=600 & %.k+500 =600 < k =150.

3
Vay s lugng vi khuén ctia quén thé d6 tai thoi diém ¢ 1a P(7)=100.2 +500

S6 lugng vi khuan cta quan thé d6 sau 7 ngay la: P(7)= 100.7% +500 ~ 2352.
Trong khong gian v6i hé toa dd Oxyz , viét phuong trinh mat phang (P ) song song va cach mat
phing (a):3x—y+2z-3=0 mot khoang bing /14 .

Loi giai
Vi (P)// () nén phuong trinh mit phang (P) c¢6 dang: 3x—y+2z+D=0,(D#-3).
Px-y+2z-3

s

Liy M (x;y:z)€(P). Khidé d(M,()) J14 & Bx-y+2z-3|=14

3x—y+2z-3=14 3x—y+2z-17=0
= <~ .
3x—y+2z-3=-14 3x—y+2z+11=0

Viy ¢6 hai phuong trinh ctia (P):3x—y+2z-17=0;3x—y+2z+11=0.
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PE ON TAP KIEM TRA GIUA HQOC Ki 2
TOAN LOP 12 - PE SO 05

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 2:

Caiu 5:

Ciu 6:

Cau 7:

Cau 9:

Cau 10:

thi sinh chi chon mgt phuwong an.
Dién tich hinh phang gidi han béi cac dudng y=x* —6x va y =x* bang

3 B. 23 c. % p. 10,
12 12 4 3

Ham sé F (x) =2sinx—3cosx 1a mot nguyén ham ctia ham sb.

A. f(x)=—-2cosx—3sinx. B. f(x)=-2cosx+3sinx.

C. f(x)=2cosx—3sinx. D. f(x)=2cosx+3sinx.

Nguyén ham ctia ham s6 f(x)=5x* —6x” +1 1a

4
A. 20%° —12x+C. B. ¥ —2xX+x+C. C.20x°—12x +x+C.D. %+2x2 —2x+C.
Cho ham s& f(x) lién tyc trén doan [a,c] va b 1a sb thyuc tuy ¥ thudc doan [a,c]. Néu biét

b ¢ .
[ f()dx=3 va [ f(x)dx=38, thi gid tri clia [ f(x)dx 14 bao nhiéu?
a b a

A.11. B. -5. C.5. D. —11.
Goi S 14 dién tich cta hinh phang gii han boi cac duong y =2", y=0, x=0, x=2. Ménh &
nao dudi day dang?

A. S=E2"dx. B. S=7z_Z[22xdx. C. S=J:‘22xdx. D. S=7zi2xdx

Cho hinh phang D gii han boi duong cong y =~/2+sinx, truc hoanh va cac duong thing
x=0, x =7 . Khdi tron xoay tao thanh khi quay D quay quanh truc hoanh c6 thé tich ¥ bang
bao nhiéu?

A.V=2(72'+1). B.V=27z(7r+l). C. V=21 D.V=2rx.

3

Cho jf(x)dxzz, [/ (x)dx=—=5. Tinh I:j.f(x)dx.
A. -3, B.0. C.7. D. 6.

Dién tich S cta hinh phing gidi han boi db thi ham s6 y = x?, truc hoanh Ox, cac dudng thiang
x=1,x=21a

A.S=%. B.S=§. C.§5=T7. D. §=8.

Tinh thé tich ctia phan vat thé tao nén khi quay quanh truc Ox hinh phang D gi6i han boi db thi

(P):y=2x—x" vatryc Ox bing

N - ton
15 15 15 15

Trong khong gian Oxyz , cho hai diém A(O; 0;1) va B(l;2;3). Mit phang di qua 4 va vudng

D.V

goc AB c6 phuong trinh la
A x+2y+2z-11=0. B. x+2y+2z-2=0. C. x+2y+4z-4=0. D. x+2y+4z-17=0.
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Cau 11:

Cau 12:
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Trong khong gian Oxyz , phuong trinh mét phing (P) di qua hai diém 4(2;-1;0), B(1;1;2)
va vudng goc v6i mit phang (Q) ix+y+2z-3=0 la.

A. 2x+4y—-3z-8=0. B. 2x+4y-3z=0. C.2x+4y-3z+8=0.D. 2x-4y-3z=0.
Trong khong gian Oxyz, phuong trinh mit phang (P) di qua diém N (2;1;-2), song song véi
truc Oy va vudng goc véi mit phang (Q): x—2y+z-8=01a

A. x-z-4=0. B. x—z+4=0.
C.2x+y-2z-4=0. D. 2x+y—-2z+4=0.

PHAN II. Cau tric nghiém ding sai. Thi sinh tra 10i tir cdu 1 dén céu 2. Trong mdi ¥ a), b), ¢), d) & mbi

Cau 1:

Cau 2:

cau, thi sinh chon ding hodc sai.

Mot chét diém chuyén dong trén dudng thing nim ngang vé6i gia tbe phu thudc vao thoi gian
t(s) 1a a(t)=2t-7 (m/sz). Biét van toc dau bang 6 (m/s).

a) Van tc tire thoi cuia chat diém tai thoi diém ¢(s) xdc dinh béi v(¢) =1 —7¢+10.

b) Tai thoi diém ¢ =7, vén tdc cua chat diém 1 6.

¢) Bo dich chuyén cia vat trong khoang thoi gian 1<¢<7 13 18 m.

d) Trong 8 gidy dau tién, thoi diém chat diém xa nhat vé phia bén phaila r=7.
Trong khong gian véi hé truc toa d6 Oxyz, cho diém A(1;3;2) va mat phing

(a):3x—y+z-1=0.
a) n=(3;1;1)1a mot vecto phap tuyén ciia ().

b) (@) di quadiém 4.

¢) d(A;a):%.

d) Mit phang di qua diém A4 va song song v6i (a)c6 phuong trinh 3x—y+z-2=0.

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 15i tir cdu 1 dén cau 4.

Cau 1:

Cau 2:

In3
Cho ham s6 y=f(x) cddaoham f'(x) lién tuc trén R . Biét f(1)=¢’va J‘f'(x)dx=9—e2

1
.Tinh f(In3)

Mot cde rugu co hinh dang tron xoay va kich thudc nhu hinh vé, thiét dién doc cua cbe 1a mot
dudng Parabol. Tinh thé tich t6i da ma cbc c6 thé chira dugc. (két qua 1am tron dén hang don vi)
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Cau 4:
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. . P Parabol

10¢cm

==
L6 gob gin tai cac Showroom cuia hing 6 t6 VINFAST 1a mét hinh tron nhu hinh v& bén. Phén t6
dam nam gitra parabol dinh / va duong gap khiac AJB dugc dat bac véi chi phi 10 tri¢u dong/
m’ . Phin con lai duoc phu son véi chi phi 2 triéu dong/m’ . Biét AB=2m, IA=IB=+/5m va

J13

JA=JB = Tm Tinh tong tién dé dat bac va phu son cia 16 g néi trén? (1am tron dén hang

phan chuc)

 VIN F,\S'I'/,
\\"‘-._ "/

Trong khong gian Oxyz, biét mat phing (P ) song song v&i mit phang (Q) 2x—4y+4z+3=0
va cach diém A (2,—3,4) mdt khoang bang 3. Tinh tich hai hé s tu do cua phuong trinh tong

quat mit phiang (P) (biét hoanh d6 cua vecto phéap tuyén cua (P) bang 1).

PHAN IV. Ty luin

Cau 1:

Cau 2:

Tinh tich phan (Zex +sin x) dx.

BN oy

Cht mét trung tdm thwong mai mudn cho thué mot sd gian hang nhu nhau. Ngudi ¢6 mudn cho
thué mdi gian hang véi gia 1a x triéu dong (x> 0). Khi d6 doanh thu cia cira hang duoc biéu
dién theo ham s T'(x). Toc d6 thay doi doanh thu tir cac gian hang d6 duge biéu dién béi ham
s6 T'(x)=-10x+200, trong d6 T'(x) tinh bang triéu dong. Biét ring néu gi4 thué cho mdi gian

hang 13 10 triéu dong thi doanh thu 13 1800 triéu dong. Tim gia trj ciia x dé nguoi d6 co doanh
thu 1a cao nhét?
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Cau 3: Trong khong gian vé6i hé truc toa do Oxyz, viét phuong trinh mét phing (P) song song vo1 mat

phéng(Q) :x—2y+4z-1=0 va cach diém M(—1;3;1) 1a mot khoang bang 2.
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HUONG DAN GIAI CHI TIET

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

thi sinh chi chon m¢t phuong an.
Céau 1:  Dién tich hinh phing giéi han boi cac duong y = x°* —6x va y=x’ bang

Az B. = c. 2 p. L&

12 12 4 3
Loi giai

bat f(x)=x’-6x va f,(x)=x>.Taco f, (x)-fo(x)= x*—x*—6x.

Phuong trinh f; (x)— f, (x)=0 c6 ba nghiém 1a x, =-2,x, =0,x, =3.

Dién tich ctia hinh phang di cho 1a

S= J._3z|x3 -x° —6x| dx = U_Oz(x3 -x° —6x)dx

4 3 0 4 3
R R P
4 3 4 3

-2
Cau2: Hamsd F(x)=2sinx—3cosx la mot nguyén ham ctia ham s.

+ U‘:(XS -x° —6x)dx

3
0

233
12

A. f(x)=—-2cosx—3sinx. B. f(x)=-2cosx+3sinx.
C. f(x)=2cosx—3sinx. D. f(x)=2cosx+3sinx.
Loi giai

Ta c6 (F(x)) =(28inx—3cosx)' =2cosx+3sinx.
Vay ham sé F (x)=2sinx—3cosx 1 mot nguyén ham ctia ham s f(x)=2cosx+3sinx.
Cau3: Nguyén ham ciia ham sb f(x)=5x"—6x"+1 1a
4
A. 20x° —12x+C. B. X -2 +x+C. C.20x° —12x* +x+C.D. %+2x2 _2x+C.
Loi giai
Ta co
Ho cac nguyén ham cta ham s £ (x)=5x"—6x"+11a

Jf(x)dx:j(5x4—6x2+l)dx
:I 5x4 dx—J‘(6x2 dx+j 1 dx
—SI dx 6I dx+j dx

2+1
X

:5——6—+x+C x’ —2x" +x+C (v6ihingsé C).
4+1 2+1

Cau4: Cho ham sd f(x) lién tuc trén doan [a,c] va b 1a sb thyc tuy ¥ thudc doan [a,c]. Néu biét

b c c
j F(x)dx=3 va J’ f(x)dx =8, thi gi4 trj cta j f(x)dx 13 bao nhiéu?
a b a

A 11. B. -5. C.s. D. —11.
Loi giai
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Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:
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if(X)dx =jf(x)dx+.lif(x)dx =11.

Goi S 1a dién tich ctia hinh phing gidi han boi cac duong y=2", y=0, x=0, x=2. Ménh dé

nao dudi day dang?
2 2 2 2
A S=[2"dr. B. S=x[2"dr. C. §=[2"dx. D. S =x[2"dx
0 0 0 0
Loi giai

2X

2
]

Cho hinh phang D gi6i han boi dudng cong y =+/2+sinx, truc hoanh va cac dudong thiang

2
dx=j2xdx (do 2" >0,¥x €[0;2]).
0

x=0, x =7 . Khdi tron xoay tao thanh khi quay D quay quanh truc hoanh c6 thé tich ¥ bang
bao nhiéu?
A.V=2(72'+1). Q.V=27z(7r+l). C.V=21. D.V=2r.
Loi giai
Taco: V = ﬂj(\/2+sinx)2dx = nf(2+sinx)dx = 7z(2x—cosx)|;Z =27 (7 +1).
0 0
1 3

[F(x)dx=2 1= f(x)dx
Cho , [ f(x)dx==5.Tinh = .
1
A. 53 B. 0. C.7. D. 6.
Loi gidi

2 1 3

Taco: [ f(x)de= [ f(x)de+ [ f(x)dx=2+(-5)=-3.

-3 -3 1

Dién tich S ciia hinh phing gi6i han boi dd thi ham s6 y = x*, truc hoanh Ox , cac dudng thing

x=1,x=21a

A S=L. B.§=3 C.S=17. D. S=8.
3 3
Loi giai
2 2 3?2
Dién tich hinh phing 13 § = [|x|dr = [x*dx = - 8 1.7
) 3,73 3 3

1

Tinh thé tich cta phan vat thé tao nén khi quay quanh truc Ox hinh phang D gidi han béi d6 thi

(P) :y=2x—x* vatruc Ox bang
197 13z

AV =— B.V

. —. Lz D. v =%
15 15

C.V=—-. V= .
15 - 15

Loi giai

x
Xét phuong trinh 2x—x* =0 < {
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Vi 2x—x”>0Vx €[0;2] nén thé tich cia phan vét thé tao nén khi quay quanh truc Ox hinh

phang D gi¢i han b6i do thi (P):y=2x—x" vatryc Ox la

V:ﬁi(2x—x2)2 dxzﬁi‘(4x2 —4x* +x4)dx:116—5ﬂ.

Céu 10: Trong khong gian Oxyz , cho hai diém A(O; 0;1) va B(1;2;3). Mit phang di qua 4 va vudng

goc AB c6 phuong trinh 1a
A, x+2y+2z-11=0. B. x+2y+2z-2=0. C. x+2y+4z-4=0. D. x+2y+4z-17=0.

Loi giai
(P) qua A4(0;0;1) va c6 VTPT 4B =(1;2;2)
= (P):x+2y+2(z-1)=0=(P):x+2y+2z-2=0.
Cau 11: Trong khong gian Oxyz , phuong trinh mét phang (P) di qua hai diém A(2;—1;0) , B(l;l;Z)

va vudng géc véi mit phing (Q): x+y+2z-3=0 la.
A. 2x+4y—-3z-8=0. B. 2x+4y-3z=0. C.2x+4y-3z+8=0.D. 2x—-4y-3z=0.

Loi giai

Mit phing (Q) c6 mét vecto phap tuyén n(g) =(1;1;2).

Mt phang (P) di qua hai diém 4(2;-1;0), B(1;1;2) va vudng géc v6i mat phang (Q) nén c6 cip
vecto chi phuong 1a 4B =(~1;2;2) va n() =(1;1;2). Do d6 (P) cb vecto phap tuyén la:
nir) = [E;ﬁ(g)} =(2;4;-3).

Mit phing (P) di qua diém 4(2;-1;0) vanhan n(r) =(2;4;-3) lam mot vecto phap tuyén nén c6
phuong trinh: 2(x—2)+4(y+1)—3(z—0):0<:> 2x+4y-3z=0.

Cau 12: Trong khong gian Oxyz , phuong trinh mit phang (P) di qua diém N (2;1;—2) , song song voi

truc Oy va vudng goc véi mit phang (Q): x—2y+z-8=01a

A. x—-z-4=0. B. x—-z+4=0.
C.2x+y—-2z-4=0. D.2x+y-2z+4=0.

Loi giai
Truc Oy c6 mot vecto chi phuong la } = (0;1;0) . Mt phang ( Q) mot vecto phap tuyén 1a
no) =(1;-2;1).
Mat phang (P) di qua diém N(2;1;-2), song song vé6i truc Oy va vudng goc v6i mit phang (Q)
nén c6 cap vecto chi phuong la j =(0;1;0) va ni) =(1;-2;1). Do d6 (P) ¢6 vecto phap

tuyén 1a: n(p) = [};ﬁ(g)} =(1;0;-1).
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Mt phang (P) di qua diém N(2;1;—2) vanhan n(p) = (1;0;—1) lam mot vecto phép tuyén nén c6

phuong trinh: 1(x—2)+0(y—1)—1(z+2)=0<:>x—z—4:0.

PHAN II. Céu tric nghiém ding sai. Thi sinh tra 10i tir cdu 1 dén cdu 2. Trong mdi ¥ a), b), ¢), d) & mbi

Cau 1:

cau, thi sinh chon ding hodc sai.
Mot chét diém chuyén dong trén dudng thing nim ngang véi gia tbe phu thudc vao thoi gian
t(s) 1a a(t)=2t-7 (m/sz). Biét van toc dau bang 6 (m/s).
a) Van tc tire thoi cuia chat diém tai thoi diém ¢(s) xdc dinh béi v(¢) =1 —7¢+10.
b) Tai thoi diém ¢ =7, véan tdc cua chat diém 1a 6.
¢) Bo dich chuyén cia vat trong khoang thoi gian 1<¢<7 13 18 m.
d) Trong 8 gidy dau tién, thoi diém chat diém xa nhat vé phia bén phaila r=7.
Loi giai
| a)Sai | b)Ping | oSai | d)Sai |

a) Sai

Tacd v(t)=[a(t)dt=[(2t=7)dt = =7t +C,
v(0)=6=C=6nén v(t)=1"-Tt+6.

b) Dung

v(7)=7"-7-7+6=6.

¢) Sai

Do dich chuyén cta vat trong khoang thoi gian 1<7<7 1a

7

i f £
Szjv(t)dtzj(tz—7t+6)dt=[?—7+6t] =-18.

1
d) Sai
Toa d6 ctia chit diém tai thoi diém ¢ 1a

x(t)zjv(t)dtzj(tz—7t+6)dt=§—§+6t+€.

Ta can tim gid tri 16n nhét cua x(¢) véi 1 €[0;8].
Taco x'(¢)=v(t)=0 khi r=1hodc 1 =6.

Lai ¢6 x(O):C,x(l)=%+C,x(6)=—18+C,x(8)=—?+C.

Vay gié tri 16n nhat cua x(¢) véi t €[0;8] dat duoc khi 7=1.

Trong khong gian véi hé truc toa d6 Oxyz, cho diém A(L;3;2) va mat phing
(a):3x—y+z-1=0.
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a) n= (3;1;1)1a mt vecto phép tuyén ciia ().
b) (@) di qua diém 4.

i

¢) d(4a)= .

d) Mit phing di qua diém A va song song v6i (@) c6 phuong trinh 3x—y+2z-2=0.
Loi giai

a) Sai

Do (&) ¢6 mot VIPT Ia (3-11).

b) Sai

Taco 3.1-3+2-1=10. Suy ra, (a) khong di qua diém 4.

c¢) bing

B.1-3+2-1] Vi1

\/32 - +12 1

Theo cong thirc tinh khoang cach ta co a’

d) Pung
Mit phang song song véi (a) codang: 3x—y+z+C=0 (C # —1)
Vi mit phang di qua 4 nén 3.1-3+2+C=0=>C=-2

Véy mit phing di qua diém 4 va song song véi (&) c6 phuong trinh 3x—y+2z-2=0.

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 10i tir cau 1 dén cau 4.

Cau 1:

Cau 2:

In3
Chohamsb y = f(x) c6 daoham f'(x) lién tuc trén R. Biét f(1)=¢’ va I f'(x)dx=9-¢
1
.Tinh f(In3)
Loi giai
Tra loi: 9
In3 In3

Ta co If dx=f(x)| =/f(In3)-f(1)=/(In3)-

Ma theo gia thiét jf’(x)dx=9—e2.suyra f(In3)-¢’=9-¢’ < f(In3)=9.

1
Vay f(In3)=9.

Mot cde rugu ¢o hinh dang tron xoay va kich thudc nhu hinh vé, thiét dién doc cua cbe 1a mot
duong Parabol. Tinh thé tich t6i da ma cdc ¢ thé chira duoc. (két qua lam tron dén hang don vi)
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8cm

o—0
. . Parabol
| \ _-_d__.-""'

"
10cm
=
Loi giai
Tra loi: 251

. HJL

\ /

R U R c
i\ /i
[ . I
A ' [
A /!
L\ /i
i \\ _ f E
AN /oo
E \ ,f/ i

R
; : 5, » 8
Parabol c6 phuong trinh y = gx S x' = 3 v

10
Thé tich ti da céc V= 7 [ @ yj.dy ~251.
0

L6 gob gin tai cac Showroom ctia hing 6 t6 VINFAST 1a mét hinh tron nhu hinh v& bén. Phén t6
dam nam giita parabol dinh I va dwong gip khiic AJB dugc dat bac véi chi phi 10 tridu dong/
m’ . Phin con lai duoc phu son véi chi phi 2 triéu dong/m’ . Biét AB=2m, IA=IB=+5m va

J13

JA=JB = Tm Tinh tong tién dé dat bac va phu son cta 16 go néi trén? (lam tron dén hang

phan chyc)
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VINFAST
\ 4

I

Loi gidi

Tra loi: 19,2

Chon géc toa do tai diém I(O;O), tia Iy trung voitia 1J ,ta co A(— 1;2), B(I;Z) va J[O;%].

Phuong trinh parabol qua cac diém I(O;O) , A(— 1;2) , B(I;Z) la y=2x".

5]2_25
16

Phuong trinh duong tron di qua 3 diém 1(0;0), 4(—12), B(1;2) 1a x’ +[y—z

Dién tich ca hinh tron bang S = 7R* = 25m

Poan thang JA thudc dudng thiang cd phuong trinh: y = —%x—k%; Poan thing JB thudc

duong thiang ¢ phuong trinh: y = %x —l—% .

Vay dién tich phan t6 ddm bang

0 1
S1=f2x2—[—3x+l] ~|—f 2x2—[3x~|—l dx=:l lzz
J 2 2 A 2 2 12 12 6
A A R A an N 25 7
Dién tich phan khong t6 ddm bang S2:S—S1:E7r—g.

Chi phi bang 7 = S,.10+28S, = %.1o+[215—6”—%].2 ~19,2 tridu dong.

Trong khong gian Oxyz, biét mit phang (P ) song song v4i mit phang (Q) 2x—4y+4z+3=0
va cach diém A (2,—3,4) mot khoang bang 3. Tinh tich hai hé s6 tu do ciia phuong trinh tong
quat mit phang (P) (biét hoanh d¢ cua vecto phap tuyén cua (P) bang 1).

Loi gidi
Tra loi: 175

(P)//(Q):2x—4y+4z+3=0=(P):2x—4y+4z+ D =0(D #3)

d(A,(P))=3<:> \4+12+16+D\ _ \D+32\ =3@[[):—14

Ja+16+16 6 D=-50
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= (P):2x—4y+4z—14=0;2x—4y+4z-50=0.

Vi hoanh d6 cta vecto phép tuyén cia (P ) bang 1nén phuong trinh ctia cic mit phiang can tim

la: x-2y+2z-7=0;x-2y+2z-25=0.

Khi d6 tich hai hé s6 tu do ctia phuong trinh tong quat mét phang (P ) la (—7).(—25) =175.

PHAN IV. Ty luin

Cau 1:

Cau 3:

3
Tinh tich phan I (Zex +sin x) dx.

5

Loi giai
Tacd
H H H
J(2ex +sinx)dx = _[Zexdx+jsmxdx
i i i
=2¢e" Z —cost =2e2 —2e* —(O—QJ.
7 7 2

=22 —2e* +g

Chil mét trung tam thuong mai mudn cho thué mot s gian hang nhu nhau. Nguoi ¢6 mudn cho

thué mdi gian hang v4i gia 1a x triéu dong (x > O) . Khi d6 doanh thu cua ctra hang duoc biéu
din theo ham s& T (x) . Téc d6 thay d6i doanh thu tir cac gian hang d6 dugc biéu dién boi ham
s6 T "(x)=-10x+200, trong d6 7' (x) tinh bang tridu dong. Biét rang néu gia thué cho mdi gian

hang 14 10 triéu dong thi doanh thu 1a 1800 tri¢u dong. Tim gia tri ctia x dé ngudi d6 c6 doanh
thu 1 cao nhat?

Loi gidi
Tacé: T(x)=[T'(x)dx = [(~10x+200)dx = -5x*+200x+C,C e R.

Khi gia cho thué mdi gian hang 14 10 triéu dong thi doanh thu 1a 1800 triéu déng nén ta c6
T(IO) =1800 = C =300.

Viy T (x)=-5x> +200x+300 = —5(x—20) +2300 < 2300.

Déau "=" xay ra khi x =20.

Suy ra doanh thu cao nhat ma chu trung tim thuong mai c6 thé thu vé 1a 2300 triéu dong va
khi d6 moi gian hang c6 gié cho thué 1a 20 triéu dong.

Vay x =20 (triéu dong).

Trong khong gian véi hé truc toa dd Oxyz, viét phuong trinh mét phing (P) song song vo1 mat

phang(Q):x—2y+4z—1=0 va cich diém M (-1;3;1) 1a mot khoang bang 2.
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Loi giai
(P) codang: (P):x—2y+4z+c=0(c#-1)
- 6+4+c| _e-3

,/ ) +42 V21

=3+2421
c-3|=221 |77 :
c=3-242

Vay phuong trinh mit phang can tim 1a (P) : x—2y+4z+3+2\/2_ =0 hay
(P):x—2y+4z+3-2421=0.

d(M,(P))=2=%:>
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PE ON TAP KIEM TRA GIUA HQOC Ki 2
TOAN LOP 12 - PE SO 06

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén ciu 12. M&i cau hoi

Cau 1:

Cau 2:

Cau 3:

Caiu 6:

Cau 7:

Cau 9:

Cau 10:

thi sinh chi chon mgt phuwong an.

Ham sb F (x) =Inx x4c dinh trén khoang (0; +OO) 12 mot nguyén ham cua ham sé nao sau day?

1 1 | 1
A f(x)=—=. B. f(x)=—. C. f(x)=—-=. D. f(x)=——.
x x x
Tim ho nguyén ham ctia ham sé f ( ) X
—— x4+ C. B. )dx =2025.x"* +C.
A1 ()de= J7 () ¥
C. x dx:—.x2°26+C. D. =x" 4 C.
J 1 (x)de= e J7 ()
Ho nguyén ham ciia ham s6 f (x)=4x+sinx 1a
2
A. 2x” +cosx+C.. B. 4+cosx+C. C.2x*—cosx+C. D. x?—cosx+C.
Ho nguyén ham ctia ham s6 f(x)=3x" +sinx 1a
A. X’ +cosx+C. B. 6x+cosx+C. C.x —cosx+C. D. 6x—cosx+C.

Cho f(x) la ham sé lién tyc trén doan [1;2]. Biét F(x) 1a nguyén ham cta f(x) trén doan

2
[1;2] thoa man F(1)=-2 va F(2)=4.Khidé [ f(x)dx bing
1

A. 6. B.2. C. 6. D. -2.
Neujf dx = 2vajf :—Sthljf )dx bing

A. 7. B. 3. C. 4. D.7.
Biét [ [ f(x)+2x]dr=4.Khido [ f(x)dx bing

A. 3. B.2. C.6. D. 4.

Goi S 1a dién tich cta hinh phang gidi han boi cac duong y=2*, y=0, x=0, x=2.Ménh dé
nao dudi day dung?

A. S:ﬂ'j?dx B. S=I2de C. S:ﬂJ%ZZ"dx D. S=i22de
0 0

Cho hinh phang (H) giéi han béi cac duong y=x"+3, y=0, x=0, x=2.Goi ¥ 1a thé tich
ctia khdi tron xoay duoc tao thanh khi quay (H ) xung quanh tryc Ox . Ménh dé nao dudi day
dang?

2 2 2 5 2 2
A V= J.(x2 +3)dx B. V= ﬂj(xz +3)dx C. V= J-(x2 +3) dx D.V-= ﬂJ.(xz +3) dx

0 0
Trong khong gian Oxyz , phuong trinh cia mit phang ( ) di qua diém B (2 3) dong thoi
vudng goc voi hai mit phang (Q):x+y+3z-5=0, (R):2x—y+z-1=01a
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Cau 11:

Cau 12:

PHAN II.

Cau l:

Cau 2:
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A. 4x+5y-3z422=0.B. 4x-5y-3z-12=0.

C.2x+y-3z-14=0. D. 4x+5y-32z-22=0.

Trong khong gian Oxyz, cho mat phang («):2x—y+3=0. Mt phing nao sau ddy vudng goc
v6i mét phang () ?

A. (o) 2x+y-3z=0. B. (@,):x+5y+2z-2=0.
C.(a;):4x-2y+7=0. D. (a,):x+2y—z+1=0.

Trong khong gian Oxyz cho hai mit phang song song (P) va (Q) lan luot ¢6 phuong trinh
2x—y+z=0 va 2x—y+z—-7=0.Khoang cich giita hai mit phang (P) va (Q) bang

A T. B. 7V6 . . 637 D.L.
J6
Céu tric nghiém ding sai. Thi sinh tra 101 tir cau 1 dén cau 2. Trong mdi ¥ a), b), ¢), d) & mdi
cau, thi sinh chon ding hodc sai.
Rua va tho tranh tai: Trong mot cudc thi chay dua gitra rua va tho xem ai chay dugc quang duong

xa hon, rua chay véi tde do v, (¢) =3V, tho chay vai toe do v, (t)=5-5cos(2xt) (vi ¢ 1a

thoi gian (don vi: gio), van téc don vi km/ h). (Céc két qua lam tron dén hang phan tram, don
vi km)

a) Trong khoang thoi gian tir 0,5 gio dén 1 gio (ké tir khi xuat phat) thi van tdc cua tho giam
dan.

b) Quang duong rua chay duoc sau 0,5 gio la 0,70 km .

¢) Néu cudc dua két thac sau 1 gid thi tho gianh chién thing va thing cach biét 3,15km.

d) Néu cudc dua két thuc khi tho hodc ruia chay dugc 10 km dau tién thi tho gianh chién thing va
théng cach biét 4,34 km .

Trong khong gian v6i hé truc toa d6 Oxyz, cho diém A4 (1;2;5) va mat phing
(a):x+2y+2z—6:O.

a) Véc to n=(1;2;2) 1a mot vecto phap tuyén cia ().

b) Phuong trinh mit phing (4) di qua diém A va song song véi mit phiang (a) c6 phuong
trinh x+2y+2z+15=0

¢) Phuong trinh mit phing (y) di qua hai diém O va A ddng thoi vudng goc v6i mat phang

(@) c6 phuong trinh 2x—y =0.

, , 2 4
d) Biém M e(a)sao cho 4,0,M thang hang thi toa do M(g;gﬂj.

PHAN III. Cau tric nghiém tra 1o ngin. Thi sinh tra 10i tir cdu 1 dén cau 4.

Page 2

Swu tam va bién soan



Cau 1:

Cau 2:

Cau 4:
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x—1

Biét _[e 2 w—ae+b+S (a,b,ce Q). Gia tri cia P=a+b+c bang bao nhiéu?
e e

Chép hanh theo “Luat trat ty an toan giao thong duong bo”, Chi Nga dang 1ai xe voi véan tde
5m/ s thi nhan thiy phia trudc dén giao thong dang chuyén sang dén d6 nén can giam toc do cua
xe dé doi dén do6. Sau khi dap phanh, xe chuyén dong cham dan déu véi van toc
v(t)==0,7¢t+5(m/s), trong d6 ¢ la thoi gian tinh bang gidy ké tir lac dap phanh. Héi tir lac
dap phanh dén khi xe dimng han, xe di chuyén quing dudng bao nhiéu mét? (Két qua lam tron
dén hang phan muoi).

Mot vat trang tri c6 dang mot khéi tron xoay duogc tao thanh khi quay mién (R) (phén gach chéo
trong hinh v&) quanh truc MN .Biét raing ABCD 1a hinh chit nhat véi AB=6cm, AD =10cm ,
M , N lan luot 13 trung diém ctia AB , CD, hai dudng cong 1a duong elip c6 hinh chir nhit co s
1a ABCD va duong tron tiép xic voi hai canh 4D va BC (tham khao hinh v&). Tinh thé tich cua

vat trang tri d6 (don vi em® két qua 1am tron dén hang phan chuc)

A

B
Trong khong gian Oxyz, cho hai diém A(2;-2;4), B(-3;3;-1) va mat phing
(P):2x—y+2z-8=0. Xét M la diém thay d6i thudc (P), gié tri nho nhét cia 2MA* +3MB’
bang

PHAN IV. Ty ludn

Cau 1:
Cau 2:

Cau 3:

Cho F(x) 1a ho nguyén ham ctia ham s6 f(x)=—e"—4x+2, F(0)=1. Tinh gi tri F(2)
Tir mot tAm bia hinh vuéng ABCD canh 4cm v& hai dudng chéo va hai nira dudng tron dudng
kinh 14 hai canh 4D,BC cit nhau tao thanh 4 hinh canh quat nhu hinh v&. Tinh thé tich khdi

tron xoay (cm’) sinh ra khi quay 4 canh quat nay quanh canh CD (két qua lam tron dén hang
phan chuc).

D ()’
Trong khong gian Oxyz cho A(Z;O;O),B(O;4;O),C(O;O;6),D(2;4;6). Goi (P) la mat phéng

song song voi mp(ABC ) , (P) cach déu D va mit phang (ABC ) . Phuong trinh cua (P) 1a?

Page 3

Swu tam va bién soan



DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

Page 4

Swu tam va bién soan



DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

HUONG DAN GIAI CHI TIET
PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi
thi sinh chi chon m¢t phuong an.

Caul: Hamsb F (x) =Inx xéac dinh trén khoang (0; +00) 12 mot nguyén ham ciia ham sé nao sau day?

A. f(x)=%. g.- C. f(x)z—xl—z. D. f(x)=—%.

Loi giai
Tacé F'(x) :(lnx)' 1 = f(x).
x
Cau2: Tim ho nguyén ham ctia ham s6 f (x) =x""%
1

A [ f(x)dr =g G B. [ f(x)dr=2025x""+C.
Loi gidi

Ta cé: _[f(x)dx :ﬁ.xzm +C.

Cau3: Honguyén ham clia ham s6 f(x)=4x+sinx la

2
A. 2x* +cosx+C. B. 4+cosx+C. Q.- D.%—cosx+C.

Loi giai
Ta co: jf(x)dx=j(4x+sinx)dx =2x" —cosx+C.
Cau4: Honguyén ham ctia ham s6 f (x)=3x" +sinx la
A. X’ +cosx+C. B. 6x+cosx+C. C. x’—cosx+C. D. 6x—cosx+C.
Loi gii
Ta co I<3x2+sinx)dx=x3—cosx+C.

Cau5: Cho f(x) 12 ham sd lién tuc trén doan [1;2]. Biét F(x) la nguyén ham cua f(x) trén doan

[1;2 =2 F(2)=4

2
] théa min F(1) . Khi d6 If(x)dx bang
1

A. 6. B. 2. C. -6. D. 2.

Loi giai

Cau 6: Néu - va 2 thi -1 bang
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Cau 7:

Cau 8:

Cau 9:

Cau 10:
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Loi giai
5

Ta c6 :[lf(x)dx=if(x)dx+ij(x)dx=2+(—5)=—3.

1 1
pige ol ()2 Jar=4 L[S (x)ar bing
A3 B.2. C.6. D. 4.
Loi gidi

1 1 1 1
[[f(x)+2x]dr=de | f(x)de+ [ 2xdx=4 o [ f(x)dx=4-1=3
Goi S 1a dién tich cta hinh phang giéi han boi cac duong y =2, y=0, x=0, x=2.Ménh dé
nao dudi day dang?

A. S:njz)fdx B. §=[2"dx C. S:njzzxclx D. S:j22"dx
0 0 0

0

Loi giai

2 2
Ta co: S=I2X|dx=j2de.

0 0
Cho hinh phang (H) gi¢i han béi cac duong y=x>+3, y=0, x=0, x=2.Goi ¥ 1a thé tich
ctia khéi tron xoay dugc tao thanh khi quay (H ) xung quanh truc Ox . Ménh d& nao dudi day

dang?
A. V:j(x2+3)dx B. V:ﬂj(x2+3)dx C. V=j.(x2+3)2 dx D. V=7rj-(x2+3)2 dx
0 0 0 0

Loi giai
Thé tich ctia khéi tron xoay duoc tao thanh khi quay (H ) xung quanh truc Ox la:
2
V= ﬁj(xz +3)2 dx .
0

Trong khong gian Oxyz , phuong trinh ctia mit phang (P) di qua diém B(2; 1;—3) , dong thoi
vudng gbc v6i hai mat phang (Q):x+y+3z—5:0, (R):Zx—y+z—1=0 la
A. 4x+5y-32z4+22=0.B. 4x-5y-3z-12=0.
C.2x+y-3z-14=0. D. 4x+5y-3z-22=0.
Loi giai
n = (1:1:3)

+ Véc to phap tuyén cua mit phang (Q) va (R) lan luot la .
n, = (2;—1;1)

P)L(Q Zl@ -
+ {EP;iER;j{ZL - = VIPT n, =[ ng.n, |=(4:5-3).

+ Mt phang (P) di qua diém B(2;1;—3) va véc to phép tuyén n, =(4;5;-3) c6 phuong trinh
4(x=2)+5(y-1)-3(z+3) =0 4x+5y-3z-22=0.
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Céu 11: Trong khong gian Oxyz , cho mit phing (a) :2x—y+3=0. Mit phang nio sau ddy vudng goc

v6i mat phang (a)?
A () =2x+y-3z=0. B. (a,):x+5y+2z-2=0.
C.(a;):4x=2y+7=0.D. (a,):x+2y—z+1=0.

Loi giai

Mit phing ():2x—y+3=0 c6 VIPT n, =(2;-1;0).

Mit phing (@, ):x+2y—z+1=0 ¢6 VIPT n, =(1;2;-1).

Vi n,n, =2.1+(=1).2+0.(-1)=0 nén (e,) L(a).

Cau 12: Trong khong gian OXyz cho hai mat phing song song (P ) va (Q) lan lugt c6 phuong trinh

2x—y+z=0 va 2x—y+z—7=0.Khoang cich giita hai mit phang (P) va (Q) bang

A 7. B.7\/€. C.6\/7.
Loi giai

Mit phang (P) di qua diém 0(0; 0;0).

o

Do mit phang (P ) song song mit phang (Q) nén khoang cach gitra hai mat phang (P ) va
7

(0) bing: d((P).(0))=d(0,(0))= N

PHAN II. Cau tric nghiém ding sai. Thi sinh tra 10i tir cdu 1 dén ciu 2. Trong mdi ¥ a), b), ¢), d) & mbi

Cau 1:

cau, thi sinh chon ding hodc sai.
Rua va tho tranh tai: Trong mdt cudc thi chay dua gitra rua va tho xem ai chay dugc quang duong
xa hon, rua chay véi toc do v, (1) = 34/t , tho chay véi tde do v, (r)=5-5cos(27t) (véi ¢ 1a

thoi gian (don vi: gio), van toc don vi km/ h). (Céc két qud lam tron dén hang phan tram, don
vi km)

a) Trong khoang thoi gian tir 0,5 gio dén 1 gio (ké tir khi xuat phat) thi van tdc cua tho giam
dan.

b) Quang duong rua chay duogc sau 0,5 gio la 0,70 km .

¢) Néu cudc dua két thuc sau 1 gio thi tho gianh chién thing va thang cach biét 3,15 km .

d) Néu cudc dua két thuc khi tho hodc rua chay duoc 10 km déu tién thi tho gianh chién théng va
théng cach biét 4,34km .

Loi giai
a) Pung

v, (t)=107sin(27t); vR'(t):0:>t:§,keZ ma ¢ €[0,5;1] suyra r=0,5 hodc t=1.

Bang bién thién:
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t 0,5 1
vr(t) -
vr(t)
Tir bang bién thién, trong khoang thoi gian tir 0,5 gio dén 1 gid (ké tir khi xuat phat) thi van toc
ctia tho giam dan.

b) Sai
0,5

Quang duong rua chay dugc sau 0,5 gio la J. 3 tdt ~ 0,71(km) .
0

¢) Sai
1
Néu cudc dua két thic sau 1 gio thi tho chay duoc I(S —5005(27rt))dt =5(km), va rua chay

0

1
duoc [3+tdt =2 (km). Khi d6 tho gianh chién thang va céch bigt 5—2 =3 (km).
0

d) Pung

X

J.(S —5005(27[1))dt =5x, —zisin(27rxl) . Ta céan giai phuong trinh 5x—2isin(27rx) =10.
g r T

Xét ham sb f(x) = 5x—%sin(2ﬂx).

Ta co f'(x)=5-5cos(27x)>0 (do cos(27x)<1 véi moi x) nén ham s6 f(x) ddng bién
trén R.

Do d6 phuong trinh f (x)le c6 t6i da 1 nghiém. D& thay f (2)=10 nén phuong trinh
f(x) =10 c6 nghiém duy nhat1a x, =2.

Xy

J.3\/Zdt =2x} =10 suyra x, =325 > x, do d6 tho chay dugc 10km trude.

0

2
Khi tho chay dugc 104m thi rua chay duoc .[3\/;dt = 4\/5 .
0

Khi do tho thing cch bigt 10— 442 ~ 4,34 (km).

Trong khong gian v&i hé truc toa d6 Oxyz, cho diém A4 (1,2;5) va mat phing
(a):x+2y+2z-6=0.

a) Véc to n=(1;2;2) 1a mot vecto phap tuyén cia ().

b) Phuong trinh mit phing (3) di qua diém A va song song véi mét phang () cé phuong
trinh x+2y+2z+15=0
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¢) Phuong trinh mit phing (y) di qua hai diém O va A4 dong thoi vudng goc v6i mat phang

(&) c6 phuong trinh 2x—y =0.
2 i . . 2.4
d) Biém M €(a)sao cho 4,0,M thang hang thi toa do M g;g;Z .

Loi gii
h) Diing | b) Sai c) Piing i) Piing |

a) Dung.

Theo dinh nghia véc to n =(1;2;2) 1a mdt vecto phép tuyén cta ().

b) Sai.

Phuong trinh mit phang () di qua diém 4 va song song v6i mit phing () nén:

n, =(1;2;2), do d6(B) c6 phuong trinh: x—1+2(y—-2)+2(z-5)=0< x+2y+2z-15=0.
¢) Dung.

Phuong trinh mét phang () di qua hai diém O va 4 dong thoi vuong géc véi mét phing («)

n, LOA=(1;2:5) __
nén {n_ﬂ ( )

. —=n, =| 04,n |=(—6;3;0)=—-3(2;-1,0), do d5( ) c6 phuong trinh:
e e G VL
2x—y=0.
d) Dung.
Diém M e(a)sao cho 4,0,M thing hang
Do M e(a):x=6-2y-2z= M (6-2b-2c;b;c)
Vi 4,0,M thing hang nén
OM (6-2b-2c;b;c) = k.OA = (k; 2k; 5k)
6-2b-2c=k
& b=2k
c =5k

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 4.

1 —x
A e +2
Caul: Biét Ie —
v €

abc:ae+b+E (a,b,ce@). Giatricua P=a+b+c bfmg bao nhiéu?
e
Loi giai
Tra loi: 0
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1 1

j. e—x:l 2 dx = .(i:(e_““ +2.e7" )dx = e.j((e_2 )x + 2.(e_1 )X)dx = e.(e_zzx +2. e__I j

7 —

0

Chép hanh theo “Luat trat ty an toan giao thong duong bo”, Chi Nga dang 1ai xe voi véan tdc
5m/ s thi nhan thy phia truéc dén giao thong dang chuyén sang dén do nén can giam toc do cua
xe dé doi dén do6. Sau khi dap phanh, xe chuyén dong cham dan déu véi van tdc
v(1)=-0,7t+5(m/s), trong d6 ¢ la thoi gian tinh bang gidy ké tir lac dap phanh. Hoi tir lac
dap phanh dén khi xe dimng han, xe di chuyén quing dudng bao nhiéu mét? (Két qua lam tron
dén hang phan muoi).

Loi giai
Tra loi: 17,9
Khi xe dimg hin, ta c6: v(¢)=0< 0,7t +5=0< ¢ = ?(s) .

Viy quing duong xe di chuyén dugc tir lac dap phanh dén khi xe dimg han la:
50 50

o
07045V dv=| 07 45¢] =1 _17.9(m).
( ) : -

o t—]

0
Mot vt trang tri c6 dang mot khdi tron xoay duogc tao thanh khi quay mién (R) (phan gach chéo
trong hinh v&) quanh truc MN .Biét raing ABCD 1a hinh chir nhat véi AB=6cm , AD =10cm ,
M , N lan luot 13 trung diém ctia AB , CD, hai dudng cong 1a duong elip c¢6 hinh chir nhat co s&
13 ABCD va duong tron tiép xtic v6i hai canh 4D va BC (tham khao hinh v&). Tinh thé tich cua

vat trang tri d6 (don vi cm’® két qua lam tron dén hang phan chuc)

A

Loi giai

Tra loi: 75,4

Page 10

Swu tam va bién soan



DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

y
A D
0 N
v '—A-ﬁ“v
x
B C

Chon hé toa 3 Oxy nhu hinh v&. Trong d6: MN = Ox va O la tim cua hinh chit nhat ABCD .

Do dai truc 10n, d6 dai truc bé cua elip 1an lugt 1 4D =2a =10cm va AB =2b =6cm Suy ra:

2 2 2
a=>5cm va b=3cm Khi d6, phuong trinh cua elip la: %+% =1.Suyra:y’ = 9[1 —%)

Voi xe[—S;S]. Quay duong elip quanh truc MNtao ra khdi tron xoay cé thé tich la:

5 5 5 2 5 2
vo=x| f2(xdx=r[yde=n[9]1- =97 (| 1- x =607 cm’. Quay dudng tron
=] P o] s =a o1 =15 Quay duimg
duong kinh AB =6cm quanh truc MN tao ra khdi cau co thé tich 1a:
3 3
Vie =£7Z'R3 =£ﬂ(£j =i7z' éj =36xcm’.
3 3 2 3 2
Do d6, thé tich ctia vat trang tri 1a:V =V, V. = 60 cm® =36z cm’® = 75,4cm’.

Caud4: Trong khong gian Oxyz, cho hai diém 4(2;-2;4), B(-3;3;-1) va mat phang
(P):2x-y+2z-8=0.Xét M la diém thay doi thudc (P), gié tri nho nhat cua 2MA” +3MB’
bang

Loi gidi
Tra loi: 135
Goi I(x;y;z) la diém thoa man 2MA+3MB =0 suy ra I(-1;1;1)
14 =27; IB* =12; d(1,(P))=3
) 5 —  —\2 —_— —=\2 —2 —2 —2 )
2MA* +3MB> =2(MI +IA) +3(MI+1B) =5MI +2I4 +3IB =5MI"+90
Ma 2MA* +3MB’ nhé nhat < MI nhd nht

Suy ra MIZd(I,(P)):3

Vay 2MA* +3MB* >5.9+90 =135
PHAN IV. Ty luin
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Cau 1:
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Cho F(x) 1a ho nguyén ham ctia ham s6 f(x)=—e"—4x+2, F(0)=1. Tinh gia trj F(2)
Loi giai
Ta c6 P(x):jf(x)dxzj(—ex—4x+2)dx:—e"—2x2+2x+C
Ma F(0)=1=-1-2-0+2:0+C=1¢<C=2=F(x)=—" -2x" +2x+2

= F(1)=-e-2-17+2-1+2=—¢+2.
Tir mot tam bia hinh vuéng ABCD canh 4cm vé& hai dudng chéo va hai nira dudng tron dudng
kinh 14 hai canh 4D, BC cit nhau tao thanh 4 hinh canh quat nhu hinh v&. Tinh thé tich khdi
tron xoay (cm’) sinh ra khi quay 4 canh quat nay quanh canh CD (két qua 1am tron dén hang
phan chuc).

A

Loi giai

D V s T

Chon h¢ toa do Oxy nhu hinh vé (0 = D) , 40 dai vecto don vi trén mdi truc toa d 1a lem.

Khi do:

Nira dudng tron (C) duong kinh AD ¢6 tim M (0;2) 1a trung diém 4D, ban kinh bang 2.
) 2 1/4;1:)/=2+\/4—x2

Suyra: (C):x*+(y-2) =4=| _
Ir1D:y:2—\/4—x2

AC:x+y—-4=0; BD:y=x

Suy ra thé tich khéi tron xoay sinh ra khi quay 4 canh quat di cho quanh canh CD 1a:
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V=27rﬁ((2+ﬂ)z —(4—x)2]dx+i(x2 —(2—@)2}&} ~ 57, 4cm’.

0

Trong khong gian Oxyz cho A(Z;O;O),B(0;4;O),C(0;O;6),D(2;4;6). Goi (P) la mat phfmg

song song voi mp(ABC ) , (P) cach déu D va mit phang (ABC ) Phuong trinh cua (P) 1a?

Loi giai

(ABC): 2+ 4210 6x+3y+22-12=0.
2 4 6

(P)//(ABC)=(P):6x+3y+2z+m=0(m#-12).
(P) cich déu D va mit phing (ABC)=d(D,(P))=d(A,(P))

@‘6.2+3.4+2.6+m‘_‘6.2+3.0+2.0+m‘ 36+m=12+m

@\36+m\=\12+m\@

J62 £33 422 6 +37 422 36+m=-12-m
< m=-24 (nhan).
Vay phuong trinh ctia (P) 1a 6x+3y+22z-24=0.
---------- HET -

Swu tam va bién soan
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PE ON TAP KIEM TRA GIUA HQOC Ki 2
TOAN LOP 12 - PE SO 07

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 2:

Cau 3:

Ciu 6:

Cau 9:

Cau 10:

thi sinh chi chon mgt phuwong an.
Ho nguyén ham ciia ham s6 f'(x)=cosx+6x 1a

A. sinx+3x>+C. B. —sinx+3x’+C. C.sinx+6x’+C. D.-sinx+C.
Cho ham s6 f'(x)=e"+2. Khing dinh nao duéi day 1a ding?
A. jf(x)dx=ex’2+C. B. If(x)dx=ex+2x+C.
C. jf(x)dxzex+C. D. Jf(x)dxzex—2x+C.
Tich phan Ildx bang
" 3x
ALl B. L. c. L. p. 2
3 3 6 3
1
Tich phan _[ 2°dx bang
0
1 1
A. —-In2. B. In—. C.In2. D. —.
2 In2

B A 2 Jx A B 5 B A N r B A
Ham s6 F(x)=e" la nguyén ham ciia ham s6 nao trong cac ham s sau:

xz

e
2x
Cho hinh phing (H) giéi han béi cac dudng thang y=2x-x’,y=0. Quay(H) quanh tryc

A. f(x)=2xe" . B. f(x)=x%" —-1. C. f(x)=¢é. D. f(x)=

hoanh tao thanh khéi tron xoay c6 thé tich bang

A.V:m—ﬁ. B.V:E. C.V:16—”. D.V:E.
9 9 15 15
Dién tich hinh phang gi6i han béi cac duong y =x’ —6x va y =x” bang
AZ B. 22 c. . L&
12 12 4 3

Tinh thé tich V' cua phan vat thé gi6i han boi hai mat phang x =1 va x =4, biét rang khi cét vat
thé boi mit phang vudng goc véi truc Ox tai diém c6 hoanh d6 x batki (1< x <4) thi duoc thiét
dién 1a mot nira luc gidc déu 6 d6 dai canh 1a 2x.

A 2143, B. 21. C. 6343 D. 63.

Thé tich khéi tron xoay khi quay hinh phing (H) gi6i han béi y =x?va y=2x+3 quanh tryc
Ox la:

4 10887 1387 O 27

. B. . C. —. D. —.
15 5 2 5

Cho mat phéng (P) di qua diém 7 (2;—1;3) va nhan vec-to n = (1; -1; 5) lam vec-to phéap tuyén.

Phuong trinh tong quat cia mét phing (P) la
A. x—y+5z-18=0. B. x-y+5z+18=0.
C.2x-y+3z-18=0. D. 2x-y+3z+18=0
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Cau 11:

Cau 12:
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Cho diém M (2;-3;-1) va mit phang (P):x—2y+2z—7=0. Khoang cach tir diém M dén
mit phing (P) bang bao nhiéu?

A 2. B. L. c.l D. 2.

3 3
Cho hai mét phang (P):x+2y—z+3=0, mx+3y+z+1=0.Tim m d¢ hai mat phang (P) va
(Q) vudng goc nhau.
A. -5. B. 5. C. -8. D. 8.

PHAN II. Ciu tric nghiém ding sai. Thi sinh tra 10i tir cau 1 dén cdu 2. Trong mdi ¥ a), b), ¢), d) & mdi

Cau l:

cau, thi sinh chon ding hodc sai.
1 2

Biét ring ham s6 f(x)=ax’ +bx+c théa min Jf(x)dx:—%, [£(x)dr=—2 va F(x) 1a
0 0

mot nguyén ham ciia ham s6 £ (x) trén doan [0;2].

a) F(l)—F(0)=—%.

b) Cho F(0)=3,khidé F(2)=5.

a b
C) If(x)dx = I(axz +bx+c)dx :§XS +Ex2 +cx.
d) a+b+3c=-12.
Khi gén hé toa @6 Oxyz (don vi trén mdi tryc tinh theo kilomet) vao mot tran dja phao phong
khong, mit phang (Oxy) tring voi mat dat. Trong tap luyén, mot ving mit phing trong tAm
hoat dong cua phéo duoc giit béi 3 diém phao A(3;0;0); B(0;1,5;0); C(0;0;—1,5) . Mot muc
tidu bay tir M (5;2;4) t61 N (1;0,-2).
a) Mit phang (ABC) c6 phuong trinh: x+2y—-2z-3=0
¢) Muc tiéu tai M (5;2;4) nam trong ving hoat déng cta phéo.
b) Goi G 1a diém va cham ctia muyc tiéu khi t6i mat phang (ABC). Toa dd diém G la (3;1;1).

d) Khoang cach tur diém phéo A téi vi tri va cham cua muyc ti€u khi t61 mat phéng la 1,41 km.

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 4.

Cau 1:

Cau 2:

Cau 3:

5
Cho J.x—Jr;dx:a+bln3 v6i a,beZ . Tinh o> +b*.
x_

Tinh dién tich S cta hinh phing (H) gi¢i han bdi duong cong y = —x* +12x va y=—x". (két
qud lam tron dén hang phan chuc)

Tinh the tich V' cua vat thé nam gitta hai mat phang x =0 va x =z, biét thiét dién cua vat thé
khi cét boi mit phing vudng goc voi truc Ox tai diém c6 hoanh do x (x €[0;7]) la tam gidc
d8u c6 canh bing 2+/sinx . (két qud lam tron dén hang phan trim)

Trong khong gian cho diém M (1;—3;2) . C6 bao nhiéu mit phang di qua M va cat céc truc toa
dotai 4,B,C ma OA=0B=0C #0.
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PHAN IV. Ty luin

Cau 1:

Cau 2:

Caiu 3:

Cau 4:

Cau 5:

Cho F(x) 1a mt nguyén ham cta ham sé f(x)=x"—2x+3 thoa man F(0)=2, gid trj clia
F (1) bang

2 2
Cho I[4f(x) —2x:| dx=1.Khido If(x)dx bang:

1 1
Pé dam bao an toan giao thong khi luu thong trén duong, cac xe 6 t6 khi dimg dén do phai cach
nhau t6i thiéu 1m . Mot 6 t6 4 dang chay véi van toc 18 m/s bdng gip 6 t6 B dang dirng dén
d6nén 6t0 4 hiam phanh va chuyén dong cham dan déu véi van tde duoc biéu thi boi cong thire
v,(t)=18-6t (don vi tinh bang m/s ), thoi gian tinh bang gidy. Héi rdng dé c6 2 66 4 va B
dat khoang céch an toan khi dung lai thi 6 t&6 A phai ham phanh khi cach 6 t6 B mdt khoang it
nhat 1a bao nhiéu?
Mot bac thg gdbm 1am mét cai chau trong ciy, phan trong chau cay cé dang khdi tron xoay dugc
tao thanh khi quay hinh phing duoc t6 ddm nhu hinh sau quanh truc Ox (don vi trén tryc 1a
decimet), biét duong cong trong hinh 14 d6 thi ciia ham sé y = Jx+1, day chau va miéng chau
c6 duong kinh 1an luot 14 2 dm va 4 dm. Dung tich cua chau 1a bao nhiéu lit (Iam tron két qua
dén hang phan chuc)?

Trong khong gian voi hé toa do Oxyz cho hai mit phing (a) 3x-2y+2z4+7=0 va
(B):5x—4y+3z+1=0. Phuong trinh mit phing di qua O ddng thdi vudng goc véica (@) va
() c6 phuong trinh la

Trong khong gian Oxyz , cho mit phing (P): x+2y +2z—10 = 0. Phuong trinh mgt phing (Q)

voi (Q) song song voi (P) va khoang cach giita hai mat phiang (P) va (Q) bang % la.
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HUONG DAN GIAI CHI TIET

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 3:

Cau 4:

Cau 5:

Ciu 6:

thi sinh chi chon m¢t phuong an.
Ho nguyén ham ciia ham s6 f'(x)=cosx+6x 1a

A sinx+3x2+C. B. —sinx+3x*+C. C.sinx+6x’+C. D.-sinx+C.

Loi giai

Ta c6 Jf(x)dx:I(cosx+6x)dx=sinx+3x2+C.

Cho ham s6 f(x)=e"+2. Khing dinh nao duéi day 1a ding?
A [rip-e o, s TG
C. [f(x)x=e"+C. D.[f(x}x=e"-2x+C.
Loi gidi
Taco: [ f(x)dr=[(e +2)dr=e"+2x+C

Tich phan j3ldx bang
X

1

A. I B.

Ta co: jldx :zln|x|
1 3x 3

c.l. D.
6

W | =
w |~

Loi giai

| :%(lne—lnl):%.

1
Tich phan J. 2°dx bang

0

A. —In2. B. ln%. C.In2. Q..
Loi giai
! > 2 1 1
Ta co: J.Zxdx= = - = .
0 ln2|o In2 In2 In2

\ A 2 1 A \ 5 \ A \ ’ \ A
Ham s6 F(x)=e" la nguyén ham ciia ham so nao trong cac ham s sau:

A.-. B. f(x)=x%" -1. C. f(x)=¢>. D. f(x)=62x .
x

Loi giai

Taco f(x)=F'(x) = f(x)= (e"2 ), =2xe" .
Cho hinh phing (H) giéi han béi cac dudng thing y=2x-x’,y=0. Quay(H) quanh tryc
hoanh tao thanh khéi tron xoay c6 thé tich bang
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Cau 7:

Cau 8:

Cau 9:

DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

A.V=16—7[. B,V:E, D,V:E,
9 9 15

Loi giai
, x=0 [ 2, 16
Phuong trinh hoanh 4§ 2x—x" =0 < . Khi do V=7r_|.(2x—x ) dx=g7r
xX= o

Dién tich hinh phang gi¢i han béi cac dudng y=x’ —6x va y =x" bang

A.112—25. E.. C.%. D.?.
Loi giai

bat f(x)=x’—6x va f,(x)=x*.Taco f(x)-f,(x)=x"—x"—6x.

Phuong trinh f; (x)— f,(x)=0 c6 ba nghiém la x, =—2,x, =0,x, =3.

Dién tich cta hinh phang da cho 1a
S = fz|x3 —x’ —6x| dx = Uoz(x3 —x’ —6x)dx +

4 3 0 4 3 3
L3y 23y
4 3 4 3 0

)
Tinh thé tich ¥ cua phan vat thé gi6i han boi hai mat phang x =1 va x =4, biét rang khi cat vat
thé boi mit phang vudng goc véi truc Ox tai diém c6 hoanh d6 x batki (1< x <4) thi duoc thiét

r(x3 -x° - 6x)dx

0

_16,64_253
3 3 12

dién 1a mdt nura luc giac déu 6 d6 dai canh 1a 2x.
A 2143, B. 21. C. 6343, D. 63.
Loi gidi
Dién tich thiét dién tao ra khi cit vat thé béi mat phéng vudng goc vai truc Ox tai diém co

(22)' V3
()5

hoanh d¢ x batki (1<x<4)la S(x)=3. =3x’/3 nén thé tich vat thé 1a

4
V= j3x2ﬁdx —634/3.
1

Thé tich khdi tron xoay khi quay hinh phang (H) gidi han boi y =x*va y =2x+3 quanh truc
Ox la:

A. B, 1387 c. 2" p. 2~
= 5 2 5

Loi giai
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Hoanh d6 giao diém cta dudng y =x* v6i y =2x+3 1a x =—1;x =3. Vay thé tich ctia khdi tron xoay

10887
15

can tinh 1a: ¥V = ﬂi (2x+3)2 dx — ﬁj. (x2 )2 dx
-1 -1

Cau 10: Cho mit phang (P) di qua diém 1(2;—1;3) va nhan vec-to n = (1;—1;5) lam vec-to phap tuyén.
Phuong trinh tong quét ctia mat phang (P) la

A FEEEEEEES B xy+5:+18=0.

C.2x-y+3z-18=0. D.2x—-y+3z+18=0
Loi giai
Mat phang (P) di qua diém 7(2;-1;3) va nhan vec-to 7i =(1;—1;5) lam vec-to phép tuyén c6 phuong
trinh tong quat 1a x—y+5z—-18=0.
Cau 11: Cho diém M(2;—3;—1) va mit phing (P):x—2y+22—7 =0. Khoang cach tir diém M dén
mit phing (P) béng bao nhiéu?

A.2. B. —%. g.l D. 2.

Loi giai
B |2—2-(—3)+2-(—1)—7| 1
Pi(2y+28 3

Tacod d(M,(P))

Cau 12: Cho hai mit phang (P) x+2y—z+3=0, mx+3y+z+1=0.Tim m déhai mat phang (P) va
(Q) vudng goc nhau.
A. B8 B. 5. C. -8. D. 8.
Loi giai
Mit phang (P) ¢6 vec-to phap tuyén 1a np = (1; 2;—1) .
Mit phang (Q) c6 vec-to phap tuyén 1a 7i, = (m;3;1).

Hai mit phang (P) va (Q) vudng goc nhau khi chi khi 7, -7, =0 < m+6-1=0<m=-5.
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PHAN II. Ciu tric nghiém ding sai. Thi sinh tra 10i tir cau 1 dén cdu 2. Trong mdi ¥ a), b), ¢), d) & mdi
cau, thi sinh chon ding hodc sai.
1 2
Cau1: Biét ring ham s6 f(x)=ax>+bx+c thoa man Jf(x)dx:—%, [£(x)dr=—2 va F(x) 1a
0 0
mot nguyén ham ciia ham sé £ (x) trén doan [0;2].
7

a) F(1)=F(0) =

b) Cho F(0)=3,khidé F(2)=5.

C) If(x)dx:j(ax2 +bx+c)dx:%x3 +%x2 +cx.

d) a+b+3c=-12.

Loi gidi
| a) bung | b) Sai ‘ ¢) Sai ‘ d) bing ‘
a) biang
. 7
Taco F(1)-F(0) =3

b) Sai
Taco F(2)-F(0)=—2=F(2)=—2+F(0)=-2+3=1.

¢) Sai

Ta co: Jf(x)dx:I(axz +bx+c)dx:%x3 +§x2+cx+C.

2:—2 <:>§a+2b+2c:—2 (2).
0 3

3 3 1

J-f(x)dngj(—f%r x2+cxj B <:>9a+2b+3c:E (3).

0 2 0 2 2 2
la+lb+c:—1
32 2 a=1

. . . 1A . 8
Tu (1), (2) va (3) ta co hé phuong trinh: §a+2b+2c:—2 &<b=3 .
16
9a+2b+3c:£ C:_?
2 2
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Cau 2:
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Khi gin hé toa d6 Oxyz (don vi trén mdi truc tinh theo kilomet) vao mot tran dia phdo phong

khong, mat phang (Oxy) tring v6i mat dat. Trong tdp luyén, mot ving mit phing trong tim

hoat dong ctia phao duoc gilt boi 3 diém phao A(3;0;0); B(0;1,5;0); C(0;0;—1,5) . Mot muc

ti€u bay tir M (5;2;4) t61 N(1;0;-2).

a) Mit phang (ABC) c6 phuong trinh: x+2y—2z-3=0

¢) Muc tiéu tai M (5;2;4) nam trong ving hoat déng cta phéo.

b) Goi G la diém va cham cta muc tiéu khi t6i mit phing (4BC). Toa do diem G la (3;1;1).

d) Khoang céch tur diém phéo A téi vi tri va cham cua muc ti€u khi t61 mat phrfmg la 1,41 km.
Loi giai

a) Goi mit phing (ABC) di qua 3 diém phao A(3;0;0); B(0;1,5;0); C(0;0;—1,5)nén co

phuong trinh 1a §+L+L=1<:>x+2y—2z—320.

L5 -L5
b) Vi 5+2.2-2.4-3+0 nén M (5;2;4)(ABC)
¢) Gia st diém G (x,;v4;2, ) 12 vi tri khi muc tiéu bay t6i mat phang (4BC) dé t6i vi tri N
nén G e (ABC).
Do MG, MN 14 2 vecto ciing hudng nén ton tai sb thuc 7 > 0 sao cho MG = tMN

MG = (xG -5y —25z4 —4);]V]V = (—4;—2;—6)

X; —5=-4 X; =5—4¢
Nén .ty —2=—2r=dy,=2-2¢
z; —4 = —6¢ z; =4 —6¢

Vi Ge(ABC)<:>5—4t+2(2—t)—2(4—6t)=3c>t=% = G(3;L1).

d) Khodng cach tir vi tri A dén diém va cham Ia 4G =/(3-3)" +(1=0)’ +(1-0)’ =141 km.

PHAN III. Cau tric nghiém tra 1o ngin. Thi sinh tra 10i tir cdu 1 dén cau 4.

Cau 1:

Cau 2:

5
Cho _[x—Jr;dx:a+bln3 voi a,beZ . Tinh a* +b*.
x_

Loi giai

Ta c6 j"_”dxzj(n > Zde :(x+5.1n|x—2|)|j =2+5In3
3 3 -

Suyra a=2,b=5=a’+b>=29.
Tinh dién tich S cta hinh phing (A gi¢i han bdi duong cong y = —x’ +12x va y=—x". (két
qud lam tron dén hang phan chuc)

Loi giai
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Tra loi: 78,1

Hoanh d6 giao diém cuia hai duong cong la nghiém cuia phuong trinh;
x=4

X +12x=—x" - +12x+x’ =0 | x=-3
x=0

Tacod S = T|—x3 +12x+x2|dx+j|—x3 +12x+x2|dx
-3 0

= i(f —12x—x2)dx+j£(—x3 +12x+x2)dx =%+?=%.

Cau3: Tinh thé tich ¥ cta vat thé nim giita hai mit phang x =0 va x = 7, biét thiét dién cta vat thé
khi cit boi mat phang vudng goc voi truc Ox tai diém c6 hoanh do x (x € [0;7[]) la tam giac
d8u c6 canh bing 2+/sinx . (két qud lam tron dén hing phan trim)

Loi giai
Tra loi: 3,46
Ta c6 dién tich thiét dién cua vat thé khi cit boi mat phang vudng goc véi truc Ox tai diém c6
(2vsinx )2 V3

hoanh do x 1a S(x):f: 3sinx.

=23.

ki
0

Suy ra thé tich cua vat thé cin tim 14 V = IS(x) dx = J\/gsimdx =—J/3cosx
0 0
Cau4: Trong khong gian cho diém M (1;-3;2) . C6 bao nhiéu mit phang di qua M va cét cac truc toa
dotai A,B,C ma OA=0B=0C#0.
Loi gii

Gia sir mat phang () can tim cat Ox, Oy, Oz lan luot tai A(a,0,0),B(0,b,0),C(0,0¢c)(a,b,c # 0)

Vi (@): 5421221 () qua M(L:=3:2) nén: (@): >+ 2 =1(%)
a b c a b c
fa=b=c(])
a=b=-c(2)
Vi 04=0B=0C # 0= |a|=|p|=|c| 0=
a=-b=c(3)
|a=-b=—c(4)

Thay (1) vao (*) ta c6 phuong trinh v6 nghiém

Thay (2),(3),(4) vao (*) ta dugc twong ing a = —4,a =6,a = o

Vay ¢ 3 mit phing.
PHAN IV. Ty luin
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Cau 1:

Cau 2:

Cau 3:

Cau 4:

DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

Cho F(x) la mot nguyén ham ctia ham sé f(x)=x"—2x+3 thoa man F(0)=2, gid trj cua
F (1) bang
Loi giai

3

Ta co: F(x):J‘xz—2x+3dx=x?—x2+3x+C.
F(x) 1a mdt nguyén ham cta ham sé f'(x) c6 F(0)=2=C=2.

3
Vay F(x):x?—x2+3x+2:>F(l)=%.

_2[[4f(x)—2x]dx:1 j.f(x)dx

Cho 1 .Khi dé 1 bang:
Loi giai
2
j[4f 2x]dx—1<:>4jf dx — 2dex—1©4jf 272 —1

<:>4j.f(x)dx:4<:>_[f(x)dx:1

Pé dam bao an toan giao théng khi luu thong trén dudng, cac xe 6 t6 khi dimg dén do phai cach
nhau t6i thiéu 1m . Mot 6 t6 4 dang chay voi van toc 18m/s bdng gip 6 t6 B dang dimg dén
doé nén 6 t6 4 ham phanh va chuyén dong cham dan déu véi van tdc duoc biéu thi bai cong thuc
v,(t)=18-6t (don vi tinh bang m/s ), thoi gian tinh bang gidy. Héi rdng dé ¢6 2 6t6 4 va B
dat khoang cach an toan khi dung lai thi 6 t0 4 phai ham phanh khi cach 6 t6 B mdt khoang it
nhat 1a bao nhiéu?
Loi giai
Ta co: v, (0)=18m/s.

Khixe 4 dimghan: v, (1)=0 <t =3s.
7 2 3
Quang duong tir lac xe 4 ham phanh dén ltc dung han 1a s = J. 18 6t dt =27m.
0

Do cac xe phai cach nhau tdi thiéu 1m dé dam bao an toan nén khi dung lai 6 t6 4 phai him
phanh khi cach 6 t6 B mot khoang it nhat 1a 28m .

Mot bac thg gdbm 1am mét cai chau trong cdy, phan trong chau cay c6 dang khdi tron xoay dugc
tao thanh khi quay hinh phing dugc t6 ddm nhu hinh sau quanh truc Ox (don vi trén tryc 1a
decimet), biét duong cong trong hinh 14 d6 thi ctia ham s6 y = Jx+1, day chau va miéng chau
c¢6 duong kinh 1an luot 1a 2 dm va 4 dm. Dung tich ciia chau 1a bao nhiéu lit (lam tron két qua
dén hang phan chuc)?
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Loi giai
V6i ban kinh ddy chiu 1a 1dmthi y=1=+/x +1=1=x=0

V6i ban kinh ddy chdu1a 2dm thi y=2=+x+1=2=x=3

o , 2 2
Thé tich cua khdi chau 1a: V = ﬁj(& n 1) dx = 157” ~23,56dm".
0

Cau5: Trong khong gian v6i hé toa d0 Oxyz cho hai mit phing (a):3x-2y+2z+7=0 va
(B):5x—4y+3z+1=0. Phuong trinh mit phang di qua O ddng thoi vudng goc véi ca () va
() c6 phuong trinh 1a

Loi giai
Goi mit phing phai tim 1a (P). Khi d6 véc to phap tuyén ciia (P)la: n, = [Z, m =2 1, -2).

Phuong trinh ctia (P) 1a 2x+y-2z=0.

Cau 6: Trong khong gian Oxyz , cho mit phang (P) :x+2y+2z—10=0. Phuong trinh mit phang (Q)
voi (Q) song song voi (P) va khoang cach giita hai mit phang (P) va (Q) bang % la.

Loi giai
Vi (Q) song song voi (P) nén phuong trinh mat phang (Q) c6 dang
(Q):x—l—2y+22—|—c=0

Lay M E(P):>M(O;O;5):>d(M,(Q)):%. Khi d6 ta co

__[25td 7 fl04e=T _[e=-3
d(Ma(Q))—m_z, 104c=-7 |c=—17

Vay ta c6 cac mit phing (Q) la

(0):x+2y+2z-3=0;(Q):x+2y+2z—-17=0

Page 11

Swu tam va bién soan



DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

PE ON TAP KIEM TRA GIUA HQOC Ki 2
TOAN LOP 12 - PE SO 08

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén ciu 12. M&i cau hoi

Cau 1:

Cau 2:

Caiu 3:

Cau 4:

Ciu 5:

Caiu 6:

Cau 8:

Cau 9:

thi sinh chi chon mgt phuwong an.

Hamso f(x)=e"+tan’ x co nguyén ham la:

A. jf(x)dx=ef— 12 +C. B. If(x)dx=ex+tanx—x+C.
COS X
C. [f(x)dr=c"+tanx+C. D. [ f(x)dx=¢"+tanx—1+C.

Nguyén ham cta ham s f(x)=8"2""" la

x 1-2x x
8 2 +C. C.2"In2+C. D. 2.2

A. 22" In2+C. . .
In8 In2 In2

+C.

Cho ham sé f'(x)=3x’ +16sin§cos§. Tim J.f(x)dx.

A. [ f(x)dx=6x+8cosx+C. B. [ f(x)dr=x"-8cosx+C.
C. J.f(x)dx:x3+800sx+C. D. J.f(x)dx:6x—8cosx+C.
4
Tim nguyén ham cta ham sé f (x):x jz
x
X1 X2
A. jf(x)dxz?—TC. B. jf(x)dx=?+;+c.
C. jf(x)dx=x—3+l+c. D. If(x)dx:x—3—£+C.
3 x 3 x
Cho F(x) la mdt nguyén ham cua f(x) :% trén khoang (1;+) théa man F(e+1)=4.
Y
Tim F(x).
A. 2In(x-1)+2. B. In(x-1)+3. C. 4In(x-1). D. In(x-1)-3.

Cho j[4f(x)—2x] dx=1.Khido jf(x)dx bang:

A. 3. B. 3. C. -1. D. 1.
1

Tich phan [ = J.de c6 gié tri bang
o X+1

A.In2-1. B. -In2. C.In2. D.1-In2.
Gié tri duong cua tham sd m sao cho dién tich hinh phang gi6i han bai do thi cia ham s6
y=2x+3 va cac duong thang y=0,x=0,x=m bang 10 1a

A.-m=2. B. m=5. C.ng. D. m=1.
Tinh dién tich S cta hinh phing (H) giéi han boi cac duong cong y=—x> +12x va y=—x".
A s=2T B. 5=2% c.s="3 D.5=2"

12 12 4 4
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Cau 10:

Cau 11:

Cau 12:

DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

Trong khong gian Oxyz , cho diém A(1;2;—1) vamat phang (P):x—2y+3z+1=0.Mat phing
di qua 4 va song song v4i mit phang (P) c6 phuong trinh la:

A. x+2y+3z+42=0. B.x-2y+3z-6=0. C. x-2y+3z+6=0. D. x+2y+3z-2=0.
Trong khong gian vé6i hé toa dd Oxyz , cho mit phang (P):x—2y+z—5=0. Diém nao dudi day
thude (P)?

A. P(0;0;-5). B. M (1;1;6). C. 0(2;-15). D. N(-5;0;0).

Trong khong gian Oxyz, mit phang di qua diem M (1;—1;1), N(2;1;2) va song song véi truc

Oz c6 phuong trinh la
A. x+2y+z=0. B. 2x-y-3=0. C.x+2y+z-6=0. D.2x—y+5=0.

PHAN II. Ciu tric nghiém ding sai. Thi sinh tra 10i tir cau 1 dén céu 2. Trong mdi ¥ a), b), ¢), d) & mdi

Cau 1:

Cau 2:

cau, thi sinh chon ding hodc sai.
Cho ham s6 y = f(x) lién tuc trén R, d0 thi ham s6 (C): y = f'(x) trén doan [-3;6] 1a duong
gap khuc nhu hinh vé.

v

a) ff'(x)dx =-2.

1
=

b) | /(=

o) £(2)-7(6)=4.

d) £(5)+f(-3)-2/(2)=2.
Trong khong gian véi hé truc toa dd Oxyz , cho ba diém A(1;2;-2);B(2:1;2);C(3;-2:1).

a) Phuong trinh mét phang (P) di qua ba diém 4,B,C c6 mdt véc to phap tuyén 1a
3= [45,4¢].
b) Phuong trinh mit phang (P) 1a 13x+5y—2z+27=0.

¢) Phuong trinh mit phing di qua diém A(l; 2;— 2) va nhan BC 1am véc to phap tuyén c6
dang: 1(x+1)x—3(y+2)—1(z—2)=0.

d) Phuong trinh mit phing di qua ba diém E;F;K 1an luot 14 hinh chiéu vudng goc ctia A4 1én

truc Ox;Oy; Oz c6 phuong trinh %+ % —% =1.

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 15i tir cdu 1 dén cau 4.

Cau 1:

Biédt J‘2\/;dx:a.xb +C. Tinh 5a—2b.
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Cau 3:

Cau 4:

DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

Cho ham s6 f(x) lién tuc trén R. DO thi ham s6 y = f7(x)
duoc cho nhu hinh bén. Dién tich cac hinh phfmg (K ) ,(H ) lan

5 .8 ., 19 , ‘
lugt la — va —. Bict f(—1)=—, tinh f(2) (keét qua lam tron VLK | =
12 3 12 B T Y
dén hang phc”in muoi). o H # s
Mot vat trang tri c6 dang khdi tron xoay tao thanh khi quay mién 5

(R) (phan gach chéo trong hinh v&) quay xung quanh truc 4B .
Biét ABCD 1a hinh chit nhat canh AB =3cm, AD =2cm; F 1a trung diém cia BC; diém E
cach AD mot doan bang lem .

A D
)
7
B F c

Thé tich clia vat thé trang tri trén 1a a(cm® ) (két qua lam tron dén hang phan chuc). Khi d6 a
bang

Trong khong gian Oxyz, mit phang (@) qua hai diem 4(1;2;0), B(4;1;2) va cach déu hai
diém C(-2;1;-1), D(0;-3;1) c6 dang ax+by+cz+1=0 (a<0). Tinh P=a+b+c.

PHAN IV. Ty luin

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Caiu 6:

Biét F(x) la mot nguyén ham ctia ham sé f(x)=¢™ va F(0)=0. Gid tri cia F(In3) bing
Cho ]i(f(x)—2sinx)=5 . Tinh gid tri ctia [ = ][.f(x)dx.

5 5
Thé tich cua khéi tron xoay khi cho hinh phang gidi han boi d6 thi ham s6 y=x>—4x+3 va
truc hoanh khi quay xung quanh tryc hoanh la
Mot vat chuyén dong véi gia téc a(r) = 2cost(m/ s ) , biét rang tai thoi diém bat dau chuyén
dong, vat c6 van toc bang 0. Tinh quang dudng vat di dugc tir thoi diém ¢ =0 (s) dén thoi diém
t=r(s).
Trong khong gian Oxyz, viét phuong trinh mit phang di qua ba diém A(1;0;-2), B(1;1;1),
C(0;-1;2).
Trong khong gian v6i hé truc toa d0 Oxyz,diem M (a,b,c) thuoc mat phang

(P):x+y+z-6=0 vacach déu céc diem A4(1;6;0),B(-2;2;-1),C(5;-1;3). Tinh tich abc.
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HUONG DAN GIAI CHI TIET

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Caiu 3:

Cau 4:

thi sinh chi chon m¢t phuong an.

Ham sé f(x)=e" +tan” x c6 nguyén ham la:

COS X

C. [f()dr=c"+tanx+C. D. [ f(x)dx=¢" +tanx—1+C.

Loi giai

Taco: f(x)=e'+tan’x=¢"+tan’ x+1-1=e"+———1.
cos’ x

Khi do: If(x)dX=I(ex+ 12 —lex=ex+tanx—x+C.
cos’ x

Nguyén ham ctia ham s f (x) =82 1a

x 1-2x
A. 22" In2+C. B. 8 .2 +C. C.2.In2+C. .
In8 In2

Loi giai

IS

Taco: f(x)=8"2""" =272 =2"1=22"

2X
In2

+C.

Khi d6 [ f(x)dr=[2.27dx=2.

Cho hamsb f(x)=3x" +16singcos§. Tim J.f(x)dx.

N r— B [/ (x)ar=r ~Seosx+C.

C. _[f(x)dx:x3+8cosx+C. D. Jf(x)dx:6x—8005x+C.
Loi giai
Ta c6: f(x)=3x2+16sin§cos§=3x2+8.2.sin%cos%=3x2+85inx.

3

[ £ (x)de=](3% +8sinx)dx=3jx2<bc+8jsimcdx:3.%—8cosx+c=x3 ~8cosx+C.

4

Tim nguyén ham ctia ham s6 f (x)z xx-:Z.

X1 X 2
A. jf(x)dx=?—;+c. B. jf(x)dx=?+;+c.

3

X
Loi giai
4 3

Ta co: J.f(x)dx:_[xx—jdeZJ.(x2+%jdx:x?—%+C_
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Cau 5:

Cau 6:

Cau 7:

DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

Cho F(x) 1a mét nguyén ham cia f(x) =L1 trén khoang (1+0) thoa man F(e+1) :4.
y—
Tim F( )
A2n(x-1)+2. B[ In(ES1)% C. 4In(x-1). D. In(x—1)-3.
Loi gidi

Taco F(x j—dx+c Infx—1|+C=1In(x-1)+C (vi xe(L+o0)=|x=1|=x-1).
F(e+1)=4.Taco 1+4C=4=>C=3

Vay F(x)zln(x—l)+3.

j‘[4f(x)—2x]dx:l j.f(x)dx

Cho 1 .Khi do 1 bang:
A. 3. B. 3. C.-1. D.
Loi giai
2 2 2
Ta c6 ![4f 2x]dx_1@4jf dx — 2jxdx_1@4jf 27 =1

2

<:>4If(x)dx=4<:>jf(x)dx=1

1

1
Tich phan [ = Ide c6 gié tri bang
o X+1

A. In2-1. B. —In2. C.[mn2. D.1-In2.
Loi gii
1
Taco: = [——dv _jd(x”)_l +1] =In2—In1=1In2.
o X +1 o x+1

Gia tri duong cua tham s6 m sao cho dién tich hinh phing gidi han béi db thi cia ham sd
y=2x+3 va cac dudng thang y=0,x=0,x=m bang 10 Ia

A-. B. m=5. C.m:%. D. m=1.

Loi gidi
Vi m>0 nén 2x+3>0,Vxe[0;m].

Dién tich hinh phang giéi han béi d6 thi ham s6 y =2x+3 va cac duong thang
y=0,x=0,x=m la:

=m*+3m.
0

S = T 2x+3).dx =(x +3x)
0

Theo gia thiét ta co:
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Cau 10:

Cau 11:

Cau 12:

DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

m=2
S:10c>m2+3m=10<:>m2+3m—10:0c>{ s &m=2 (do m>0).
m=-—

Tinh dién tich S cta hinh phing (H) gi¢i han béi cac dudng cong y =—x’ +12x va y=—x".
937 343 793 _397

A lS=—2 B. S="2 C.5=—" D. S
12 12 4 4

Loi giai
Xét phuong trinh hoanh d6 giao diém 2 duong cong:
x=0

X +12x=—x" @ x(x*-x-12)=0&| x=-3.
x=4

= Dién tich cin tim 1a: § = ﬂf —x’ —12x\dx - i\f —x —12x\dx+ﬂx3 e —12x\dx
e 3 0

x—4—x—3—6x2
4 3

0

x—4—x—3—6x2
4 3 _3

4

= ]).(x3—x2—12x)dx+ +
-3

]‘-(x3 —x’ —12x)dx‘ =
0

0

-99| |-160| 937
+ = )
411 3| 12
Trong khong gian Oxyz , cho diém A (1;2;—1) va mt phing (P):x=2y+3z+1=0.Mat phang

di qua A4 va song song véi mit phang (P) c6 phuong trinh la:
A, x+2y+3z+2=0. B.x-2y+3z-6=0. C. x—2y+3z+6=0. D. x+2y+3z-2=0.
Loi giai
Mit phéang (Q) song song vo&i mit phing (P) c6 phuong trinh 1a: x -2y +3z+d =0 (d #1).
Vi mit phang (0) diqua diém A(1;2;-1) néntacod: 1-2.2+3.(-1)+d =0<d =6.
Vay phuong trinh mit phang can tim 1a: x—2y+3z+6=0.
Trong khong gian véi hé toa dd Oxyz , cho mit phing (P):x—2y+z—5=0. Diém ndo duéi day
thudc (P)?
A. P(0;0;-5). B. M(L16). C. 0(2-15). D. N(-5;0;0).
Loi gii
Taco 1-2.1+6—-5=0 nén M (1;1;6) thudc mat phing (P).
Trong khong gian Oxyz , mit phang di qua diém M (L—-11), N(2;1;2) va song song v6i truc

Oz c6 phuong trinh la
A. x+2y+z=0. B. 2x—-y-3=0. C. x+2y+z-6=0. D.2x—y+5=0.

Loi giai

Ta co m(l; 2;1);]?(0; 0;1)= [m,ﬂ =(2;-1;0) 1a vécto phap tuyén cua mit phang.
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Phuong trinh mit phang di qua diém M (1;,—1;1) ¢6 véc to phép tuyén (2;-1;0) 1a:

2(x-1)-1(y+1)=0=2x-y-3=0.

PHAN II. Céu tric nghiém ding sai. Thi sinh tra 10i tir cdu 1 dén cdu 2. Trong mdi ¥ a), b), ¢), d) & mbi

cau, thi sinh chon dung hoac sai.
Cho ham s0 y = f(x) lién tuc trén R, d thi ham s6 (C):y = f'(x) trén doan [-3;6] 1a duong
gap khuc nhur hinh vé.

a) ]lf'(x)dx =-2.

0o 1
b) !f(x)dx_?

o) £(2)-£(6)=4.

Loi giai

| a)Ping | b)Sai | oSai | d)Ping |

a) Ta c6 dudng thang AB di qua 2 diém A(-3;-2), B(2;3) nén phuong trinh duong thing 4B

la

Khi d6 ff’(x)dx:f(x+1)dx:—2.

-3

’ 1 ' _1 _2
b) Ta c6 :[f(x)dx—f(x+l)dx—2.

0

c) Ta c6 duong thang BC di qua 2 diém B(2;3), £(5;0)nén phuong trinh duong thang BC 1a

Khi d6 jf'(x)dxzi(—x+5)dx=4. Vi vy f(2)—f(6)=—j'f’(x)dx=—4.

2
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2

d) Ta c6 jf’(x)dx= j(x+1)dx:§:f(2)—f(—3),

-3

5

if’(x)dp!(—x+5)dx=%=f(5)—f(2)

Viviy f(5)+f(-3)-2f(2)=2-2=2.
Cau2: Trong khong gian v6i hé truc toa do Oxyz , cho ba diém A(1;2;-2);B(2:;1;2);C(3;-2:1).
a) Phuong trinh mit phang (P) di qua ba diém 4, B,C c6 mot véc to phap tuyén 1a
5=[45,4C]
b) Phuong trinh mit phang (P) 1a 13x+5y—2z+27=0.
¢) Phuong trinh mit phang di qua diém A(1;2;—2) va nhan BC lam véc to phap tuyén c6
dang: 1(x+1)x-3(y+2)-1(z-2)=0.
d) Phuong trinh mit phang di qua ba diém E;F;K lan luot 13 hinh chiéu vudng goc ciia 4 1én

truc Ox;Oy; Oz c6 phuong trinh %-ﬁ- % I,

2
Loi giai
h) Piing | b) Sai | ¢) Sai ) Pling
a) Duing.
AB=(L-L4) . .
Vi = AB # kAC = n, =| 4B, AC |=(13;5;-2).
AC =(2;-4;3)
b) Sai.

Phuong trinh mgt phang (P) 1a 13(x—1)+5(y-2)-2(z+2)=0< 13x+5y-22z-27=0.
¢) Sai.
Phuong trinh mit phang di qua diém A4(1;2;-2) va nhan BC =(1;-3; —1) 1am véc to phap
tuyén c6 dang: 1(x—1)x-3(y-2)-1(z+2)=0.
d) Dung.
Toa do ba diém E(1;0;0); F(0;2;0); K (0;0;-2) 1an luot 12 hinh chiéu vudng goc cua
A(1;2;-2) 1én tryc, nén mat phing (EFK )c6 phuong trinh %+%—§ =1.
PHAN III. Cau tric nghiém tra 16 ngin. Thi sinh tra 10i tir cdu 1 dén cau 4.
Ciul: Biét [2Vx'dx=ax’+C. Tinh 5a—2b.
Loi giai

Tra loi: -1
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3
2" 5
a +C:ix2+C.Dodé a=%;b=§ va Sa-2b=-1.

3

Ta c6: _[2\/x_3dx=j2.x5dx=2. :
—+1

2

Cho ham s f (x) lién tuc trén R. DO thi ham sb y=f '(x) duoc cho nhu hinh bén. Dién tich

Cau 2:
, 1 2 A \ 5 \ 8 (94 19 ’ A B \
cac hinh phang (K),(H) lan lugt 1a — va 3 Biét f(—l) :E’ tinh f(2) (ket qua lam tron

dén hang phan muoi).
| |

%
() : "_J_I,-’ =
/H _-:j'.f
Loi giai
Tra loi: -0,7
5 5 5 19
=5 =/ (0)=Z+ /() =5+ =

Taco: S, =if'(x)dx=f(0)_f(_1) D

Lai cé:
i 0 8 8 )
Sy =[|£'(x)|dx==[ f'(x)dx= £ (0)- £ (2) == f@)=1(0)-5=2-3=—~-07
0 0
Mot vat trang tri c6 dang khéi tron xoay tao thanh khi quay mién (R) (phan gach chéo trong hinh
v&) quay xung quanh truc 4B . Biét ABCD 13 hinh chit nhat canh AB =3cm,AD=2cm; F 1a

Cau 3:
trung diém cua BC; diém E cach AD mdot doan béng lem .

A D

E/

C

B F

Thé tich ctia vat thé trang tri trén 1a a(cm3 ) (két qua lam tron dén hang phan chuc). Khi d6 a
bang
Loi gidi

Tra loi: 16,5
Chon hé truc Oxy ¢c6 O=A4; BeOx;DeOy.
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Ta co: 4(0;0); D(0;2); B(3;0); E(1;1)

N

D
I*\E_'F

#
i
ol
]

|
o

A = 1 B x>
Puong tron tm 7(0;1) chtra cung ED ¢ phuong trinh la: x° +(y—1)2 =1.
Nén cung trén ctia duong tron tim 7 1a: y=1++/1-x" .
Thé tich cua vat thé trang tri 1a:
1 2 3
V= ﬂJ.(1+\/1—x2 ) dx+7rJ.12dx ~16,5(cm’) .
0 1
Cau4: Trong khong gian Oxyz, mit phing (a) qua hai diém A(1;2;0), B(4;1;2) va cach déu hai
diem C(-2;1;-1), D(0;-3;1) c6 dang ax+by+cz+1=0 (a<0). Tinh P=a+b+c.
Loi giai
Tra loi: 3
Mp (a) cach déu hai diém C, D khi va chi khi CD//(a) hoac (a) di qua trung diém / cia CD.
Trudng hop 1: ()/CD.
AB=(3;-1;2), CD=(2;-4;2).
Vi mit phiang (@) qua hai diém 4, B va song song véi CD nén (a) c6 vecto phap tuyén 1a
ji=| 4B,CD |=(6;-2;-10).
Ma mp (&) qua diém A(1;2;0) nén phuong trinh ciia mt phing () la:
6(x—1)-2(y-2)-10z2=0<6x-2y-10z-2=0 < -3x+y+5z+1=0 (thoa man).
Vay P=a+b+c=-3+1+5=3.
Trwdng hop 2: () di qua trung diém 7(—1;-1;0) ctia CD.
AB=(3;-1;2), Al =(-2;-3;0).
Mit phing () qua diém A(1;2;0) va c6 mot vecto phap tuyén 1a 7 :[E,Z] =(6;—4;-11).
= phuong trinh mit phing (a) la: 6(x—1)—4(y—2)—112=0<:>6x—4y—llz+2:0

<:>3x—2y—%z+1=0 (loaivi a>0).
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PHAN IV. Ty luin

Cau 1:

Cau 2:

Cau 3:

Cau 4:

_ _
Biét F(x) 12 m6t nguyén ham cta ham s6 f(x)—e va F(O)_O. Gia tri cua F(ln3) bang
Loi giai
Ta co: F(x)= J‘e“dx _Lleic
2
Do F(O)=0:>le0+C=0:C=—l.
2 2
Vay F(x):%e“—%.
Nén F(ln3):—ez'l“3—1 _%—l=4
j(f(x)—2sinx):5 [:J.f(x)dx
Cho 3 . Tinh gia tri cia 5
Loi giai
4 T T T
Ta c6 J(f(x)—2sinx)=5:>1=.[f(x)dx=5+2Isinxdx=5—ZCosx r=8.
z z z ?
3 3 3

Thé tich ctia khéi tron xoay khi cho hinh phang gi6i han bai do thi ham sé y=x—4x+3 va

truc hoanh khi quay xung quanh tryc hoanh la

Loi giai

Xét phuong trinh hoanh d6 giao diém x> —4x+3=0< {x

Thé tich ctia khdi tron xoay khi cho hinh phing quay xung quanh truc hoanh 1a:

f ) 2 167
V:ﬂ.!.(x —4x+3) dx:F.

Mot vat chuyén dong véi gia téc a(r) = ZCost(m/ s? ) , biét rang tai thoi diém bat dau chuyén
dong, vat c6 van tde béng 0. Tinh quang duong vat di dugc tur thoi diém =0 (s) dén thoi diém
t=r(s).

Loi giai
Ta c6 w(t) :ja(r)dz :jzcoszdz =2sint+C.

Ma tai thoi diém bat ddu chuyén dong, vat ¢ van tc bang 0 nén ta c6 v(0) =0 hay C=0. Vay
v(t) =2sint.

Quéng duong vat di dugc tir thoi diém 7 =0 (s) dén thoi diém ¢ =7 (s) 1a

J'Oﬂv(t)dt = .[:2sinldt = —2cost[] =-2cos T —(~2c0s0) = 4(m).
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Cau5: Trong khong gian Oxyz, viét phuong trinh mit phang di qua ba diém A(1;0;-2), B(1;1;1),
C(0;-1;2).

Loi giai:

Ta co: AB=(0;1;3), AC = (~1;1:4) :[@,A—c}:(%—sﬂ).

Goi n la mdt vecto phap tuyén cia mit phang (ABC) ta co

nl AB ~
nén n cung phuong véi [AB AC}
nl AC

Chon n = (7;-3;1) ta dugc phuong trinh mat phang (ABC)la: 7(x—1)-3(y —0)+1(z+2) =0

< 7x-3y+z-5=0.

Chu6: Trong khong gian v6i hé truc toa do Oxyz,diém M(a,b,c) thudoc mat phang
(P):x+y+z-6=0 vacach déu céc diem A4(1;6;0),B(-2;2;-1),C(5;-1;3). Tinh tich abc.
Loi giai

a+b+c=6 a+b+c=6
Ta cé: < MA* = MB® < (a 1)2+( )2+172:(a+2)2+(b—2)2+(c+1)2
MA* = MC* (a 1) +( 6) +c* =(a=5) +(b+1) +(c=3)
a+b+c=6

<3a+4b+c=14 <<b=2=abc=6.
da—-T7b+3b=-1
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PE ON TAP KIEM TRA GIUA HQOC Ki 2
TOAN LOP 12 - PE SO 09

PHAN I. Ciu tric nghiém nhiéu phwong an lra chon. Thi sinh tra 10 tir cdu 1 dén ciu 12. M&i cau hoi

Cau 1:

Cau 2:

Ciu 6:

Cau 7:

Cau 9:

thi sinh chi chon mgt phuwong an.
Ham s F(x)=x"+1 la mot nguyén ham ctia ham s6 nao sau day?

Al f(x):%x3+x. B. f(x)=2x. C. f(x)=2x41.  D. f(x):%x3+1.
Mot chiéc 6 t6 chuyén dong véi van toc v(¢) (m/s), cé gia e a(t)=V'(¢)= til m/sz) . Biét
+

van te cia 0 t0 tai gidly thr 6 bing 6 (m/s). Tinh van toc cla 6 t0 tai gidy thir 20.

A. v=3In3. B. v=14. C.v=3In3+6. D. v=26.
1

Gia tri cua Ide bang
0

A. 5. B. 10. C. 15. D. 20.

4

: Néu T f(x)dx=37 thi j [2/(x)-3x" |dx béng

0

AL 12. B. 18. C. -27. D. 10.
Dién tich hinh phing gi6i han boi cac duong y = i " va cac duong thing x =2 va x =6 bang
—x+
A. In6+1In2+4 (dvdt). B. In3-4 (dvdt).
C. In5—4 (dvdt). D. In6+1In2—4 (dvdt).
Ham s6 F(x)=x"+6x 1a nguyén ham ctia ham s6
5
A. f(x)zx?+3x2. B. f(x)=4x"+6x.
5

C. f(x)=4x+6. D. f(x):x?+3x2+C.

. Zx : 4000 . s
Mot dam vi tring tai ngdy thir # ¢6 s0 lugng 1a N (¢) con. Biét rang N'(¢) = o5 lac dau

+0,

dam vi tring c6 250000 con. Hoi sau 10 ngay sb lugng vi tring gan véi sb nao sau day nhat.
A. 251000 con. B. 261000 con. C. 264334 con. D. 274334 con.

Tinh I(xz 2 Zﬁjdx, ta dugc két qua 1a:
X

3 3
AL i3] -2V +C B. X 3nx-2x +C.
3 3 3 3
x’ 4 5 x’ 4
C.?+3ln|x|+§\/x7+C. D.?—3ln|x|—§\/x7+C.

Trong khong gian Oxyz , mit phang (P):x+2y—3z+3=0 c6 mdt vecto phap tuyén 1a
A. (1;-2;3). B. (1;2;-3). C. (-1;2;-3). D. (1;2;3).
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Cau 10:

Cau 11:

Cau 12:

DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

Trong khéng gian Oxyz, cho hai diém A(1;3;-4), B(-1;1;2). Mat phing trung truc cua doan
thang AB c6 phuong trinh 1a:
A. x+y-3z-5=0. B. x-y+3z+2=0.
C.x+y-3z+10=0. D. 2x-2y+6z-11=0.
Trong khong gian Oxyz,khoang cach tr diém M(1;-3;2) dén mit phang
(a):x—2y+2z+5=0 bing

16 8 16

A, —. B. —. C.i. D. —.
3 3 3 9

Trong khong gian Oxyz, cho mit phing (&):2x+ y—3z +8 = 0. Mit phing nao sau ddy vuong
goc voi mit phang (a)?
A. x-3y4+3z-7=0. B.3x-3y+z-7=0. C. x-2y+z+8=0. D.x+2y-z-8=0.

PHAN II. Ciu tric nghiém ding sai. Thi sinh tra 10i tir cau 1 dén céu 2. Trong mdi ¥ a), b), ¢), d) & mdi

Cau 1:

cau, thi sinh chon ding hodc sai.

Mot 6 to dang chay voi van toc 16m /s thi nguodi 1ai xe bat ngo phat hién chuong ngai vat trén
duong cach d6 50m . Ngudi 1ai xe phan Gmg mot gidy sau d6 dap phanh khan cap. Tir thoi diém
d6, 6 to chuyén dong chdm dan déu voi vén tc v(¢)=-5¢+15, trong d6 ¢ la khoang thoi gian
tinh bang gidy, ké tir luc bat dau dap phanh. Goi s (t) 1a quing dudng 6 t6 di duoc trong t gidy ké
tur luc dap phanh.

2
a) Cong thirc biéu dién ham sb s(¢) 1a s(1) = —%+15t +16

b) Thoi gian ké tir khi 6 to dap phanh dén khi dimg hén bang 3 gidy.
¢) Ké tir luc dap phanh dén khi dimg han, 6 t6 con di chuyén dugc quing duong 13 38,5m .
d) Xe 0 t6 khong va cham véi chudng ngai vat.

(P):2x+2y-z+3=0 4(1;2:3)

Trong khong gian Oxyz, cho mit phang va cac diém ,

B(0;-1;2) C(1;3;-2)

s .

a) Piém 4 céch mit phang (P) mot khoang bang 5.

b) Mit phang (Q) di qua diém B va song song véi mit phang (P) c6 phuong trinh 1a
2x+2y—-z-4=0.

¢) Puong thang di qua diém A va vudng goc véi mit phang (P) ¢6 phuong trinh tham sb 1a

x=1+2¢
y=2+2t
z=3—t¢

d) Goi H (a;b;c) la hinh chiéu vudng géc ctia diém C 1én mit phang (P). Khi d6 gia tri cua
bieu thic T =a—b+9c=—4.
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PHAN III. Cau tric nghiém tra 16 ngin. Thi sinh tra 10i tir cdu 1 dén cau 4.

Cau l:

Cau 2:

Cau 4:

. 1 ‘
Cho ham sb f(x)=5x2+3x. Ho cic nguyén ham cua ham so di cho co dang

F(x)=ax’+bx*+C. Tinh tong 6a+4b.
Nham tri 4n nguoi dan dia phuong da ludn tin tuong, dong hanh voi doanh nghiép, tap doan X
da t6 chie ngay hoi cam on vao ngay 10/07/2024. Goi B(t) 1a ham s0 biéu thi s6 lugng khach
tham quan sau ¢ gio mo cira. Khi d6 toc do thay d6i lugng khach tham quan trong ngay duogc
bicu dién bang ham sd B'(¢) =4+’ — 3> + 200, trong d6 ¢ tinh bang gio (0<¢<8), B'(¢) tinh
bang khach/gio. Sau 2 gior dd co 1200 ngudi co mit. Hoi sau 6 gio lwgng khach tham quan 1a bao
nhiéu nguoi? ’ 5 M c
Cho hinh chit nhat ABCD c¢6 AB =4, AD =5. Cat hinh

chit nhat theo duong gip khac MNP  voi P
BM =2,DP=3,PN=2 va bo di phan hinh thang
vudéng MNPC (tham khao hinh bén). Goi (H) 1a phan
hinh phing con lai cta hinh chit nhét da cho sau khi cit
bo. Tinh thé tich ctia vat thé tron xoay tao thanh khi quay
(H) quanh truc AB. (két qud lam tron dén hang don vi) A D

Trong khong gian v6i hé toa 46 Oxyz , khoang cach giira mit phing (P) :x+2y+2z—-10=0 va
mit phang (Q):x+2y+2z—-3=0 bang (két qua 1am tron dén hang phén trim)

PHAN IV. Ty lun

Cau 1:

Cau 6:

X +a

trén khoang (—oo;1) théa man diéu kién

Goi F(x) la nguyén ham cua ham s6 f(x)= |
o

F(0)=1.Tim a khi F(l—e):%e2—2e.

Tinh tich phan (ex +3sin x) dx.

Sheam IR

4
Tinh J.(2\/x_3+i3jdx.
1 X

Mot vat chuyén dong véi gia toc duge cho boi ham sd a(t) = 5005(t+%j(m/s2). Luc bat
dau chuyén dong vat co van tdc 2 m/s. Tinh quing dudng vat di chuyén tir khi xuit phat dén
thoi diém vat co van toc dat gia tri 1on nhét dau tién.

Trong khong gian v6i hé truc toa d6 Oxyz, cho diém M (2;0;1). Goi 4,B 1an luot 14 hinh chiéu
clia M trén truc Ox va trén mit phang (Oyz) . Viét phuong trinh mit trung truc ctia doan AB .
Trong khong gian Oxyz , viét phuong trinh mat phang (P) di qua hai diém 4(3;2;1); B(-3;5;2)
va vudng goc v6i mit phang (Q):3x+ y+z+4=0.
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HUONG DAN GIAI CHI TIET

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 2:

Cau 3:

A. 5.

Cau 5:

thi sinh chi chon mdt phuong an.
Ham s6 F(x)=x"+1 la mot nguyén ham ctia ham s6 nao sau day?

A. f(x):éx3+x. B. f(x):2x. C. f(x):2x+1. D. f(x):%x3+1.

Loi giai
Ta co: F'(x)=(x*+1) =2x nén him sé F(x)=x’+1 13 mot nguyén him cia ham sb
£(x)=2x.

Mot chiée 6 to chuyén dong voi van toe v(t) (m/s), c6 gia tde a(t)=v'()= t% (m/s*). Biét
van te clia 6 t0 tai gidly thir 6 bing 6 (m/s). Tinh van toc clia 6 t0 tai gidy thir 20.

A. v=3In3. B. v=14. C.v=3In3+6. D. v=26.
Loi giai

3
Taco: v(t)=|a(t)dt=|—=3Inlt+1|+C.
(1)=Ja(ept=[===3mle+1
Lai co: v(6):6<:>31n7+c:6<:>c=6—31n7.
Suy ra v(20)=3In21+6-3In7=3In3+6.
Vay van tdc cta 6to tai gidy thir 20 bang 3In3+6.
1
Gia tri cua dex bang
0
B. 10. C. 15. D. 20.
Loi giai
4
Ta co J.de=5x|2=10.
2

4

: Néu j f(x)dx =37 thi [[2/(x)-3x" Jdx bing

0
B. 18. C. -27. D. 10.
Loi giai

Ta co: j[zf(x)—3x2]dx=2}f(x)dx—3jx2dx=2.37—x3 Z =74-64=10.
0 0 0

Dién tich hinh phing gi6i han boi cac duong y = *

21 va cac duong thing x =2 va x =6 bang

A. In6+1In2+4 (dvdt). B. In3—4 (dvdt).
C. In5—4 (dvdt). D. In6+1In2 -4 (dvdt).
Loi giai

Dién tich ctia phan hinh phang gidi han boi d6 thi ham s6 y = va cac duong thang x =2

—x+1

va x =6 bang j x=2 dx:j(—1+%ljdx=(—x+ln|x—1|)|z =In5-4 (dvdt).

5 —x+1 > X
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Cau 6:

Cau 7:

Cau 8:

Cau 9:

DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

Ham so F(x)=x"+6x 1a nguyén ham cua ham s6
5

A. f(x)=x?+3x2. B. f(x)=4x+6x.

5

C. f(x)=4r+6.  D. f(x)=%+3x2 +C.

Loi giai
Taco F (x)=4x"+6

N aa D, g \ KX ' 4000 .. s
Mot dam vi trung tai ngay thir # ¢6 s6 luong 12 N (¢) con. Bict rang N'(¢) = o5 lac dau
+0,

dam vi tring c6 250000 con. Hoi sau 10 ngay sb lugng vi tring gan véi s nao sau day nhat.
A. 251000 con. B. 261000 con. C. 264334 con. D. 274334 con.

Loi giai

. 4000
N(t)=[N (t)dt:jl+0,5t dr =8000.In|1+0,5¢+ C .

Luc dau c6 250000 con, suy ra N (0) =250000 = C =250000.
Vay N (¢)=8000.1In|1+0,5¢/+250000 = N (10) ~ 264334,0758..

Tinh I(ﬁ 2 Zﬁjdx, ta dugc két qua 1a:
X

3

x3

3
C. %+31n|x|+§\/x_3+c. D. ?—3ln|x|—§\/x—3+c.

Loi gidi
Ta co:

1 3 3 3
I x2+§—2x/; dx:I x2+i—2x2 dx:—x—+3ln|x|—ix2 =—x—+3ln|x|—i\/x73+C.
X X 3 3 3 3
Trong khong gian Oxyz, mat phang (P):x+2y—3z+3=0 c6 mdt vecto phap tuyén la

A. (,-2:3). B. [B255) C. (-1,2;-3). D. (1;2;3).

Loi giai

Mt vecto phap tuyén ciia mat phang (P) 1a n=(1;2;-3).

Cau 10:

Trong khéng gian Oxyz, cho hai diém A(1;3;-4), B(-1;1;2). Mat phing trung truc cua doan
thang AB c6 phuong trinh 1a:
A.BF¥JE325550] B. —x-y+3z+2=0.

C.x+y-3z+410=0. D.-2x-2y+6z-11=0.

Loi giai

Phuong trinh mit phang trung truc ctia doan thang AB nhan VIPT 7 = BA = (2; 2; —6) va di qua trung

diém 1 (0;2;—1) cua doan thang 4B la:
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2(x—=0)+2(y—=2)-6(z+1)=0

& 2x+2y—-62-10=0

& x+y-3z-5=0.

Cau1l: Trong khong gian Oxyz,khoang cach tr diem M (1;-3;2) dén mit phang

Ta co: d(M,(a))

(a):x—2y+2z+5=0 bing

AR
3

B. C.

w | oo

4 16
3 9
Loi gidi
L1-2(=3)+22+5 16
Pe(2f+22 3

Céhu 12: Trong khong gian Oxyz , cho mit phang («):2x+y—3z+8=0. Mt phang nao sau ddy vudng

gbc véi mit phing (o) ?
A. x=3y+3z-7=0. B.3x-3p+z-7=0. C. x-2y+z+8=0. D.x+2y-z-8=0.

Loi giai

Mat phang (&) 6 vécto phép tuyén @ =(2;1;-3).

Mt phang (P):3x—3y+z—7=0 c6 vécto phap tuyén n =(3;-3:1).

P)

Taco g, n, =23+1.(=3)+(-3).1=0 =n, Ln,,

) Vay () L(P).

PHAN II. Ciu tric nghiém ding sai. Thi sinh tra 10i tir cau 1 dén céu 2. Trong mdi ¥ a), b), ¢), d) & mdi

Cau 1:

cau, thi sinh chon ding hodc sai.
Mot 6 to dang chay voi van téc 16m/ s thi nguoi lai xe bat ngd phét hién chudng ngai vat trén
duong cach d6 50m . Nguoi 1ai xe phan timg mot gidy sau d6 dap phanh khan cap. T thoi diém
d6, 6 o chuyén dong chm dén déu véi vén tde v(¢)=-5¢+15, trong d6 ¢ la khoang thoi gian
tinh bang gidy, ké tir It bat dau dap phanh. Goi s(¢)1a quang duong 6 to di duogc trong t gidy ké
tur lac dap phanh.
2
a) Cong thirc biéu dién ham sb s(¢) 1a s(1) = —%ﬂs: +16
b) Thoi gian ké tir khi 6 to dap phanh dén khi dimg han bang 3 gidy.
¢) K& tir luc dap phanh dén khi dimg han, 6 t6 con di chuyén duoc quang duong 1a 38,5m .
d) Xe 6 t6 khong va cham véi chudng ngai vat.
Loi giai
| a)Sai | b)Ping | ¢)Sai | d)Ping |

a) Sai
2

Ta c6 s(z)=j(—5t+15)dz=—%+15z+c

2

Do 5(0)=0 nén C=0. Vay S(t):—%+15t

b) Dung
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O t0 dimg han khi v(¢)=0 < -5t+15=0<1=3.

¢) Sai

Quing dudng 6 t6 di chuyén duoc tir lac dap phanh dén khi dung han la:

s(3)= %‘9“5.3 =22,5(m).

d) Ping

Do trudc khi dap phanh tai xé con phan tmg mot gidy nén ké tir luc phat hién chuéng ngai dén
khi ding han 6 t6 di dugce quang dudng 13: 16+22,5 =38, 5(m) . Do d6 6 t6 khong va cham voi
chudng ngai vat.

(P):2x+2y-z+3=0 4(1;2:3)

Trong khong gian Oxyz, cho mat phang va cac diém ,

B(0;-1;2) C(1;3;-2)

Y .

a) Piém 4 c4ch mit phang (P) mot khoang bang 5.

b) Mit phang (Q) di qua diém B va song song v6i mit phang (P) c6 phuong trinh la
2x+2y—-z-4=0.
¢) Puong thang di qua diém A va vudng goc véi mit phang (P) c6 phuong trinh tham sb 1a
x=14+2¢
y=2+2t
z=3—-t¢
d) Goi H (a;b;c) la hinh chiéu vudng goc ctia diém C 1én mit phang (P). Khi d6 gia tri cua
biéu thitc T=a—b+9c=—4.

Loi giai
a) Sai.
, , : 2+4-3+3|
Kho3 ach tir diém A4 dén mat pha P)la: d(A4;(P :|—:2.
odng cach tir diém 4 dén mit phang (P) 1a ( ( )) N,

b) Sai.

Mit phing (Q) di qua diém B va song song v6i mét phang (P) nén c6 mot vecto phép tuyén
1a n=(2;2;~1) nén phuong trinh mit phing (0) la:

2x+2(y+1)—(z—2)=0<:> 2x+2y—z+4=0.

¢) bing.

Goi d la dudng thang di qua A4 va vudng goc v6i mit phang (P).

Suy ra dudng thing d co vecto chi phwong U= (2; 2; —1) va c¢6 phuong trinh tham sb la:

x=1+2¢
y=2+2t
z=3—t¢
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d) Sai.
Goi H (a;b;c) 1a hinh chiéu vudng goc cua diém C 1én mit phing (P).

Khi d6 C—H=(a—l;b—3;c+2) cung phuong voi 71(,,) =(2;2;-1).

2a+2b—c+3=0
. 612— _ ;3:C+1 9 9 599 9 .

Vay T=a—-b+9c=-7.

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 1i tir cau 1 dén cau 4.

Cau 1:

Cau 2:

Caiu 3:

Cho ham sd f(x):%x2+3x. Ho cic nguyén ham cia ham sb di cho co dang

F(x)=ax’+bx* +C. Tinh tong 6a+4b.

Loi giai
Tra loi: 7
F(x):jf(x)dxzj lx2 +3x x:lx3 +ix2 +C.

2 6 2

Toéng 6a+4b="17
Nham tri 4n nguoi dan dia phuong da ludn tin tuéng, dong hanh véi doanh nghiép, tap doan X
da t6 chirc ngay hoi cdm on vao ngay 10/07/2024. Goi B(¢) 1a ham s bicu thi s6 lugng khéch
tham quan sau ¢ gio m& ctra. Khi d6 toc do thay d6i lwong khach tham quan trong ngay dugc
biéu dién bang ham sb B'(1) =4+ —3¢* +200, trong d6 ¢ tinh bang gio (0<z<8), B'(t) tinh
bang khach/gio. Sau 2 gior da c6 1200 ngudi c6 mat. Hoi sau 6 gio lugng khach tham quan 14 bao
nhiéu nguoi?

Loi giai
Tra loi: 3072
Taco B(t)= _[B’(t)a’t =t' -1 +200/+ C,CeR. B(2)=1200=C=792.
Suyra B(t)=t"—1 +200r +792.
Sau 6 gio lugng khach tham quan 1a B(6)=3072 (nguoi).
Cho hinh chit nhat ABCD c¢6 AB =4, AD =5. Cit hinh chit nhat theo dudong gip khuc MNP
v6i BM =2, DP =3, PN =2 va bo di phan hinh thang vuéng MNPC (tham khao hinh bén).

Goi (H) 12 phan hinh phing con lai ctia hinh chit nhat da cho sau khi cét bo. Tinh thé tich cua vat
thé tron xoay tao thanh khi quay (H) quanh truc AB. (két qua lam tron dén hang don vi)

Page 8

Swu tam va bién soan



DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

M

¥. p

I\-

Loi giai
Tra loi: 235
Ta gén hé truc toa d0 Oxy nhu hinh vé.

Ty

TR T TS,

1 2

Phuong trinh dudng thang DP 1a y =5.
Duong thing NM di qua diém N (3;3) va M (4;2) nén c6 phuong trinh 1a y=-x+6.
Thé tich ctia vat thé tron xoay tao thanh khi quay (H) quanh truc 4B 1a:

3 4
V=r[5dx+x[(—x+6) dx= 2297 235,
0 3 3

Chu4: Trong khong gian v6i hé toa do Oxyz , khoang céch giita mét phang (P):x+2y+2z-10=0 va
mit phang (Q):x+2y+2z—3=0 bang (két qud 1am tron dén hang phén trim)
Loi gidi
Tra loi: 2,33
Xét mat phang (P) di qua diém 4(0;0;5) c6 véc-to phap tuyén n, =(1;2;2).
Xét mat phang (Q) c6 véc-to phap tuyén n, =(1;2;2).

Ta co %z%z%i_—l?’oza va _g cung phuong = (P)//(Q).
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0+0+2.5-3|

Vay d((P);(Q)):d(A;(Q)FW:;

PHAN IV. Ty luin

Cau 1:

Cau 3:

Cau 4:

X +a

Goi F(x) la nguyén ham cua ham sé f(x)= trén khoang (—oo;1) théa man diéu kién

x—1
F(O):l. Tim a khi F(l—e):%e2—2e.

Loi gidi
X +a a+1

=x+1+——--.
x—1 x—1

*f(x)=
If =—x *+x+(a+1)In(1-x)+C (Cla hing sd).
Do F(0)=1 nénsuyra C=1.Do d6 F(x)z%xz+x+(a+1)ln(1—x)+1.

* F(l—e):%ez—26+a+%; F(l—e):%ez—2e<:>a:—%:—3,5.

S o |y

Tinh tich phan (e" +3sin x) dx.
Loi giai

T

(e"+3sinx dx— 3cosx||2:e2—1 3(0-1)= e +2.

3
e'dx+ SJ. sin xdx = ¢e*
0

O 0 [N
O'—iN\ﬁl

4
Tinh J(Z\/)CT +i3jdx.
1 X
Loi giai
Ta co:

4 5 4 3 43 4 2 5[t
J-(2\/x73+—3]dx:'|‘(2x2 +5.x3jdx:2szdx+5'|.x3dx:2.gx2
1 X 1 1

1 1

,24

+5.x—
_2 1

4 5(1 lj_g 75 4343

=2 (32-1)-2 o=
5 2\16 5 32 160

1
Mot vat chuyén dong véi gia toc dugc cho bdi ham sb a(t) = SCOS(Z‘ +%](m/ sz). Lic bat

dau chuyén dong vat c6 van toc 2 m/s . Tinh quing dudng vat di chuyén tir khi xuat phat dén
thoi diém vat ¢ van tde dat gia tri lon nhét dau tién.

Loi giai
Van tdc cta vat duge biéu dién boi ham sb

v(t)=[a(r)dt :JSCos[t+%)dt :5sin(t+%)+C.

Khi bat dau chuyén dong, vat c6 van toc 2m/s nén ta co:

v[0+%j=2 o SSin% LCc=2=c=_L
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Caiu 5:

Ciu 6:

DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

Suyra v(t) = 55in(t+%j—%.Mé 55in(t+%] —% S%.nyvéntécdatgiétrilc’mnhétdﬁu
A . T T
tiental t+—=—f=—

6 3

Khi d6, quing duong vat di duwoc tr khi xudt phat dén thoi diém t=§ 1a

z
3

N

Trong khong gian véi hé truc toa 46 Oxyz, cho diém M (2;0;1). Goi 4,B lan luot 14 hinh chiéu

3
=ﬂ—£z3,8(m).
26

clia M trén truc Ox va trén mit phang (Oyz) . Viét phuong trinh mit trung tryc cta doan 4B .
Loi gidi
A 13 hinh chiéu cua M (2;0;1) trén tryc Ox néntacod A(2;0;0).

B 1a hinh chiéu cua M (2;0;1) trén mit phang (Oyz) nén ta cé B(0;0;1).
o 2 . 1
Goi [ latrung diém AB . Taco I(l; O;EJ.

Mat trung truc doan 4B diqua / vanhéan BA= (2; 0; —1) lam véc to phap tuyén nén co
1
phuong trinh 2(x—1)—1(z—5j=0 & 4x-2z-3=0.

Trong khong gian Oxyz , viét phuong trinh mit phang (P) di qua hai diém A4(3;2;1); B(-3;5;2)
va vudng goc v6i mit phang (Q):3x+y+z+4=0.

Loi giai
+) Ta ¢6: AB =(-6;3;1)
ny =(311)
+) Vi mit phiang (P)di qua 2 diém A4; B va vudng goc voi mit phing (Q)
=n, = 4B;n, |=(2;9;-15)
+) Phuong trinh mit phang (P) 1a:
2(x=3)+9(y-2)-15(z—-1)=0

< 2x+9y-152-9=0
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PE ON TAP KIEM TRA GIUA HQOC Ki 2
TOAN LOP 12 - PE SO 10

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

thi sinh chi chon mgt phuwong an.
Tim nguyén ham F(x)= I(x +sinx)dx biét F(0)=19.
A. F(x)=x"+cosx+20. B. F(x)=x"—cosx+20.

C.F(x):%xz—cosx+20. D. F(x)z%x2+cosx+20.

2024

Tich phan 7= [ 3"dx bang
0

32024

C 32024 _1 32024 _1
In3 In3
Tinh thé tich ¥ cua vat thé gii han boi hai mat thang x =1 va x =4 biét rang thiét dién cua vat

A. (32024 —1)1n3 . B.

thé cdt boi mit phang vudng goc véi truc Ox tai diém c6 hoanh @9 x 1a (1< x <4)hinh vuéng
co canh V4 —x.

A. 7. B. 8. C.9. D. 10.

Cho F(x) 1a mdt nguyén ham ctia ham sé f(x) = e* +2x thoa man F(0)=%. Tim F(x)?
x 2 1 x 2 5

A. F(x)=¢"+x +5. B. F(x)=¢"+x +5.
X 2 3 X 2 l

C. F(x)=¢"+x +E. D. F(x)=2¢"+x —E.

3
Biét F(x)=x" la mdt nguyén ham cua ham sé f(x) trén R. Gid trj ctia J. [1+ f(x)]dx bang
1

A. 10. B. 8. C.é. D.E.

3 3
Mot qua bong dugc ném 1én tor do cao 24,5 m vo1 van tdc duoc tinh boi cong thtrc:
v(t) =-9,8t+19,6 (m/s). Cong thurc tinh do cao ctiia qua bong theo thoi gian ¢.
A. h(t)=-4,9¢> +19,6¢ B. h(t)=—4,9t> +19,6t + 24,5
C. h(t)=-4,9¢ +19,6t+5 D. h(t)=-4,9¢ +19,6t+C
Tim: I (1+tan” x)dx

A. tanx B. x+tanx+C C. cotx+C D. tanx+C
2 4 4

Cho ham s6 £ (x) lién tuc trén R vaco [ f(x)dx=9; [ f(x)dx =4. Tinh I = [ £(x)dx.
0 2 0

A. I=5. B. 1=36. C.I:E. D. I=13.

4
Thé tich khi tron xoay tao thanh khi cho hinh phang gi6i han bai do thi ham sé £ (x)=+/x , truc
hoanh va hai duong thang x = 0;x =4 quay quanh truc Ox la

A. ﬂjx/;dx. B. ﬂjxdx. C. j&dx.
0 0 0

xdx.

=
O C—
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Cau 10:

Cau 11:

Cau 12:

DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

Trong khong gian Oxyz, cho diém A(1;2;3). Mit phang chira diém 4 va truc Oz c6 phuong

trinh 1a
A. 2x—-y=0. B. x+y-z=0. C.3y-2z=0. D. 3x—z=0v0 sd.

Trong khong gian véi hé toa d6 Oxyz, cho mit phang (P) c6 phuong trinh:
mx+(m—-1)y+z-10=0 va mit phing (Q):2x+y—2z+3=0. Vi gia tri ndo cua dudi day
cia m thi (P) va (Q)vudng goc véi nhau

A.m=-2. B. m=2. C.m=1. D. m=-1.

Trong khong gian Oxyz , mit phing di qua diém M (1;—1;1), N(2;1;2) va song song véi truc

Oz ¢6 phuong trinh la
A. x+2y+z=0. B. 2x—-y-3=0. C.x+2y+z-6=0. D. 2x—y+5=0.

PHAN II. Céu tric nghiém ding sai. Thi sinh tra 10i tir cdu 1 dén cdu 2. Trong mdi ¥ a), b), ¢), d) & mbi

Cau 1:

Cau 2:

cau, thi sinh chon dung hoac sai.
Mot vat chuyén dong trong 3 gid véi van tc v (km/h) phy thudc thoi gian ¢ (h). Trong khoang

thoi gian 1gio ké tir khi bat ddu chuyén dong, van tc ciand 1a v = —%tz + 5t +4; trong khoang
thoi gian con lai vat chuyén dong déu.

a) Gia toc cua vat trong khoang thoi gian 1 gid ké tir khi bit dau chuyén dong bang 0.

b) Gia tdc ctia vat trong khoang thoi gian tir 1 gio dén 3 gio bang 0.

¢) Van tdc cuia vat trong khoang thoi gian tir 1 gio dén 3 gio bang 7,75 (km/h).

d? Quing dudng ma vt chuyén dong trong khoang thoi gian 1 gio ké tir khi bat dau chuyén dong
bang 4 (km).

Trong khong gian véi hé toa d6 Oxyz, cho bén diem A(1;2;1),B(-2;1;3),C(2;-1;1) va
D(0;3;1).

a) Phuong trinh mt phang (4BC) 1a 3x+ y+5z-10=0.

b) Bén diém A4, B,C, D tao thanh tir dién.

¢) Mt phing (P) chira AB va song song véi CD c6 mdt vecto phap tuyén 1a @ = (4;-2;7).

d) C6 2 mat phing di qua 2 diém 4, B sao cho khoang cach tir C va D dén mit phang d6 bang
nhau. C4 2 mit phang nay déu di qua diém M (1;2;1).

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 4.

Cau 1:

Mot 6 t6 dang chay v6i van tde 20 m/s thi tai xé dap phanh. Sau khi dap phanh, 6 t6 chuyén dong
cham dan déu véi van tdc v(t) = —40¢ +20 (m/s), trong d6 ¢ 1a khoang thoi gian tinh bang gidy
ké tir luc bat dau dap phanh. Goi s(¢) 1a quing duong xe 6 t6 di dugce trong thoi gian ¢ gidy ké
tir luc dap phanh. Héi tir lac dap phanh dén khi dimg han, 6 t6 con di chuyén bao nhiéu mét?
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Cau 3:

Cau 4:

DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025
Tt mot tAm ton hinh chit nhat ABCD véi AB =30 cm, E c
B
55 ) . s .
AD = Tﬂ cm. Nguoi ta cat tam ton theo duong hinh sin /
M
nhu hinh v& bén dé dugc hai miéng ton. Biét AM =20 cm, N
CN =15 c¢cm, BE =57 cm. Tinh thé tich ¥ (don vi: lit)
ctia khdi tron xoay dugc tao thanh khi xoay miéng ton 16n A D

quanh truc AD . (két qua lam tron dén hang phan chuc)
Trong khong gian Oxyz, mit phing (P) qua diém A(l;—Z;—Z), vudng goc véi miat phang

) . . v 35 .
(Oxz) dong thoi khoang cach tir diem B(3;1;-3) dén (P) bang ?f . Phuong trinh mit phing
(P) codang 2x+by+cz+d =0 (d #0). Tinh P=3b+2c—d.
Trong khong gian véi hé toa 4o Oxyz cho mit phing («) di qua diém M (1;2;3) va cét céc tia
Ox, Oy, Oz 1an luot tai 4, B,C sao cho do dai O4, OB, OC theo thit ty 1ap thanh cdp s6 nhan

c6 cong boi bing 3. Phuong trinh mat phang () c6 dang Ax+By+z+D=0, (4,B,DeR).
Gi4 tri cta biéu thire 4 + B+ D bing bao nhiéu?

PHAN IV. Ty lun

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cho F(x) 1a mot nguyén ham cua ham sé f(x) =3x’—¢"trén R théa min F(O) =3. Gia tri
cua F (1) bang
, ! +2 khix>1 18
Cho hamsé f(x)=1 4/’ . Tinh tich phan j F(x)dx
x*+x+1 khix<l !

Cho ham s6 y:f(x).f)é thi ham s y=["(x) la , /
duong cong trong hinh duédi. Biét rang dién tich cta

cac phan hinh phang 4 va B lan luot 1a S =4 va
S,=10. Tinh gia tri cia f(3), biét gia tri cua

£(0)=2.

y=f'(z)

Mot binh chira nude c6 dang nhu hinh dang nhu hinh

v&. Biét rang khi nudc trong binh c6 chidu cao /
2

x (dm) (0 <x <6) thi mdt nude 1a hinh vuong c6 canh ,[2+ % (dm) . Tinh dung tich cta binh.

& dm
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Cau 5:

Cau 6:

DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

Trong khong gian voi hé truc toa dd Oxyz . Viét phuong trinh tong quat ciia mit phiang (P) di
qua diém M (2;-1;0) va c6 cdp vécto chi phuong la G = (2;1;3),5 =(1;1;2).

Trong khong gian v6i hé truc toa do Oxyz, cho mit phing (P) di qua giao tuyén cuia hai mt
phing (o,):3x-y+z-2=0,(e,):x+4y-5=0 va song song v&i mit phang
(et;):2x+21y—z+7=0. Viét phuong trinh ctia mit phang (P).
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HUONG DAN GIAI CHI TIET

PHAN I. Cau tric nghi¢m nhiéu phwong an lya chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi

Cau 1:

Cau 2:

Cau 3:

Cau 5:

thi sinh chi chon m¢t phuong an.
Tim nguyén ham F(x)= J-(x +sinx)dx biét F(0)=19.

A. F(x)=x"+cosx+20. B. F(x)=x"—cosx+20.
C. F(x)=%x2—cosx+20. D. F(x)=%x2+cosx+20.
Loi giai

2

Ta co: F(x)=_[(x+sinx)dx =x?—cosx+C

2

Ma F(0)=19 < —1+C=19 < C=20 :F(x):%—cosxuo

2024

Tich phan I = J. 3*dx bang
0

2024 320 2024 32 1
A. (37 -1)in3. B. . C. 3% _1. D. .
In3 — In3
Loi giai
2024 3 2024 32024 _ g
Tacod [ = j 3dx = =
) In3|, In3

Tinh thé tich ¥ ciia vat thé giéi han boi hai mat thing x =1 va x = 4 biét rang thiét dién ciia vat

thé cdt boi mit phang vudng goc véi truc Ox tai diém c6 hoanh dd x 1a (1< x <4)hinh vuéng

cocanh \/4—x.

A, 7. B. 8. C.9. D. 10.
Loi giai
b 4 , 4 2|4
Taco V= [Sdx = [(Va—x) dx = [(4-x)dx=| 4x-2 | =8
aco Ja‘ X !( x) X '!‘( x )dx ( X 2j1

Cho F(x) 1a mdt nguyén ham ctia ham sé f(x) = e* +2x thoa man F(O):%. Tim F(x)?
x 2 1 x 2 5
A. F(x)=e"+x +5. B. F(x)=¢"+x +E.

C. F(x):ex+x2+§. D. F(x)=2e"+x2—%.

Loi giai
Ta co F(x)=j(e"+2x)dx=e"+x2+C
Theo bai ra ta co: F(O):1+C:%:>C:%.

3
Biét F(x)=x" 1a mdt nguyén ham cua ham sé f(x) trén R. Gia tri clia I [1+ f(x)]dx bang
1

A. 10, B. 8. c. 2 p. 2.

3 3
Loi giai
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Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025

Ta c6 j[1+f(x)]dx=(x+F(x))|f =(x+x2)l3 =12-2=10.

Mot qua bong dugc ném 1én tor do cao 24,5 m vo1 van tdc duoc tinh boi cong thtc:
v(t) =-9,8t+19,6 (m/s). Cong thurc tinh dd cao ctiia qua bong theo thoi gian ¢.

A. h(t)=-4,9t> +19,6t B. h(t)=-4,9¢" +19,6t+24,5
C. h(t)=-4,9t> +19,6¢t+5 D. h(t)=-4,9¢ +19,6t+C
Loi giai
Goi A(t)1a do cao ctia qua bong tai thoi diem ¢ ( A(¢) tinh theo mét, ¢ tinh theo gidy).
Khi d9, ta co: h(t) = I(—9,8t +19,6)dt = —4,9* +19,61+C
Qua bong dugc ném 1én tir d cao 24,5 m tic 1a tai thoi diém =0 thi h=24,5 hay
h(0)=24,5=C=24,5
Vay cong thitc tinh do cao A(¢) ctia qua bong theo thoi gian ¢ 1a: A(t) = —4,9t° +19,6¢+24,5
Tim: j(l +tan’ x)dx

A. tanx B. x+tanx+C C.cotx+C D. tanx+C
Loi giai

[+ tan? x)dx = [ sin x]d j dx = tanx+C
COS X COS X

4
Cho ham s& f'(x) lién tuc trén R va c6 j F(x)dx=9; j f(x)dx=4. Tinh I = [ f(x)dx.
0 2 0

A T=5. B. 1=36. c.1=% D. [=13.
Loi gidi
4 2 4
Taco [ = [ f(x)dx= [ f(x)dx+ [ f(x)dx=9+4=13.
0 0 2

Thé tich khdi tron xoay tao thanh khi cho hinh phing giéi han bai d6 thi ham s6 f (x) =/x , truc
hoanh va hai duong thang x = 0;x =4 quay quanh truc Ox la

A. ﬂ:i.\/;dx. B. ﬂixdx. C. j‘-\/;dx.
0 0 0

Loi gii
Ta c6 Thé tich khéi tron xoay tao thanh khi cho hinh phing gi6i han boi db thi ham sé £ (x) =+/x

xdx.

<
S C—

, truc hoanh va hai duong thing x=0;x=4 quay quanh truc Oxla
V= 7Z'If dx ﬂj( )dx ﬂjxdx

Trong khong gian Oxyz , cho diém A(1;2;3). Mat phang chira diém A4 va truc Oz c6 phuong

trinh 1a
A. 2x—y=0. B. x+y—-z=0. C.3y-2z=0. D. 3x—2z=0v0 sb.

Loi giai
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Goi (P) la mat phéng chtra diém A va truc Oz .

Oz di qua diém O(0;0;0) va c6 vecto chi phuong ii = (0;0;1).

Mat phang (P) c6 vecto phap tuyén 7i = [ﬁ,@] =(-2;1;0) va di qua diém O(0;0;0) nén c6 phuong

Cau 11:

Cau 12:

trinh 2x -y =0.
Trong khong gian v6i hé toa do Oxyz, cho mit phing (P) co6 phuong trinh:
mx+(m—-1)y+z-10=0 va mit phing (Q):2x+y—2z+3=0. Vi gia tri ndo cua dudi day
cia m thi (P) va (Q)vudng goc véi nhau
A.m=-2. B.m=2. C. m=1. D. m=-1.

Loi gidi

Mit phing (P): mx+(m—1)y+z-10=0 c6 VTPT n, =(m;m-1;1)

Mit phang (Q):2x+y—2z+3=0 c6 VIPT @=(2;1;—2).

Hai mit phang (P) va (Q) vudng géc c>ZL@@Z.%@m.2+(m—l).l+l.(—2) 0

&S3m-3=0m=1

Trong khong gian Oxyz, mit phang di qua diém M (1;—1;1), N(2;1;2) va song song véi truc
Oz ¢o6 phuong trinh la

A. x+2y+z=0. B. 2x-y-3=0. C.x+2y+z-6=0. D. 2x—y+5=0.

Loi gidi
Ta co: A—IN(I;2;1);/;(0;0;1) = [m,l;] =(2;-1;0) la vecto phap tuyén cia mit phang.
Phuong trinh mit phang di qua diém M (1;—1;1) c6 véc to phap tuyén (2;-1;0) la

2(x-1)-1(y+1)=0=2x—y-3=0.

PHAN II. Céu tric nghiém ding sai. Thi sinh tra 10i tir cdu 1 dén cdu 2. Trong mdi ¥ a), b), ¢), d) & mbi

Cau 1:

cau, thi sinh chon ding hodc sai.
Mot vat chuyén dong trong 3 gio voi van toc v (km/h) phu thudce thoi gian ¢ (h). Trong khoang

thoi gian 1gid ké tir khi bt dau chuyén dong, van téc ciand la v = —%tz + 5t + 4 ; trong khoang
thoi gian con lai vat chuyén dong déu.

a) Gia toc clia vat trong khoang thoi gian 1 gio ké tir khi bat dau chuyén dong bang 0.

b) Gia tbc cta vat trong khoang thoi gian tir 1 gid dén 3 gio bang 0.

¢) Van tdc cta vat trong khoang thoi gian tir 1 gio d&én 3 gio bang 7,75 (km/h).

d) Quéng dudng ma vat chuyén dong trong khoang thoi gian 1 gid ké tir khi bat dau chuyén dong
bang 4 (km).
Loi giai
| a)Sai [ b)Ping | oPing | d)Sai |

+) Gia tbc ctia vat trong khoang thoi gian 1 gio ké tir khi bat ddu chuyén dong 1a
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Cau 2:
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5
a=v=—=t+5.

2
+) Trong khoang thoi gian tir 1 gio dén 3 gio, vat chuyén dong déu nén gia téc ciia nd bang 0.
+) Van tdc ctia vat trong khoang thoi gian tir 1 gio dén 3 gio la

5

v(l)= —Z.l2 +5.1+4 =7,75 (km/h).

+) Quing dudng ma vat di chuyén trong khoang thoi gian 1 gio ké tir khi bat dau chuyén dong

1a s =jvdt =J'(—%t2 +5t+4jdt=—%t3 +%z2 +4t+C.

Vi 5(0)=0 nén C=0.Dodo, s=——1 +2 7 +41.
2 2

Vay quing duong vat di chuyén trong khoang thoi gian 1 gio ké tir khi bat dau chuyén dong 1a
s(1)= —i.l3 +§.12 +4.1 _B. 6,08 (km).
12 2 12
Trong khong gian voi hé toa dd Oxyz , cho bdn diém A(1;2;1),B(-2;1;3),C(2;-1;1) va
D(0;3;1).
a) Phuong trinh mt phang (4BC) 1a 3x+ y+5z-10=0.
b) Bén diém 4, B,C,D tao thanh tir dién.
¢) Mt phing (P) chira AB va song song v6i CD c6 mdt vecto phap tuyén 1a @ = (4;-2;7).

d) C6 2 mit phang di qua 2 diém 4, B sao cho khoang cch tir C va D dén mit phang d6 bang
nhau. Ca 2 mat phang nay déu di qua diém M (1;2;1).
Loi giai
‘ a) biang ‘ b) Ping ‘ ¢) Sai ‘ d) Pung ‘

a) Taco AB = (—3;—1;2),% =(1;-3;0) suyra [E,E} =(6;2:10).

Suy ra phuong trinh mét phing (ABC) 1a 3x+y+5z-10=0.

Ping.

b) Taco 3.0+3+5.1-10=-2£0 nén D ¢ (ABC).

Do d6 bbn diém A4,B,C, D tao thanh tt dién.

Dung.

¢) Ta c6 mit phang (P) chira AB va song song véi CD c6 mét vecto phap tuyén la

ji =| 4B,CD | = (~8;~4;-14).

Vi 7i khong cung phuong véi @ nén @ = (4;-2;7) khong la vecto phap tuyén cua (P).

Sai.

Page 8

Swu tam va bién soan



DE ON TAP KIEM TRA GK2 TOAN 12 CTM THEO FORM BGD 2025
d) Truong hop 1: (P) qua hai diém 4, B va song song véi CD, khi do:
(P) c6 vecto phap tuyén 1a [ 4B,CD | = (-8,~4;-14) va A<(P)
= (P):4x+2y+7z-15=0.
Vi4.1422+7.1-15=0 nén M <(P).
Truong hop 2: (Q) qua hai diém 4, B cit CD tai trung diém / cta doan CD.
Taco I(L11)= Z(O;—I;O), vecto phap tuyén cua (Q) 1a [E,Z] =(2;0;3) nén phuong
trinh (Q):2x+3z-5=0.
Vi 2.1+3.1-5=0 nén M (Q).

Ding.

PHAN III Cau tric nghiém tra 161 ngan. Thi sinh tra 10i tir cu 1 dén cau 4.

Cau 1:

Cau 2:

Mot 6 t6 dang chay véi van tée 20 my/s thi tai xé dap phanh. Sau khi dap phanh, 6 t6 chuyén dong

chim dén déu véi véan toe v(¢)=—40¢+20 (m/s), trong d6 ¢ 1a khoang thoi gian tinh bang gidy

ké tir lac bt dau dap phanh. Goi s(¢) 1a quang dudng xe 6 t0 di dugc trong thoi gian ¢ gidy ké

tir ltc dap phanh. Hoi tir luc dap phanh dén khi dimg han, 6 t6 con di chuyén bao nhiéu mét?
Loi giai

Tra loi: 5

Ta co: v(1)=—40r+20

= s(t) = [v(t)dt = [ (40t +20)dt = =20¢* + 20 + C = 5 () ==20¢" +20¢ +C .

Chon 1=0=5(0)=0=C=0=s(r)=-20*+20r .

Khi xe ding hdn thi v(1)=0< —40t+20=0=¢=0,5.

Tir lac dap phanh dén khi ding han, 6 t6 con di chuyén duoc:

5(0,5)=-20(0,5)" +20.0,5=5(m)

. . 55 . LA
Tt mot tam ton hinh cht nhat ABCD véi AB =30 cm, AD = Tﬂ cm. Nguoi ta cat tam ton
theo duong hinh sin nhu hinh v€ bén dé dugce hai miéng ton. Biét AM =20 cm, CN =15 cm,
BE =57 cm. Tinh thé tich ¥ (don vi: lit) cua khdi tron xoay dugc tao thanh khi xoay miéng ton
16n quanh truc AD . (két qua lam tron dén hang phan chuc)

B £ C
M /
N
A D
Loi gidi

Tra loi: 83,8
Chon h¢ truc Oxy véi don vi trén truc 1a 10 cm nhu hinh sau.
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3 B E C
M/ 3/\\&'

%

O®X N

2
A D x
0 sor
30

s 27 . < A A N . ~ v 2A ., \ I . 557
Khi d6 duong cat miéng ton hinh sin trén la d6 thi cia ham s6 y =sinx+2, 0 <x<——.

557

30
Thé tich can tim 1a ¥ =7 [ (sinx+2)" dx~83,8 lit

0
Trong khong gian Oxyz, mit phing (P) qua diem A(1;-2;-2), vudng géc véi mit phang
A N e 5 , <\ R A M 3\/g \ - <
(Oxz) dong thoi khoang cach tir diem B(3;1;-3) dén (P) bang - Phuong trinh mit phang
(P) c6dang 2x+by+cz+d =0 (d #0). Tinh P=3b+2c—d.
Loi giai

Tra loi: 46

Gia str mat phang can lap c6 mot vecto phap tuyén la Mip) = (a;b;¢), a> +b*+c* #0
Mit phéang (P) vuodng goc v6i mit phang (Oxz) :y=0 nén %.@ =0=b0=0.
(P) di qua diém A(l;—2;—2) :>(P):a(x—1)+c(z+2):O<:> ax+cz—a+2c=0.

a-d 35

N

a=2c
1la=-2c

d(Bs(P))

©5(2a-c) =9(a’ +c*) < 11a* —20ac—4c’ :Oc{

V61 a=2c¢ chon c=12a:2:>(P):2x+Z:0 (loai).
Véi lla=-2¢ chon a=2=c=-11 :>(P):2x—112—24=0 (thoa man).

Vay P=3b-2c—-d = 0—2(—11)—(—24) =46.
Trong khong gian véi hé toa dd Oxyz cho mit phing (a) di qua diém M (1;2;3) va cét cac tia
Ox, Oy, Oz lan luot tai 4,B,C sao cho d6 dai O4, OB, OC theo thir ty 1ap thanh cdp sé nhan
c6 cong bdi bang 3. Phuong trinh mit phing («) c6 dang Ax+By+z+D=0, (4,B,DeR).
Gia trj cia biéu thic 4+ B + D bang bao nhiéu?

Loi giai
Goi A(a;0;0),B(0;6;0),C(0;0;¢), diu kién a > 0;6 > 0;¢ >0

Do dai 0A4,0B,0C theo thu tu 1ap thanh cép s6 nhan co cong bdi béng 3
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Suy ra { nén A(a;0;0),B(0;3a;0),C(0;0;9q)

c=9a

OB =304 b=3a b=3a
S L
0C =30B c=3b

Khi d6 phuong trinh mét phing («) 1a: AT AP

a 3a 9Ya

Vi M(1;2;3) e (a)nén l+i+i:1<:>6:3a<::>a:2
a 3a 9a

S(a):Z+Z+ =1 (a):9x+3y+2-18=0=>A4=9,B=3,D=-18= A+B+D=-6
2 6 18

PHAN IV. Ty lun

Cau 1:

Cau 2:

Cho F(x) 12 mot nguyén ham cua ham sé f(x)=3x2 —e" trén R thoa man F(O):3. Gia tri
cua F (1) bang
Loi giai
Ta co F(x):J‘f(x)a’x:j(bc2 —ex)abc:x3 - +C.
Vi F(O):3:>—1+C=3:>C=4 suy ra F(x)=x3—ex+4.
Vay F(l)zl—e+4.
) ! +2  khix>1 16
Cho hams6 f(x) = (‘/? . Tinh tich phan I f(x)dx
x*+x+1  khix<l -

Loi gidi

Tacod: I = Tf(x)dx: j(x2 +x+1)dx+f(%+2}dx.
-1 -1 1 X

1 3 2
_[(xz +x+1)dx:(x?+x7+x]

Dfl

-1

16
160 6/ =3 X?H 1 16
I[_njdx:j[xuzjdx: 2 :[4x4+2xj =34
! ! —+1
0 4 !

Suy ra I=§+34=E.
3 3

Cho ham s6 y = f(x). D6 thi ham sb y = f"(x) 1a dudng cong trong hinh duéi. Biét ring dién
tich ciia cic phan hinh phiang 4 va B lan luot1a S =4 va S, =10.Tinh gid tri cua f (3) , biét

gia tri cua f(O) =2.
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~Y
y = f'(x)
A
m\
0 1 3 °
B
Loi giai

Ta co:
Hinh phang 4 duoc gi6i han béi do thi ham sé y = f*(x), truc hoanh y =0, tryc tung x =0
va duong thang x =1 nén dién tich hinh phang 4 la:

S, 170} = 70) = (3, = 7)1 0)

= f(1)=8,+/(0)=4+2=6.
Lai co:
Hinh phang B duoc gi6i han boi do thi ham sé y = f*(x), truc hoanh y =0, duong thing

x =1 va duong thang x =3 nén dién tich hinh phiang B la:
Sy = [ ()] dx==[1'(x) dv=~f () ==[ (3) =/ ()] =~/ (3)+ £ (1)

Suyra f(3)=f(1)~S,=6-10=—4.

Vay f (3) =—4.

Mot binh chira nuéc ¢6 dang nhu hinh dang nhu hinh v&. Biét rang khi nudc trong binh c¢6 chiéu
2

cao x (dm) (0<x<6) thi mat nudc I1a hinh vudng c6 canh |2 +% (dm) . Tinh dung tich cia

A
/ _,,1____._ff A
' : 1A

binh.

W\ 1

s 2

Loi giai
Chon truc Ox vudng gbéc véi mat day cia binh sao cho déy nho, ddy to cua binh vudng goc voi

10 dm

1Y (m
L

&

L
2 4

Ox lan lugt tai x=0 va x=6.
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2
2 2
cAor « I A \ X X
Di¢n tich mat nudc ¢ chiéu cao x la S(x)z( 2+?J =2+—.

6
X

6 6 2 3
Khi d6, dung tich ctia binh 1a 7 :IS(x)dx:I[2+ - de=(2x+f—8J =24 (dnt’).
0 0

0

Trong khong gian voi hé truc toa dd Oxyz . Viét phuong trinh tong quat ciia mit phiang (P) di
qua diém M (2;-1;0) va c6 cép vécto chi phuong 1a a = (2;1;3),15 =(L1;2).

Loi giai
Mit phing (P) c6 cdp vécto chi phuong la @ =(2;1;3),b =(1;1;2) nén cd vecto phap tuyén la
i= [E;I;} =(-1;-1;1).
Phuong trinh tong quat ciia mét phang (P) di qua diém M (2;-1;0) c6 vécto phap tuyén 1a
n=(-1;-1;1) co dang: —1(x-2)-1(y+1)+1(z-0)=0 = —x—y+z+1=0.
Trong khong gian v6i hé truc toa dd Oxyz, cho mit phang (P) di qua giao tuyén cuia hai mat
phing (e,):3x-y+z-2=0,(a,):x+4y-5=0 ~va song song véi mit phing
(3):2x+21y—z+7=0. Viét phuong trinh ciia mit phing (P) .

Loi giai

Taco: (P)//(a;)= (P):2x+2ly—z+m=0(m#=-7)
(%)ﬁx—y+z—2=0

Goi d 1a giao tuyén cia (o, );(a,) d :{(az) x+4y-5=0

3x+z-2=0
x=5=0

3x-y-2=0

— N(1;1;0)
x+4y-5=0

Cho —=%- { = M (5;0,-13) va — {

Me(P)=25+21.0—(-13)+m=0=m=-23

Ne(P)=21+21.1-0+m=0=>m=-23. Vay 2x+21y-z-23=0.
---------- HET -
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