CHIA NHOM PE THUC HANH

TT Tén trwong Nhom

1 THPT Chuyén Thai Nguyén (Nhom trudng)

2 THPT bai Tw

3  |THPT biém Thuy

4 THPT Khanh Hoa

5  |VHI-B&CA NHOM 1

6 |THPT Dwong Tw Minh

7  |THPT Dbi Can

8 |TT GDNN-GDTX huyén Pong Hy

9  |CP Nghésd I - B Qubc phong

1 THPT Chu Vin An (Nhém trudng)

2  |THPT Lwong Phud

3  |THPT bong Hy

4 THPT Ly Nam Bé

5  |THPT Binh Yén NHOM 2

6 THPT Vo Nhai

7  |THPT V6 Nguyén Giap

8 TT GDNN-GDTX huyén Dai Tu

9  |CD Cong nghé va Thuong mai




1 THPT Lwong Ngoc Quyén (Nhom trudng)

2 THPT Dao Duy Tir

3 |THPT Thai Nguyén

4 THPT Trai Cau

5  |THPT Nguyén Hué .
NHOM 3

6 THPT Hoang Qudc Viét

7 TT GDNN-GDTX TP Thai Nguyén

8 |TT GDNN-GDTX huyén Phti Luong

9 CDb Cong nghiép Viét buc

10  |Trung cap Nghé Thai Nguyén

1 THPT Lé Hong Phong (Nhém truwdng)

2 THPT Phu Binh

3 |THPT Ngb Quyén

4 TH-THCS-THPT IRIS

5  |THPT Dinh Hoa
NHOM 4

6 THPT Tran Phd

7 TT GDNN-GDTX TP Phd Yén

8  |TT GDNN-GDTX huyén Dinh Héa

9  |Trung cip DTNT tinh

10 |Cb Thuong Mai




1 THPT Gang Thép (Nhém trwdng)

2 PTVCVB

3 THPT Phé Yén

4 THPT Tran Quéc Tuin

5  |THPT Ttc Tranh NHOM 5

6 THPT Yén Ninh

7 TT GDNN-GDTX TP Séng Cong

8 |TT GDTX Tinh Thai Nguyén

9 CD Thai Nguyén

1 PT Dan toc ndi tra Thai Nguyén (Nhom truwdng)

2  |THPT Song Cong

3 THPT Lwu Nhan Chu

4  |THPT Pht Lwong

5  |THPT Lwong Thé Vinh
NHOM 6

6 THPT Bic Son

7 TT GDNN-GDTX huyén Phu Binh

8  |TT GDNN-GDTX huyén Vo Nhai

9  |TT GDNN-GDTX huyén V3 Nhai (CS1)

10 |TT GDNN-GDTX huyén V3 Nhai (CS1)




SAN PHAM NHOM I

PHAN L Tir ciu 1 dén cdu 12, m§i cAu héi thi sinh chi chon mét phwong an.
Céu 1: Nguyén ham ctia ham s6 y=2" 1a

2X
x+1

2X
In2

+C.

A.I2xdx:1n2.2”+C. B. I2xdx:2x+C. C. j2de= +C. D. j2de=

Cau 2: Cho ham s6 y = f(x) lién tyc trén doan [a;b]. Dién tich hinh phing gi6i han béi do

thi ham sd y = f(x), truc hoanh va hai dudng thdng x=a, x=b duoc tinh theo cong thirc

b b a

A. S:j|f(x)|dx. B. S=]f(x)dr. C.S=—[/f(x)dx.  D.S=[]f(x)dr.

a a b

Cau 3: Doanh thu ban hang trong 20 ngdy duoc lya chon ngiu nhién ctia mot cira hang
duoc ghi lai & bang sau (don vi: tri¢u d@)ng):

Doanh thu | [5;7) | [7;9) | [9;11) | [11;13) | [13;15)
S6 ngay 2 7 7 3 1

S6 trung binh ctia mau s6 lidu trén thudc khoang nio trong cic khoang dudi
day?

A. [7;9). B. [9; 11). C. [11; 13). D. [13; 15).

Ciu 4: Trong khong gian Oxyz, cho hai diém M (1;2;1) va N(3;1;-2). Duong thang MN cb

phuong trinh 1a
x+1 y+2 z+1 B x-1_ y-2 z-1
4 3 -1 2 a1 3
C. x—lzy—2:z—l' D. x+1:y+2:z+1'
4 3 -1 2 -1 -3
Cau 5: Cho ham s6 » = f(x) c6 bang bién thién nhu sau:
| —x —2 400
f(x) - -
—-1 400
—1
— 0

Tiém can dung cta do thi ham sé di cho 13 dudng thang c6 phuong trinh:

Ax=-1. B. y=-1. C.y=-2. D. x=-2.
Cau 6: Véi a 1a s6 thyc duong tiy ¥, log, (4a) bing

A.l-log,a. B. 1+log,a. C. 4-log,a. D. 4+log,a.

Ciu 7: Trong khong gian Oxyz, cho mit cau (S):(x-2)" +(y+1)" +(z-3)" =4. TAm ciia
(S) cb toa do la



A. (-2;1;-3). B. (—4;2;-6). C. (4-2;6). D. (2;-1;3).

Cau 8: Cho hinh chop S.4BC c6 day ABC la tam giac vuong tai B, canh bén SA vudng
gdc v6i day. Khang dinh nao sau ddy ding?
A. AC L(SBC). B. BC 1 (SAC). C. BC 1(84B). D. 4B 1 (SBC).

Ciu 9: T4p nghiém cia bit phuong trinh 2 <4 1a:
A. (—0;2] B. [0;2] C. (—»;2) D. (0;2)

Ciu 10: Cho cép s6 nhan (u,) VOl u; =2 vacong bdi ¢g=3. Tim s6 hang thtr 4 cua cip
s6 nhan?

A. 24. B. 54. C. 162. D. 48.

Cau 11: Cho hinh lap phuong 4BCD.4A'B'C'D' (minh hoa nhu hinh bén). Ménh dé nao sau
day sai?

A. AB+ AD+ AA'= AC". B. AC=AB+4D.
. |8|=[c). D. 45 =CD.

Céu 12: Cho ham s f (x) co bang xet dau cua dao ham nhu sau

T —00 -3 0 2 +0o0
f(x) + 0 — 0 + 0 —

Ham s6 d3 cho nghich bién trén khoang nao dudi day?

A. (—3;0). B. (0;+00). C. (0;2). D. (—o0;-3).

PHAN II. Thi sinh tra 1&i tir cAu 1 dén céu 4. Trong moi y a), b), c),d) & mdi ciu, thi
sinh chon dung hoac sai.
Cau 1: Cho ham s6 f(x)=sin2x—x.

(5555

b) Pao ham ciia ham s6 da cho 1a f'(x)=cos2x 1.

¢) Nghiém ctia phuong trinh f'(x)=0 trén doan {—%,g} la —% hodc %

d) Gié tri nho nhét cua £ (x) trén doan {—gﬂ -z



Cau 2: Mot 6 6 bt dau chuyén dong thang nhanh dan déu voi toe d6 v(¢) =5t (m/s);

trong d6 ¢ 1a thoi gian tinh bang gidy ké tir khi 6 t6 bat dau chuyén dong. Di dugc 6 (s)
nguoi l1ai xe phat hi¢én chudng ngai vat va phanh gap, 0 t6 tiép tuc chuyén dong cham dan
déu véi gia tbe a = -5 (m/s?).
a) Tdc d6 cua 6 6 tai thoi diém 10 (s) tinh tir lac xudt phat 13 10 (m/s).
b) Quang duong 6 td6 chuyén dong duogc trong 6 gidy dau tién la 80 m.
¢) Quang duong S (don vi: mét) ma 6 t6 chuyén dong dugc ké tur luc bat dau dap
phanh dén khi dung lai dugc tinh theo cong thiic S = J.(f (30—5¢)dt .
d) Quang duong 6 t6 chuyén dong duoc ké tur Iuc bat dau chuyén dong cho dén khi
dung lai 1a 170 m.
Céu 3: Mot cong ty ddu thau 2 dy an. Kha ning thing thiu cta du 4n 1 14 0,4 va kha ning
thang thau cua du an 2 1a 0,5. Kha nang thang thau ca 2 du an 14 0,3.
Goi A4 1a bién cd: “Thang thau dy an 17
Goi B 1a bién cb: “Théng thau du 4n 2”.
Khi do6:
a) A va B 1a hai bién cb doc lap.
b) Xéc suat dé cong ty thang thau dung 1 du 4n bang 0,7.
¢) X4c suat dé cong ty thang thau duy 4n 2 biét cong ty thang thau dy an 1 1 0,75.
d) Xac suat dé cong ty thang thau du an 2 biét cong ty khong thang thau du an 1 1a 0,25.
Cau 4: Trong khong gian v6i1 hé toa do Oxyz, mot cabin cap treo xuat phat tr diém

A(10; 3;0) va chuyén dong déu theo dudng cap co véc to chi phuong u = (2; —2;1)
(huéng chuyén dong cung chiu voi hudng véce to i véi toe do 13 4,5 (m/s); (don vi trén mdi

truc la mét).
x=10+2¢

a) Phuong trinh tham s ctia duong cap 1a: {y=3-2¢t , (teR)

z=t
b) Gia str sau thoi gian t (s) ké tir khi xuat phat (t > 0), cabin dén diém M. Khi d6 toa d6
diém M 1a M(3t + 10; =3t +3; 20).
¢) Cabin ding ¢ diém B ¢6 hoanh d6 x5 = 550, khi d6 quing dudng AB dai 800m.

d) Puong cap AB tao v6i mit phang (0xy)mdt géc 30°

PHAN IIL. Thi sinh tra 16i tir ciu 1 dén cAu 6.
Cau 1: Cho ttr dién déu ABCD c6 canh 2. Khoang céach giira hai duong thing 4B va CD
bang bao nhiéu? (Iam tron két qua dén hang phan tram).



Cau 2:
Mot nguoi dua thu Xuét phat tr buu dién ¢ vi tri A, cac

diém can phat thu nam doc cac con dudng can di qua.

Biét rang nguoi nay phai di trén moi con duong it nhat

mot 1an (dé phat duge thu cho tit ca cac diém can phat
nam doc theo con dudng d6) va cudi ciing quay lai diém
xuét phat. Do dai cac con dudng nhu hinh v& (don vi do
dai). Hoi tong quing dudng nguoi dua thu ¢6 thé di ngan

nhéat ¢6 thé 1a bao nhiéu ?

Cau 3: Khi gén hé toa dd Oxyz (don vi trén mdi truc tinh theo kildomét) vao mot san bay,
mit phang (Oxy) tring voi mit san bay. Mot may bay bay theo duong thang tr vi tri
A(5; 0; 5) dén vi tri B(10; 10; 3) va ha canh tai vi tri M(a; b; 0). Gid tri ciia a+b bang bao
nhiéu (viét két qua dudi dang sb thap phan)?

CAu 4: M6t bé chira nhién liéu hinh tru dit nam ngang, co chiéu dai 5 m, c6 ban kinh day
1m. Chiéu cao ctia muc nhién liéu 14 1,5m. Tinh thé tich phan nhién liéu trong bé (theo don
vi m’, lam tron dén chir sé thaph phdn hang phan truc).

Ciu 5: C6 hai x3 4,B cing & mot bén bo song. Khoang cach tir hai xa d6 dén bo song 1an
luot la 44" =500m, BB’ =600 m. Nguoi ta do dugc 4'B’ = 2200 m nhu hinh vé dudi day. Cac
k¥ su muén xay dung mot tram cung cap nudc sach nam bén bd séng cho ngudi dan cia hai
x4 st dung. Dé tiét kiém chi phi, cac k¥ su phai chon mot vi tri M cla tram cung cip nudc
sach d6 trén doan A'B’ sao cho tong khoang cach tir hai x4 dén vi tri M 1a nho nhét. Gia tri

nho nhit cua tong khoang cach d6 bang bao nhiéu mét? (lam tron két qua dén hang don vi).

B
A
500(m) 600(m)
2200(m)
_________________________ |
Al M B’

Ciu 6: Nguoi ta can trang tri mot kim tu thap hinh chop t&r giac déu S.4BCD canh bén
bang 200m, goc ASB=15° bang dudng gap khiic day dén led vong quanh kim ty
thap AEFGHIJKLS . Trong d6 diém L cb dinh va LS =40m. Hoi khi d6 can ding
it nhat bao nhiéu mét day dén led dé trang tri? (Iam tron dén hang don vi)



HUONG DAN GIAI

PHAN L Tir ciu 1 dén cdu 12, m&i cAu héi thi sinh chi chon mét phwong an.
Céu 1: Nguyén ham ctia ham s6 y=2" 1a

2.‘C
In2

2x
x+1

+C.

A [2dr=1n22"+C. B.[2dx=2"+C. C.[2'dx=—2+C. D.[2'dr=
Loi giai

Do theo bang nguyén ham: Ia"dx = la +C.
na

Cau 2: Cho ham sb y = f(x) x4c dinh va lién tuc trén doan [a;5]. Dién tich hinh phang gi¢i
han béi @6 thi ham sé y =/ (x), truc hoanh va hai duong thing x=a, x=>b dugc tinh theo

cong thue

A.Sz_bﬂf(x)|dx. B.Szjff(x)dx. C.S:—'Tf(x)dx. D.

S=j|f(x)|dx.
b
Loi giai

Dién tich hinh phing gi6i han bi do thi ham sé y = £ (x), truc hoanh va hai

b
duong thang x =a, x=b dugc tinh boi cong thuc: S = ”f(x)|dx.

Cau 3: Doanh thu ban hang trong 20 ngay duoc lua chon ngiu nhién ctia mot cua hang
duoc ghi lai & bang sau (don vi: triéu dong):

Doanh thu | [5;7) | [7;9) | [9;11) | [11;13) | [13;15)
S6 ngay 2 7 7 3 1

S6 trung binh ctia mau sd liéu trén thudc khoang nao trong cac khoang dudi

day?

A.[7;9). B. [9; 11). C. [11;13). D. [13; 15).
Loi giai

Bang tan s6 ghép nhom theo gi tri dai dién la

Doanh thu 5:7) | [7;9) | [9;11) | [11;13) | [13;15)
Gia tri dai dién 6 8 10 12 14
S6 ngay 2 7 7 3 1

26 + 7.8 + 7.10 + 3.12 + 1.14
20

S6 trung binh: x = 9,4

Ciu 4: Trong khong gian Oxyz, cho hai diém M (1;2;1) va N(3;1;-2). Duong thang MN cb
phuong trinh 1a



A x+1 y+2 z+1 B x-1_ y-2 z-1

4 30 -1 = 2 -1 3
C. x—lzy—2:z—l' D. x+1:y+2:z+1'
4 3 -1 2 -1 -3
Loi giai
Chon B

Tacé6 MN =(2;-1;-3).

Puong thang MN di qua diém M (1;2;1) va nhan véc-to MN = (2;-1;-3) 1am véc-

to chi phuong c6 phuong trinh 1a x2—1 =Y _12 _Zz _31 )

Cau 5: Cho ham s6 y = £ (x) c6 bang bién thién nhu sau:

| —o0 —2 +oo
f'() - -
—1 +00
f(z) \
-1

Tiém can dung cua dd thi ham sé di cho 1a dudng thang c6 phuong trinh:

Ax=-1. B. y=-1. C.y=-2. D. x=-2.
Loi giai

Chon D

Tathdy: lim f(x)=+0 va lim f(x)=—o.

x—>-2" x—>-2"
Vay tiém can dung cua ham s6 da cho la x=-2.

Ciu 6: V6i a 1a s6 thuc duong tly ¥, log, (4a) bang

A. 1-log, a. B. 1+log,a. C. 4-log,a. D. 4+log,a.
Cau 7: Trong khong gian Oxyz, cho mit cau () :(x—2)2 +(y+1)2 +(z—3)2 =4.Tam cua

(S) ¢ toaddla
A. (-21-3). B. (—4;2;-6). C. (4-2:6). D. (2;-1;3).
Loi gidi

Chon D

Mit cau (S) :(x—?_)2 +(y+1)2 +(z—3)2 =4 cotam 1(2;-1;3).
Cau 8: Cho hinh chép S.4BC c6 ddy ABC la tam giac vudng tai B, canh bén S4 vudng
gbc voi day. Khang dinh nao sau day dung?

A. AC L(SBC). B. BC1(S4C).  C.BCL(S4B).  D. ABL(SBC).

Ciu 9: T4p nghiém cia bit phuong trinh 2 <4 1a:



A. (—;2] B. [0;2] C. (—»;2) D. (0;2)

Céu 10: Cho cip sb nhan (u,) vO1 u, =2 va cong boi ¢ =3. Tim s6 hang thir 4 cua cap s6
nhan?
A. 24. B. 54. C. 162. D. 48.
Loi giai
Co u,=u.q’ =23 =54

Céu 11: Cho hinh 1ap phwong A4BCD.4A'B'C'D'. (minh hoa nhu hinh bén). Ménh dé nao sau
day sai?

A. AB+ AD+ AA'= AC". B. AC=AB+ 4D .

C. |E|=|CT)|. D. 4B=CD.
Loi giai

Chon D

Ménh d¢é sai 1a: 4B=CD, AB va CD la hai Vecto ddi nhau.

Céu 12: Cho ham s f (x) c6 bang xet dau cua dao ham nhu sau

T —00 -3 0 2 +0o0
1 (x) + 0 — 0 + 0 —

Ham sd dé cho nghich bién trén khoang nao du6i day?

A. (—3;0). B. (0;+00). C. (0;2). D. (—o0;-3).

PHAN II. Thi sinh tra 10i tir cdu 1 dén ciu 4. Trong mdi y a), b), ), d) & mdi cau, thi
sinh chon dung hoac sai.
Ciu 1: Cho ham s6 f(x)=sin2x—-x.

(555

b) Pao ham cua ham s6 dd cho 1a /"(x)=cos2x~1.

c¢) Nghiém ctia phuong trinh f'(x) =0 trén doan [—%,%} la —% hodc —.



d) Gia tri nho nhit cia f (x) trén doan {—%,g} la —%.

0 (-] =sinm)(-Z)-2 v 7{Z]-sinn-Z--Z. Ding.
b) Pao ham cta f(x)=sin2x—x la f’(x)=2cos2x-1. Sai.

¢) f'(x)=2cos2x—1 khi déf'(—%]:2cos[—§j—1:0 va f’(%)zZCos%—lzo , suy ra

x= —%;x :% 1a nghiém ctia phuong trinh f'(x) =0 trén doan [—%,%} . Pung.

d) f(x)=sin2x-x,

(2 [z Box [z .z x B x
f(_EJ_Sm(_gj_(_Ej_ 2 +6’f(6)_sm3 6 2 6

Do d6, gia tri nho nhét cia £ (x) trén doan {—%,g} la —%. Ding.

Céu 2: Mot 6 t6 bit dau chuyén dong thang nhanh dan déu véi toc do v(t) =5t (m/s);

trong d6 ¢ 1a thoi gian tinh bang gidy ké tir khi 6 t6 bat dau chuyén dong. Di dugc 6 (s)
nguoi 1ai xe phat hién chudng ngai vat va phanh gp, 6 t6 tiép tuc chuyén dong cham dan
déu véi gia tc a =—5 (m/s?).

a) Tdc d6 cua 6 6 tai thoi diém 10 (s) tinh tir lac xudt phat 13 10 (m/s).

b) Quing dudng 6 t6 chuyén dong dugc trong 6 gidy dau tién 1a 80 m.

¢) Quing dudng S (don vi: mét) ma 6 t6 chuyén dong duoc ké tir lac bat dau dap

phanh dén khi dimng lai duoc tinh theo cong thirc S = _[06 (30—5¢)dt .

d) Quing dudng 6 t6 chuyén dong duoc ké tir luc bat dau chuyén dong cho dén khi

dung lai 1a 170 m.

Loi gidi

Dung Sai Ding Sai




v(6)=30(m/s).
Téc d6 cha 6 t6 tai thoi diém 10 (s) tinh tir luc xudt phat 1a 30—5x4 =10 (m/s).
+) Quing duong 6 t0 chuyén dong duoc trong 6 gidy dau tién la

6
S, = [ 5tdr =90 (m).
0

Goi ¢, 1a thoi gian tinh bang gidy ké tir liic 6 t6 phanh gip dén luc dung lai. Ta c6:
30-5x1, =01, =6

+) Quéng dudng 6 t6 chuyén dong dugc ké tir lac bat dau dap phanh dén khi dimg
laila S = j: (30— 5¢)dt = 90 (m)

Vay quing duong 6 t6 chuyén dong duoc ké tir luc bat dau chuyén dong cho dén khi
dung lai 14 180m.

Ciu 3: Mot cong ty ddu thau 2 du an. Kha ning thing thau cta du 4n 1 14 0,4 va kha niang
thang thau cua du an 2 1a 0,5. Kha nang thang thau ca 2 du an 1a 0,3.

Goi 4 1a bién c¢6: “Théang thau du an 17

Goi B 1a bién cb: “Théng thau du 4n 2”.

Khi do:

a) 4 va B 1a hai bién c6 doc lap.

b) Xac suat dé cong ty thing thau dung 1 du 4n bang 0,7.

¢) Xac suit dé cong ty thang thau du an 2 biét cong ty thing thau dy an 113 0,75.

d) Xac sut dé cong ty thing thau dy an 2 biét cong ty khong thang thau dy an 1 13 0,25.

Loi giai

a) b) 0) d)

Sai Sai Dung Sai

a) Theo gia thiét suy ra: P(A4)=0,4; P(B)=0,5 va P(4B)=0,3
Co: P(4).P(B)=0,4.0,5=0,2+0,3= 4 va B 1a hai bién c0 khong doc 14p.

b) Goi C la bién cb: “Tha"mg thau ding 1 dy &n” = C = ABU AB ma AB va AB 1a cac bién
c6 xung khic = P(C)= P(ZB)JrP(AE)

Co: P(A4B)=P(B)-P(4B)=0,5-0,3=0,2
P(4B)=P(4)-P(4B)=0,4-0,3=0,1

Vay: P(C)=0,2+0,1=0,3



¢) Goi D 1a bién c6: “Thang thau du 4n 2 biét cong ty thang thau dy an 1” = D=B| 4

_P(4B) _03 _

Khi do: P(D)=P(B|A4)= P(4) 0a-07°

d) Goi E 1a bién c6: “Thang thau du 4n 2 biét cong ty khong thang thau du an 17
=E=B|4

o -~ P(4B) P(B)-P(4B) 05-03 02 1
Khi ds: P(£)=P(814)= p(a)  1-P(4) 1-04 06 3

Céu 4: Trong khong gian voi hé toa do Oxyz, mot cabin cap treo xuat phat tir diém
A(10; 3;0) va chuyén dong déu theo duong cap co véc to chi phuong i = (2; —2; 1)
(huéng chuyén dong cung chiéu voi hudng véce to i véi tée do 1a 4,5 (m/s); (don vi trén mdi

truc 1a mét).

x=10+2¢
Phuong trinh tham s ctia duong cap la: {y=3-2¢ , (teR)

®

z=t

b. Gia st sau thoi gian t (s) ké tir khi xudt phét (¢t > 0), cabin dén diém M. Khi d6 toa
do diém M 1a (3t +10; =3t +3; =),

c. Cabin dimg ¢ diém B c6 hoanh d6 xz = 550, khi d6 quing duong AB dai 800m.

d. Puong cap AB tao voi mit phang (Oxy)mdt géc 30°

Tra 1oi
Cau 4 a b C D
bép an Pung Dung Sai Sai

a. Phuong trinh tham s6 cta duong thang d qua A(10; 3;0) va c6 VTCP
x=10+2¢
Uu=(2;-2;1)1a: {y=3-2t, (teR)

z=t

b. Tac6 dd dai AM = vt. Vi M thudc duong thang d nén M (10 + 2m; 3 — 2m; m),
Vay AM= (2m; -2m; m) ma AM_ cung huéng véi vée to % c6 m = 0. Suy ra AM =
3m.

Vay 3m = 4,5t suyram = 1,5 ¢t. Vay (3t + 10; =3t +3; 2)

c. Tuyb, thdy khi x5 = 550 tirc ta 3t + 10 = 550 suy rs t=180 (s)
Vay AB = vt = 4,5.180 = 810 (m)

d. Tacou,, = (2; —2;1)
Mit phang (Oxy):z = 0 suy ra VTPT 1 (0; 0; 1)



—
[un|l

. N 7 .~ N 14 - 1
Goi a la goc gitra va (Oxy) tacod sina = 3

PHAN III. Thi sinh tra 1oi tir cAu 1 dén ciu 6.
Cau 1: Cho tr di¢gn déu ABCD c¢6 canh 2. Khoang cach gitra hai duong thang AB va CD
bang bao nhiéu? (1am tron két qua dén hang phan tram).
Tra loi: 1,41
Loi giai

Goi 1,J theo tht ty 13 trung diém cta 4B,CD .

‘H

&

C

Céc tam giac ABC, ABD déucod I 1a trung diém AB nén

= AB 1 (ICD),ma IJ = (ICD)= AB L 1J . (1)

AB 1 CI
AB 1 DI

Tuong tu, cac tam giac ACD, BCD déu c6 J 1a trung diém CD nén

CD 1 AJ
{ — CD L (4BJ),

CD 1 BJ
milJ c (JAB)=CD L] (2)

Tir (1) va (2) suy ra 1J 1a doan vudng goéc chung cua hai duong thang A4B,CD . Vay IJ 1a
khoang cach giita hai dudng thang 4B,CD

Ta co: Cl:#:ﬁ;uzx/cﬂ—cﬂ =3-1=2~1,41.

Cau 2:

Mot ngudi dua thu xuat phat tir buu dién & vi tri A, cac
diém can phat thu ndm doc cc con dudng can di qua.
Biét ring ngudi ndy phai di trén mdi con dudng it nhat
mét 1an (dé phat duogc thu cho tat ca cac diém can phat
ném doc theo con duong d6) va cudi cung quay lai diém
xuat phat. Do dai cac con duong nhu hinh vé& (don vi d§
dai). Hoi tong quing dudng ngudi dua thu c6 thé di ngin
nhat c6 thé 1a bao nhiéu ?

Giai




Theo so @6 duong di thdy c6 2 dinh bac 1 1a A va D nén c6 thé tim duoc mot dudng di
Euler tir A d&én D (duong nay di qua mdi canh dung mot 1an).
Mot duong Euler tir A dén D 1a: AEABEDBCD va d6 dai ctia n6 1a

6+7+8+10+9+4+5+2= 51
Puong di ngan nhat tir D dén A 1a DBA va c6 d6 dai 1a: 4+8 = 12

Viy tong quing dudng dua thu ¢ thé di ngin nhat1a 51 +12 = 63

Cau 3: Khi gén hé toa @0 Oxyz (don vi trén mdi truc tinh theo kilomét) vao mot san bay,
mat phang (Oxy) tring voi mit sdn bay. Mot may bay bay theo duong thang tir vi tri
A(5; 0; 5) dén vi tri B(10; 10; 3) va ha canh tai vi tri M (a; b; 0). Gid tri cia a+b béng bao
nhiéu (viét két qua dudi dang s6 thap phan)?
Giai.

x=5 y z-5

Phuong trinh duong thang 4B 1a: s 0 2 Vi M thudc AB nén ton tai sd thuc ¢

. : 5
sao cho M (5¢+5;10¢; —2¢+5). Ngoai ra, M thudc mat phang (Oxy) nén —2t+5=0<¢ =5
Suyra M(17, 5; 25; 0). Vay a+b=17,5+25=42,5.

Cau 4: Mot bé chira nhién liéu hinh tru dit ndm ngang, co chiéu dai 5 m, c6 ban kinh day
1m. Chiéu cao ctia muc nhién liéu 1 1,5m. Tinh thé tich phan nhién liéu trong bé (theo don
vi m*, lam tron dén chir sé thaph phdn hang phan truc).

LOI GIAI
Thé tich cua ca bé nhién ligu 1a ¥ = B-h=5z(m’).
Goi ¥, 1a thé tich phan trong nhién lidu trong bé.

Chon h¢ truc Oxy nhu hinh vé.



z 3

Vay thé tich phan nhién liéu trong bon 1a V, =V -V, = Sﬂ—[E—TJS ~ 12.6( m’ ) .

Ciu 5: C6 hai x3 4,B cing & mot bén bo séng. Khoang cach tir hai xd d6 dén bo song 1an
luot 1a 44" =500m, BB’ =600 m. Nguoi ta do dugc 4'B’ = 2200 m nhu hinh vé dudi day. Cac
k¥ su muén xay dung mot tram cung cap nudc sach nam bén bd séng cho ngudi dan cia hai
xa st dung. Dé tiét kiém chi phi, cac k¥ su phai chon moét vi tri M cua tram cung cép nuoc
sach d6 trén doan 4'B' sao cho tong khoang cach tir hai xa dén vi tri M 1a nho nhat. Gid tri
nho nhit cua tong khoang cach d6 bang bao nhiéu mét? (lam tron két qua dén hang don vi).

B

500(m) 600(m)

2200(m)

Al M B'

Loi giai
Tra 1oi: 2460
Dt 4'M = x (0 < x <2200), B'M =2200-x



Taco AM =~/x* +500°, BM = /(2200 - x)’ +600°
Khi d6 tong khoang cach tir hai xa dén vi tri M 1a:

AM + BM =Jx* +500° + /(2200 - x)’ + 600’

Xét ham sb f(x)=+x*+500° + \/(2200 ~x)" +600* trén khodng (0;2200)

Pao ham f'(x)=————- 2200_2x =0 < x=1000
VA 4500 (2200 - x)’ +600°
Bang bién thién:
x 0 1000 2200
Fx) - 0 +
2780 2856

o \ /

2460

Vay gia tri nho nhat cua tong khoang cach tir hai xa d6 dén bo song 1a khoang

2460 m, tai vi tri M cach diém 4’ 1a 1000m.

Ciu 6: Nguoi ta can trang tri mot kim tu thap hinh chop t&r gidc déu S.ABCD canh bén
bang 200m, goc ASB =15° bang dudng gap khic day dén led vong quanh kim ty
thap AEFGHIJKLS . Trong d6 diém L cb dinh va LS =40m. Hoi khi d6 can dung
it nhat bao nhiéu mét day dén led dé trang tri? (Iam tron dén hang don vi)

Loi giai



Ta st dung phuong phap trai da dién
Cat hinh chop theo canh bén S4 r6i trai ra mit phang hai 1an, ta c¢6 hinh vé& sau

N

Tir d6 suy ra chiéu dai day dén led ngan nhat 1a bang AL+ LS .

Tur gid thiét vé hinh chop déu S.ABCDta cd ASL =120°.

Ta cO AL = SA* + SI* —2SA.SL.cos ZS\L =200" +40° —2.200.40.cos 120° = 49600 .
Nén AL =+/49600 = 404/31.

Vay, chiéu dai ddy dén led can it nhat 1a 40+/31 +40 ~ 262 mét.



SAN PHAM NHOM 2

PHAN L. Thi sinh tra 10i tir cAu 1 dén cAu 12. Mbi cAu héi thi sinh chi chon mjt
phwong an.

Céu 1. Nguyén ham ctia ham s6 f(x) =sinx 1a

A. cosx+C. B. sinx+C. C. —cosx+C. D. —sinx+C.
Céu 2. Dién tich hinh phang duogc gach chéo trong hinh bén bang

F

7
é% 24 ax? — 20 — 2

gy = —a 2
A. [ (-2x* +2u+4)dx. B. | (2x°-2x-4)dx.
C. .[_21(—2)62 —2x+4)dx. D. J._21(2x2+2x—4)dx.

Céu 3. C6 Ha thong ké lai dudng kinh than gd ciia mot sb cdy xoan dao 6 nim tudi duoc
trong & mot 1am trudng ¢ bang sau:

Duong kinh [40;45) [45;50) [50;55) [55;60) [60;65)
(cm)
Tan s6 5 20 18 7 3
Khoang bién thién ctia mau s6 liéu ghép nhom trén 1a
A. 25. B. 30. C.o6. D. 69.8.
x=2—-t

Ciau 4. Trong khong gian Oxyz , duong thang d:4y=1+2¢ c¢6 mdt vecto chi phuong 1a

z=3+t
A, u =(-1;2;3). B. u, =(2;1;3). C. u, =(-121). D. u, =(211).
a A A A 4x+1 |
Cau 5. Tiém can ngang ctia d6 thi ham s6 y = | la
x_
A.yzl. B. y=4. C. y=1. D. y=-1.

Cau 6. Tap nghiém cta bat phuong trinh logx >1 14

A. (10;+). B. (0;+). C. [10;+). D. (-;10).
Céu 7. Trong khong gian Oxyz, cho mit phiang (a):2x+4y—z+3=0. Vécto nao sau day
1a vécto phéap tuyén cia (a)?

A. 1 =(2;4-1). B. n, =(2;-41). C. n,=(-2:41). D. n =(241).
Cau 8. Cho hinh chép S.4BCD c6 day la hinh binh hanh tam O, SA=SC,SB=SD.
Trong cic khang dinh sau khang dinh nao ding?



A. SA1(A4BCD).  B. SO L(4BCD). C. SC L(ABCD). D. SB1(A4BCD).

Ciau 9. Nghiém ctia phuong trinh log, (x—1)=3 la
A. x=10. B. x=8. C. x=9. D. x=7.

Cau 10. Cho cap s6 nhan (u,) v6i u, =3 va cong bdi ¢ =2. Gia trj clia u, bang

A. 8. B.9. C. 6. D.>.
Céau 11. Cho hinh hop 4BCD.A'B'C'D' (minh hoa hinh v&). Phét biéu ndo sau ddy 1 dtng ?

B

A.AC'=AB+ AB'+ AD .
B. DB'=DA+DD'+DC.
C.AC'=AC+AB+AD.
D. DB=DA+DD'+DC .

Céu 12. Cho ham s f (x) co bang bién thién nhu sau:

Gia tri cuc dai ctia ham sb di cho béng

A. 3. B. 2. C. -2. D. -3.
PHAN II. Thi sinh tra 10i tir cdu 1 dén ciu 4. Trong mdi y a), b), ), d) & mdi cau, thi
sinh chon dung hoac sai.

Cau 1. Cho phuong trinh lugng gidc sin2x = —% (*).

a) Phuong trinh (*) tuong duong sin 2x = sin(— %) :
b) Trong khoang (0;7) phuong trinh (*) c6 3 nghiém.

¢) Tong cc nghiém cua phuong trinh (*) trong khoang (0;7) bang 37” .

d) Trong khoang (0;7) phuong trinh (*) c6 nghiém 16n nhit bang Z—Z

Cau 2. Sy phan huy cuia rac thai hiru co c6 trong nudc s€ lam ti€u hao oxygen hoa tan trong

nuéc. Nong d6 Oxygen (mg/l) trong mot ho nude sau ¢ gio (¢ > 0) khi mot luong rac thai
15¢

9 +1°

a) Vo thoi diém 7 =1 thi ndng d6 Oxygen trong nudc 1a 3,5 (mg/1) .

hitu co bi xa vao hd dugc xap xi bdi ham sb y(r)=5-

b) Nong do Oxygen (mg/1) trong mot hd nude khong vugt qua 5(mg/l) .



¢) Vao thoi diém =0 thi néng d6 Oxygen trong nudc cao nhat.
d) Nong d6 Oxygen (mg/l) trong mot hd nude thap nhat 1a 3,5 (mg/1)

Cau 3. LSp 12A ¢6 30 hoc sinh, trong d6 ¢6 17 ban nir con lai 1a nam. C6 3 ban tén Hién, trong
d6 c6 1 ban nir va 2 ban nam. Thay gido goi ngau nhién 1 ban 1én bang.

’ A A S A \ 1
a) Xac suat dé co tén Hién la o

I3 A A 7oA A 7. A ‘A r ~ 1N 3
b) Xéc suat dé c6 tén Hieén, nhung voi dicu kién ban do nit 1a h

’ A A S A re 3 A A , \ 2
¢) Xac suat dé co tén Hién, nhung véi di€u kién ban d6 nam la E .

d) Néu thay giao goi 1 ban co tén 1a Hién 1én bang thi xac xuit dé ban d6 12 ban nir 1a %

Cau 4. Trong khong gian v&i hé toa dd Oxyz ( don vi trén mdi truc toa do 1a kilomét ),
mot may bay dang & vi tri 4(3,5;-2; 0.4) va s€ ha canh ¢ vi tri B(3,5; 5,5 ; 0) trén
duong bang EG ( Hinh v¢) :

A — 0,0

a) Puong thang AB c6 phuong trinh tham s6 12 { y =—2+7,5¢ (teR)
z=0,4-0,4¢

b) Khi may bay & vi tri D(3,5;3,25;0,12) thi may bay canh mat dat 120 m.

¢) C6 mdt 16p may dugc mod phong bdi mot mit phing («)di qua ba diém di qua ba diém
M(5;0;0), N(O' —5; 0),P(0;0;0,5). Vi tri ma may bay xuyén qua dam may dé ha canh
7 47

G55

d) Theo quy dinh an toan bay, ngudi phi cong phdi nhin théy diém dau E (3,5;4,5;0)cua
duong bang & do cao t6i thiéu 1a 120 m. Néu sau khi ra khéi ¢ddm may tdm nhin cua ngudi
phi cong 1a 900 m thi ngudi phi cong da khong dat duoc quy dinh an toan bay.

(Nguon: R. Larson and B. Edwards, Calculus 10e, Cengage 2014).

PHAN III. Thi sinh tra 19i tir cAu 1 dén céu 6.

Céau 1. Cho hinh chép tir giac déu S.4BCD , c¢6 canh day bang 2, canh bén bang 2+/2.
Tinh khoang cach giita hai duong thang 4B va SD ( két qua lam tron dén hang phan
muoi)?



Cau 2. M6t cong ty van tai can giao hang dén tt ca cac thanh phd A, B, C, D, E (hinh vé
bén dwdi). Chi phi di chuyén gifta cac thanh phd duoc mo ta trén hinh. Xe giao hang cta
cong ty xuat phat tir mot thanh phd trong nam thanh phé trén di qua tat ca cac thanh phd
con lai ding mot 1an sau d6 tré lai thanh phd ban dau. Tim chi phi thdp nhat cta xe giao

hang.
B
9
A
D

Cau 3. Khi gén hé toa dd Oxyz (don vi trén mdi truc tinh theo kilomét) vao mot san bay,
mit phang (Oxy) tring v6éi mit san bay. Mot may bay bay theo duong thang tir vi tri
A(5; 0; 5) dén vi tri B(10; 10; 3) va ha canh tai vi tri M (a; b; 0). Gia tri cia a+b bﬁng bao
nhiéu (viét két qua dudi dang s6 thap phan)?

Cau 4. Mot chiée cong c6 hinh dang 1a mot Parabol c6 khoang cach gitta hai chan cong 1a
AB =8 m. Nguoi ra treo mot tim phong hinh chit nhat c¢6 hai dinh M, Nnam trén Parabol
va hai dinh P, O nam trén mat dat (nhu hinh v&). O phan phia ngoai phong (phan khéng
t6 den) nguoi ta mua hoa dé trang tri hoa, biét MN =4 m, MO =6 m. Dién tich phan phia
ngoai phong dé trang tri hoa (phan khong t6 den) 1a bao nhiéu mét vudng? (Két qua lam
tron dén hang phan muwoi)

A Q P B

Cau 5. Nha may A chuyén san xuat mot loai san pham cho nha may B. Hai nha may thoa
thuan rang, hang thang A cung cép cho B s6 lugng san pham theo don dat hang cua B (t6i
da 100 tan san pham). Néu sb luong dit hang 13 x tdn san pham thi gid ban cho mdi san
pham la P(x)=45-0,001x"(triéu dong). Chi phi d¢ 4 san xuat x tn san pham trong mot
thang1a C(x)=100+30x triéu déng (gom 100 triéu dong chi phi c6 dinh va 30 triéu dong
cho mdi tin san pham). Nha may A ban cho B bao nhiéu tin san pham dé loi nhuan thu
duoc 13 16n nhat? (lam tron két qua dén hang phan mueoy).

Cau 6. Mot can bénh c¢6 1% déan sé mac phai. Mot phuong phap chuan doan duoc phat

trién c6 ty 1& chinh xac 1a 99%. Véi nhitng nguoi bi bénh, phuong phap nay s& dua ra két



qua duong tinh 99% sb trudong hop. Véi nguoi khong mic bénh, phuong phap nay ciing
chuan doan dung 99 trong 100 trudng hop. Néu mot nguoi kiém tra va két qua 1a duong
tinh (bi bénh), xac suit dé ngudi d6 thuc su bi bénh 13 bao nhiéu?

...HET...



SAN PHAM NHOM 2:

HUONG DAN DE:
PHAN L. Thi sinh tra 10i tir cAu 1 dén ciu 12. Mi cau héi thi sinh chi chon mét
phwong an. ’
Cau 1. Nguyén ham ctia ham s0 f(x) =sinx la
A. cosx+C. B. sinx+C. C. —cosx+C. D. —sinx+C.
Loi giai
Chon C

Nguyén ham cta ham sb f(x) =sinx 1a: —cosx +C
CAu 2. Dién tich hinh phang dugc gach chéo trong hinh bén bang

&

e
é% o a? — 20— 2

= —aZ 2
A. Ij(—2x2 +2x+4)dx . B. Jj(sz —2x—4)dx.
C. Ji(—2x2 —2x+4) dx . D. ‘[_21(2x2 +2x—4)dx.
Loi giai

Chon A

Céu 3. C6 Ha thong ké lai dudng kinh than gd ciia mot sb cdy xoan dao 6 nim tudi duoc
trong & mot 1am trudng ¢ bang sau:

Duong kinh [40;45) [45;50) [50;55) [55;60) [60;65)
(cm)
Tén s6 5 20 18 7 3
Khoang bién thién ctia mau s6 liéu ghép nhom trén 1a
A.25. B. 30. C.6. D. 69,8.
Loi giai
Chon A

Khoang bién thién ctia mau s6 liéu ghép nhom trén 1a 65— 40 = 25(cm).

x=2—-t
Cau 4. Trong khong gian Oxyz, duong thang d:{ y =1+2¢ c6 mdt vecto chi phuong 1a
z=3+¢
A i =(-1;2;3). B. 1, =(21;3). C. 1, =(~1;2;1). D. 1 = (2L1).
Loi giai

Chon C



x=2-t
d :{y =1+2¢ c6 mdt vecto chi phuong 1a u, =(~1;2;1).

z=3+t
a A oA S IV 4x+1 |
Cau 5. Tiém can ngang cua do thi ham s6 y = " la
x_
1

A.y=z. B. y=4. C.y=1. D. y=-1.

Loi giai

ChonB.

Tiém can ngang lim y= lim y = ? =4

X—>—0

Cau 6. Tap nghiém ctia bat phuong trinh logx >1 1a

A. (10;4). B. (0;+). C. [10;40). D. (-;10).
Loi giai
Chon C
x>0
logx>1< x210<:>x210.

Vay bét phuong trinh da cho c6 tap nghiém 1a [10;+0).

Céu 7. Trong khong gian Oxyz, cho mat phang (a):2x+4y—z+3=0. Vécto nao sau day
1a vécto phap tuyén cia (a)?
A n =(24-1). B. n, =(2;-41). C. n, =(-2:41). D. 1, =(2;41).
Loi giai
Chon A
Mit phang (a):2x+4y—-z+3=0 c6 mot vécto phap tuyén 1a n=(2;4;-1).

Cau 8. Cho hinh chép S.ABCD c6 day 1a hinh binh hanh tam O, S4=SC,SB =SD.

Trong cac khing dinh sau khang dinh nao dung?

A. SA1(A4BCD).  B. SO1(4BCD). C.SC L(ABCD). D. SB_1(A4BCD).
Loi giai

Chon B

Ta co O 1a trung diém cta 4C,BD



Ma S4=SC,SB=SD= SO 1 AC,SO 1L BD :>SOJ_(ABCD).

Ciau 9. Nghiém ctia phuong trinh log, (x—1)=3 la
A. x=10. B. x=8. C. x=9 D. x=7.
Loi giai
Chon C

= x=9.

x—=1>0 >1
Taco logz(x—l):3<:>{ {x

=
x-1=2"  |x=9
Cau 10. Cho cip s6 nhan (u,) véi u, =3 va cong bdi ¢ =2. Gid tri clia u, bing
A. 8. B.9. C.6. D.%.
Loi giai
Chon C
Taco: u,=u,.q=32=6.
Céu 11. Cho hinh hop ABCD.A'B'C'D' (minh hoa hinh v&). Phat biéu ndo sau day 1a ding?

B

A.AC'= AB+ AB'+ AD .

B_.D—E:erD—DHtﬁ.

C.AC'=AC+AB+ 4D .

D. DB=DA+DD'+DC .
Loi giai

Chon B

Theo quy tac hinh hp ta c6 DB' = DA+ DD'+ DC

Céu 12. Cho ham sé f (x) co bing bién thién nhu sau.

T —00 —2 3 +0o0
f(z) - 0+ 0 -
+o0

f(z) \_3/2\

—00

Gia tri cuc dai ctia ham sb da cho bﬁng

A. 3. B. 2. C. 2. D. -3.
Loi giai

Chon B

Duya vao bang bién thién, ta théy gia tri cuc dai cia ham s6 di cho 1a Yep=2.

PHAN II. Thi sinh tra 10i tir cdu 1 dén ciu 4. Trong mdi y a), b), c), d) & mdi cau, thi
sinh chon dung hoic sai.



Cau 1. Cho phuong trinh lugng gidc sin2x = —% (*).

a) Phuong trinh (*) twuong duong sin2x = sin(—%) .
b) Trong khoang (0;7) phuong trinh (*) c¢6 3 nghiém.

¢) Tong cc nghiém cua phuong trinh (*) trong khoang (0;7) bang 37” .

d) Trong khoang (0;7) phuong trinh (*) c6 nghiém 16n nhit bang Z—Z

Loi giai
| a) Ding \ b) Sai | ¢) Pung | d) sai
. 1 . . =T ,
sin2x = 5 & sin2x = sm(?) . Dung
2x="C v kox x=—Ltkn
N 76 (keZ)= 712 (keZ)
2x="" ko x=Z vkn
6 12

=T
O<—+kr<nm
12 k=1 12 .
O<x<r=> (keZ)=> = . Sai
T k=0
O<—+kr<nrm
12

Tong cac nghiém cta phuong trinh trong khodng (0;7)1a: S = % +% = 118—; = 37” Ping

Do % > 7—72[ nén phuong trinh c6 nghiém 16n nhat trong khoang (0;7) bang Z—Z Sai

Cau 2. Sy phan huy cuia rac thai hiru co c6 trong nudc s€ lam ti€u hao oxygen hoa tan trong

nude. Nong d6 oxygen (mg/l) trong mot hd nudce sau ¢ gior (¢>0) khi mot luong rac thai
15¢

9% +1°

a) Vao thoi diém ¢ =1 thi ndng d6 oxygen trong nudc 13 3,5 (mg/l) .

hitu co bi xa vao hd dugc xap xi bdi ham sb y(r)=5-

b) Nong do oxygen (mg/1) trong mot ho nude khong vuot qua 5 (mg/l) .
¢) Vao thoi diém ¢=0 thi ndng d6 oxygen trong nudc cao nhat.
d) Nong do oxygen (mg/l) trong mot hd nude thap nhat 1a 3,5 (mg/l) .

Loi giai

\ a) Dung | b) Dung \ c¢) Dung \ d) Sai \
a) Tinh: y(1)= 3,5 (mg/l)




trén nira doan [0;+0)

b) Xét y(t):5—915t

> +1
‘= 1
135715 3
Y= T =0e|
(97 +1) x = ——(loai)
3
Bang bién thién:
1
t| 0 g 40
y' - 0 +
5 ",,fs

W | e

N £ . £ . 1 5
Tt bang bién thién, ta thady min,,, y(¢) = y(gj =3 va max,.,, y(t) = y(0) =5

Vay vao cac thoi diém ¢ =0 thi ndng d6 oxygen trong nudc cao nhat va ¢ =% gio
thi nong do oxygen trong nudc thip nhét
Cau 3. L6p 12A ¢6 30 hoc sinh, trong d6 ¢6 17 ban nir con lai 1a nam. C6 3 ban tén Hién, trong

d6 c6 1 ban nit va 2 ban nam. Thiy gido goi ngiu nhién 1 ban 1én bang.

I3 A A 7 oAA A \ 1
a) Xac suat dé c6 tén Hién la 0

’ A A 7 oAA A 7. <A [N , ~ 1N 3
b) Xéc suat dé c6 tén Hieén, nhung véi dicu kién ban do nir 1a h

’ A A S A re e A ‘A ’ \ 2
¢) Xac suat dé co tén Hién, nhung véi di€u kién ban d6 nam la E .

d) Néu thay gido goi 1 ban c6 tén 1a Hién 1én bang thi xac xuat dé ban d6 1a ban nir 1a %

Loi giai

\ a) Puang \ b) sai \ ¢) Pung \ d) Sai

a) Xac suat dé thay gido goi ban d6 1én bang ¢ tén Hién 1a
Goi A 14 bién c6 “tén 1a Hién”

Goi B 1a bién c0 “ni”.

Xéc suit dé hoc sinh duoc goi ¢ tén 1a Hién 1a: P(A)= 0°T0



b) Xéc suét dé thay gido goi ban dé 1én bang c6 tén Hién, nhung voi diéu kién ban d6 nit 1a

P(A|B)

Ta co:
17
P(B):%
P(AmB):i
30
1
Dods: P(4]5)=TACE)_30_ 1

P(B) 17 17

30
¢) Goi C la bién c0 “nam”.
Xac suat dé thay gido goi ban do 1én bang c6 tén Hién, nhung vdi di€u kién ban d6 nam la

P(4|C)

Ta co:
13
C)=—2
(€)=3
P(ANC)==
2
Do ds: P(4c)=THANE) _30_2

P(C) 13 13

d) Néu thay giao goi 1 ban co tén 1a Hién 1én bang thi x4c xuit dé ban d6 13 ban nir 1a P(B | A)
1
P(ANnB) 7o
P(4) 3

33

30

Cau 4. Trong khong gian véi hé toa dd Oxyz ( don vi trén mdi truc toa d6 1 kilomét ),
mot may bay dang & vi tri 4(3,5;—-2; 0.4) va s€ ha canh & vi tri B(3,5; 5,5 ; 0) trén
duong bang EG ( Hinh v¢)




x=3,5
a) Puong thang 4B ¢ phuong trinh tham s6 12 { y =-2+7,5¢ (teR)
z2=0,4-0,4¢
b) Khi may bay & vi tri D(3,5;3,25;0,12) thi may bay cach mat dat 120 m.
¢) C6 mdt 16p may dugc md phong bdi mot mit phang (o) di qua ba diém di qua ba diém
M(5;0;0),N(0;-5; 0),P(0;0;0,5). Vi tri ma may bay xuyén qua dam may dé ha canh
7 47

0G5 §>

d) Theo quy dinh an toan bay, ngudi phi cong phai nhin thdy diém dau E(3,5; 4,5 ; 0) ctia
duong biang ¢ do cao t6i thiéu 1a 120 m. Néu sau khi ra khoi ¢ddm may tdm nhin ctia ngudi
phi cong 1a 900 m thi ngudi phi cong da khong dat duoc quy dinh an toan bay.

(Nguon: R. Larson and B. Edwards, Calculus 10e, Cengage 2014).
Loi gidi
a) Vecto chi phuong ctia duong thang 4B 13 4B = (0;7,5;—4,5).
x=3,5

Phuong trinh tham sb ctia dudng thing AB1a: { y=-2+7,5¢ (t e R) . Dung.
z=0,4-0,4¢

d) Vi D thudc duong théng AB nén D(3,5;-2+7,5d;0,4-0,4d) (d eR).Ma Dco6 do
cao 0.12 nén 0,4-0,4d =0,12 < d =0,7. Vay D(3,5;3,25;0,12) Pung.

¢) Phuong trinh mit phang (MNP) 1a §+L5+ 025 =l x—y+10z-5=0

b

Vi C thudc dudng thang 4Bnén C(3,5;-2+7,5¢;0,4—0,4c) (ceR)

Ma C thudc mit phang (NMP)nén 3,5—(—2+7,56)+10(0,4—0,46)—5:0<:>02%

S 1,22, 2%
o (2 46 115)

d) Ta co DE =+/(3,5-3.5) +(4,5-3,25 +(0-0,12)* ~1,26 (km)

Vi 900 m =0,9 km <1,26 kmnén phi cong khong nhin thdy diém E va khong dat duoc quy
dinh an toan bay. Ding

PHAN III. Thi sinh tra 10i tir cAu 1 dén ciu 6.

Cau 1. Cho hinh chép tir gidc déu S.4BCD , c6 canh day bang 2, canh bén bang 2+/2.
Tinh khoang cach giita hai duong thang AB va SD (két qud lam tron dén hang phan
muoi)?



Goi O 1a giao diém cua AC va BD
Taco AB//(SCD)=>d(A4B;SD)=d(AB;(SCD))=d(4;(SCD))=2d(0;(SCD))

Trong(ABCD) dung OM LCD=M (SOM ), dyng OH L SM =H

OH 1 SM
Ta co: = OH L (SCD)=d(0;(SCD))=OH
OH 1 CD
CooM =150 =+6; — =L+ L_T oy Y=
OH> OM*> SO° 6 7
2\/42

vay: d (AB;SD)=2d (0;(SCD))=20H = ~1,9

CAu 2: Mot cong ty van tai can giao hang den tat ca cac thanh phd A, B, C, D, E (hinh v& bén
duoi). Chi phi di chuyén gilta cac thanh phd duge mo ta trén hinh. Xe giao hang cta cong
ty xudt phat tir mot thanh phd trong nam thanh phd trén di qua tat ca cac thanh phd con lai
dung mot 1an sau d6 tro lai thanh phd ban dau. Tim chi phi thap nhat ctia xe giao hang.

Puong di Tong s6 chi phi
A>B—>C—>F—>D—>A|9+14+12+14+11=60
A>B—>FE—>C—>D—>A | 9+8+12+13+11=53
A>F—>B—>C—>D—>A[10+8+14+13+11=56
A>E—>D—>C—>B—>A|10+14+13+14+9=60
A>D—>C—>FE—>B—>A|11+13+12+8+9=53
A>D—>FEF—>C—>B—>A|11+14+12+14+9=60
Do d6, téng s6 thi thach cta dudng di nhan gia tri nho nhat 1a 53.

Cau 3: Khi gén hé toa @6 Oxyz (don vi trén mdi truc tinh theo kilomét) vao mot san bay, mit

phang (Oxy) trung voi mat san bay. Mot may bay bay theo duong thing tir vi tri A(5; 0; 5) dén



vi tri B(10; 10; 3) va ha canh tai vi tri M (a; b; 0). Gia tri cia a+b bang bao nhiéu (viét két qua
duéi dang s6 thap phan)?

Loi giai

x=5 y z-=5

s =B= 5 Vi M thudc AB nén ton tai sd thuc ¢ sao

Phuong trinh duong thang 4B la:

cho M (5¢t+5; 10t; =2t +5). Ngoai ra, M thudc mit phang (Oxy) nén —2t+5=0<¢= % Suy

ra M(17, 5; 25; 0). Vay a+b=17,5+25=42,5.

Céu 4. Mot chiée cong c6 hinh dang 1a mot Parabol c6 khoang cach giira hai chan cong 1a
AB =8 m. Nguoi ra treo mot tdm phong hinh chir nhat ¢6 hai dinh M, N nam trén Parabol
va hai dinh P, O nam trén mat dat (nhu hinh v&). O phan phia ngoai phong (phan khéng
t6 den) ngudi ta mua hoa dé trang tri hoa, biét MN =4 m, MO = 6 m. Dién tich phan phia
ngoai phong dé trang tri hoa (phan khong t6 den) 1a bao nhiéu mét vudng? (Két qua lam
tron dén hang phan muwoi)

Loi giai:

Dién tich ciia phan phia ngoai phong (phan khong to den) bang dién tich hinh gi6i han
boi parabol trir di dién tich phong hinh chit nhat MNPQ
Dién tich cta hinh chit nhat 1a: 4-6=24m"> m”.
Chon hé truc toa do Oxy nhu hinh vé.
(]

Al Q| |P\B
—4 -2 2 4

-
xr

Parabol d6i xtmg qua Oy nén c6 dang (P):y=ax’+c. Vi (P) di qua B(4;0) va N(2;6) nén
(P):y= —%xz +8.

Dién tich hinh phang gii han bai (P) vatruc Ox la



4
S:2I(—lx2+8jdx:—m2.
2

Dién tich phan phia ngoai phong dé trang tri hoa la S = S = Sywpo = %— 24 = ? ~18,7 m’.

Cau 5. Nha may 4 chuyén san xuat mot loai san pham cho nha may B. Hai nha méy thoa
thuan rang, hang thang A cung cép cho B sb luong san pham theo don dat hang cua B (t6i
da 100 tdn san pham). Néu sb luong dit hang 13 x tAn san pham thi gid ban cho mdi san
pham 1a P(x)=45-0,001x"(triéu dong). Chi phi dé 4 san xuétx tan san phdm trong mot
thangla C(x)=100+30x triéu dong (gom 100 triéu dong chi phi c6 dinh va 30 triéu dong

cho mdi tin san pham). Nha may A ban cho B bao nhiéu tin san pham dé loi nhuan thu
duoc 13 16n nhat? (1am tron két qua dén hang phan mudi).

Loi giai:

Lo1 nhuan ctia nha may A4 khi san xuat x tan san pham la:

H (x)=xP(x)-C(x)=x(45-0,001x" ) - (100 +30x) = -0,001x" +15x - 100 , 0 < x <100

H'(x) =—0,003x> +15
H'(x) =0 <-0,003x> +15=0 < x =502 (chon)

Taco: H (0)=-100, H (5032 = 50032 100, H (100) = 400

Do dé: max H (x) = H (5042 ) = 50032 =100

[0:100]
Viy nha mdy 4 nén san xut 70,’7 tafm san pham dé loi nhudn th}l duoc 1 16n nhat. 7
Cau 6. Mot can bénh c6 1% dan s6 mac phai. Mot phuong phap chuan doan dugc phat trién cé ty
1¢ chinh xéc 1a 99%. Véi nhitng ngudi bi bénh, phuong phap nay s& dua ra két qua duong tinh 99%
s6 truong hop. Vi nguoi khong mic bénh, phuong phap nay ciing chuan doan dung 99 trong 100
truong hop. Néu mot ngudi kiém tra va két qua 1a duong tinh (bi bénh), xac suit dé ngudi dé thuc
su bi bénh 1a bao nhiéu?

Loi giai

Goi A labién cd “nguoi do méc bénh”
Goi B 1a bién cb “két qua kiém tra ngudi d6 1a dwong tinh (bi bénh)”
Ta can tinh P(A | B)

P(A4).P(B|A)
P(4).P(B|A4)+P(4).P(B|A)

V6i P(A4|B)=

Ta co:

Xéc suat dé ngudi d6 mac bénh khi chua kiém tra: P(4)=1%=0,01



Do d6 xac suat dé nguoi d6 khong mac bénh khi chua kiém tra: P(Z ) =1-0,01=0,99
Xéc suat két qua duong tinh néu ngudi d6 méc bénh la: P(B|4)=99%=0,99
Xac suit két qua duong tinh néu ngudi d6 khong méc bénh 1a: P(B | A ) =1-0,99=0,01

P(A4).P(B|A) _ 0,01.0,99 _
P(A4).P(B|A)+P(4).P(B|4) 0,01.0,99+0,99.0,01

P(A|B)=

b

Xéc suit dé ngudi d6 méc bénh néu két qua kiém tra ngudi d6 1a duong tinh 13 0,5
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PHAN L. Thi sinh tra 16i tir cAu 1 dén cAu 12. Mdi cAu héi thi sinh chi chon mét phwong an.
Cau 1. Nguyén ham ciia ham s f(x)=3"la
X x+1
A. 3 +C. B. 3*In3+C. C.3+C. D. 3
— In3 x+1

CAau 2. Cho hai ham s y = f(x) va y=g(x) lién tuc trén [a;b]. Dién tich hinh phang gi¢i han

+C.

bdi dd thi hai ham s6 y = f(x), y = g(x) va hai dudng thing x=a, x=b 12
A. Sz“‘-l;[f(x)—g(x)]dx. B. S:ji|f(x)+g(x)|dx.

QS:Iz|f(x)—g(x)|dx. D. S:IZ[f(x)—g(x)]dx.
Cau 3. Diém kiém ttra 15 phut cta 16p 12A duoc cho béi bang sau:

biém [3:4) | [455) | [5:6) | [657) | [7:8) | [859) | [9;10)

SO hocsinh | 3 8 7 12 7 1 1
Tt phan vi tht nhat cia mau s6 liéu ghép nhom trén (1am tron dén hang phan tram) 1a
A. 4,84 . B. 2,10. C. 2,09. D. 6,94.

Loi giai
Mau s6 liéu ghép nhom c6 cd mau n=3+8+7+12+7+1+1=39.
Goi x,,x,,....,X;1a diém cua 39 hoc sinh va gia st day nay da dugc sap xép theo thu tu

tang dan.
’ A . I A 5 X A 1A A \ xlO + xll A A J
Tw phan vi thir nhat O, cuia mau so liéu goc la 5 Do x,y,x,, déu thudc nhom [4;5)

33
4 215 44
2

nén nhom nay chua Q,. Taco O, =4+

Pap an: A
Ciu 4. Trong khong gian véi hé truc toa do Oxyz , phuong trinh cia dudng thiang di qua diém
M (2;0;—1) va co mét vecto chi phuong a= (4;-6;2)1a

x=-2+2t x=2+2t x=4+2¢ x=-2+4t
A.y=-3t . B.{y=-3 . C.iy=-3t . D.<y=-6t
z=1+t¢ z=—1+t¢ z=2+t z=1+2¢

CAu 5. Cho ham s f(x) lién tuc trén mdi khoang (—oo; —%) va [—%;+oo) va ¢ bang bién thién nhu

hinh vé sau:



x —00 _71 +o0o
v’ + +
+o00o 2
’ //////////' /’///////)r
2 —od
Tiém can ngang clia do thi ham s6 1a dudng thang c6 phuong trinh
A.y=—%. B. x=2. C.y=2. D.x:—%.

Ciu 6. Tap nghiém cua bat phuong trinh log,, (x—1)>1 la
A,(—wymij. E;(Li]. C.£§g+wj. D.[héj.
2 2 2 2

x=1-2t
Cau 7. Trong khong gian v6i hé truc toa 0 Oxyz cho dudng thang A:{y=-1 . Vecto nao sau
z=3+t

day 1a mot vecto chi phuong ciia dudng thing A ?
A. (-2;-L1). B. (1;-1;3). C. (-2;0;1). D. (2;0;1)
Cau 8. Cho hinh chép S.4BCD c6 day ABCD la hinh vudng va S4 L (ABCD). Duong thang nao

sau day vudng goc véi duong thang S4?

B c
A. SB. B. scC. C. SD. D. BC.
Cau 9. Nghiém cua phuong trinh 2° =3 1a
A. x=log,3. B. x=log,2. C.ng. D. x=-/3
Cau 10. Mot cap s6 nhan co hai s6 hang lién tiép 1a u, =16 va u, =32. SO hang tiép theo la
A. 720. B. 81. C. 64. D. 6.

Cau 11. Cho hinh hop 4BCD.EFGH (minh hga nhu hinh bén).

Két qua phép toan AB—EH 1a



A. BD. B. AE . C. DB. D. BH .
Céu 12. Cho hams6 y = f (x)lién tuc trén [-2;3] va c6 bang xét dau nhu sau:

X -2 0 1 3
J'(x) - H - 0 4
Ham sd d3 cho dat cuc dai tai diém
A, x=-2. B. x=0. C. x=1. D. x=3.

Phan II. Thi sinh tra 16i tir cAu 1 dén cAu 4. Trong méi y a), b), ¢), d) & mdi cau, thi sinh chon
ding hoac sai.
Cau 1. Choham s0 f(x)=x—sin2x.

a) f(0)=0; f(m)=7. ’
b) Dao ham cua ham s6 da cho 1a /" (x)=1+2cos2x.
c¢) Nghiém ctia phuong trinh " (x)=0 trén doan [0;7] 1a E va -

7 3

d) Gia tri nho nhét cua ham sé d3 cho trén doan [0;7] la P
Loi gidi

a) f(0)=0-sin2.0=0 va f(7)=7z-sin2z =7 .Pung.

b) Pao ham cua f(x)=x-sin2x 1a f"(x)=1-2cos2x. Sai.

¢) f'(x)=1-2cos2x khi d()f’(%j=l—2cos2%=1—2cos%=0 va

f’[%)zl—2cos2%{:1—200s5§:0 , suy ra x=% va x:%[ 1a nghiém cua phuong trinh

f'(x)=0 trén doan [0;z]. Pung.

d) f(x)=x-sin2x, f'(x)=1-2cos2xc6 nghiém x=%, %E[O;ﬂ']

) 7 3 st 3
T d: 0 :0; =T, — == =4+ =
ac6: £(0)=0i7 (x) =i f [ £ |- 20 (3] -3,
Do d6, gi4 tri nhd nhét cia f(x) trén doan [0;7] 1a %—i Dung.

Ciu 2. Mot nha san xuét trung binh ban dwoc 1000 ti vi man hinh phang mdi tuan véi gia 14 triéu
ddng mot chiée. Mot cude khao st thi trudng chi ra rang néu cir giam gia ban 500 nghin dong, s6
lugng ti vi ban ra sé€ tdng thém khoang 100 ti vi mdi tudn. Goi x 14 s ti vi ban dugc mdi tuan, p
(triéu dong) 13 gia ban ciia mdi ti vi. Khi d6 p = p(x) duoc goi la ham cau.

a)Haim caula p = —ﬁx+l9 (tridu dong).

b) Tong doanh thu tir tién béan ti vi 1a 200 p* +3800p (triéu dong).

¢) Cong ty giam gia 4,5 triéu dong cho nguodi mua thi doanh thu cta cong ty s& 10n nhat.

d) Néu ham chi phi hing tuan 1a C(x) = 12000 — 3x (triéu dong), trong d6 x 1a s ti vi ban ra trong

tuan, nha san xuat nén dit gia ban 8 triéu dong thi lgi nhuén 13 16n nhat.



Pap sb
a) Dung
Theo gia thiét, toc d6 thay doi cta xti 16 voi tée do thay ddi ciia p nén ham sb p = p(x)la
ham s béac nhét c6 dang p=ax+b.
Giaban ti vi p, =140Gng vo1 x=1000 va gid ban ti vi p, =14-0,5=13,50Gng voi
x=1000+100=1100. Ta tim duoc p = —ﬁx+l9
b) Tir ¥ a) 6 x =3800—200p
Téng doanh thu tir tién ban tivi 14 7 = x.p =3800p —200p> = —200p> +3800p
Suy ra b) sai
¢) Pung

Doanh thu 7 1a mot ham s6 béc 2 véi hé sb @ =-200 <0 nén dat gia tri 1on nhét tai p= % =9,5.

Ttc 1 cong ty da ban mdi ti vi véi gia 14 9,5 triéu dong, hay cong ty da giam gia 4,5 triéu dong véi
khi ban méi ti vi.

d) Pung

Loi nhuan hang tudn khi ban x chiée ti vi 1a
L(x)=x.p—C(x)=-200p" +3800p —12000 +3(3800 — 200 p) = 200 p* +3200 p — 600

Lap BBT cua ham sé L (x) ta co lgi nhuan 16n nhat khi p =8 (triéu dong).

Cau 3. Mot xudng may su dung mot loai linh ki¢n dugc san xuét tir hai co s I va I1. S linh kién
do co so I san xuat chiém 61 %, s6 linh kién do co sé 11 san xuat chiém 39 %. Ti 1€ linh kién dat tiéu
chuan ctia co so I, co so 1T lan luot 14 93%, 82%. Kiém tra ngau nhién mot linh kién & xudng may.
X¢ét cac bién ¢o:

4;: “Linh kién dugc kiém tra do co s& I san xuat”;

A, : “Linh kién dugc kiém tra do co so II san xuat”;

B : “Linh kién duoc kiém tra dat tiéu chuan”.

) Xéc suat P(4)=0,61.

b) Xéc suat c6 diéu kién P(B|4,)=0,82.

¢) X4c suat P(B)=0,8871.

d) X4c suat c6 diéu kién P(4|B)=0,55.

Loi giai

Y a) |b) [c) [d)
Kétqua |D |D |D |S

a) Do P(4,)=0,61. Suy ra a) ding.



P(BN4,)
P(4,)

¢) Tacod: P(4)=0,61;P(4,)=0,39;P(B [4,)=0,93;P(B |4,)=0,82.

Theo cong thirc x4c suit toan phan, ta co:

P(B)=P(4,).P(B |4)+P(4,).P(B |4,)=0,61.0,93+0,39.0,82=0,8871.

Viy ¢) diung

b) P(B l4,)= =0,82. Do d6 b) dung

P(4)P(B14) 0,61.0,93

d) Theo cong thirc Bayes, ta ¢o: P(4, |B)= ~0,64.
) 8 Y (4 18) P(B) 0,8871

Viy d) sai
Ci:ii]l 4? Trong khong gian Oxyz (don vi trén mdi truc tinh theo mét), mot ngon hai diang duoc dit o
vi tri 1(17;20;45). Biét rang ngon hai dang d6 dugc thiét ké véi ban kinh phu sang 1a 4km .
a) Phuong trinh mit cdu dé mé ta ranh giGi bén ngoai ciia ving phi sang trén bién cta hai ding 1a
(x=17)* +(y=20)* +(z—45)> =16000000 .
b) Néu ngudi di bién & vi tri M (18;21;50) thi khong thé nhin thiy dugc 4nh sang tlr ngon hdi ding.
¢) Néu nguoi di bién & vi tri N(4019;21;44) thi c6 thé nhin thay dugc anh sang tir ngon hai dang.
d) Néu hai nguoi di bién ¢ vi tri ¢6 thé nhin thay duoc 4nh sang tir ngon hai dang thi khoang cach
gitra hai nguoi d6 khong qua 8 km

Loi giai

a)b
b) S
¢S
d)b
a) Phuong trinh mat cau tim 1(17;20;45) ban kinh R = 4km = 4000m
(x=17)% +(y—20)* + (z —45)? =16000000 suy ra ménh dé ding.

b) IM =(18—17)* +(21-20)* +(50—45)> =+/27 <16000000 . Suy ra ngudi ¢ vi tri diém
M van nhin thay anh sang tir ngon hai dang. Suy ra ménh d¢é sai
c) IN= \/(4019 —17)* +(21-20)* + (44— 45)* =/16016006 < 16000000. Suy ra nguoi & vi
tri diém N van nhin thdy anh sang tir ngon hai dang. Suy ra ménh dé dung.
d) Vi duong kinh ciia mat cau trén bang 8000m hay 8km nén hai nguoi di bién & vi tri
c6 thé nhin thdy dugc anh sang tir ngon hai dang thi khoang cach giira hai ngudi d6
khong qua 8km . Suy ra ménh d¢ diing.
PHAN III. Thi sinh tri 10i tir cAu 1 dén cdu 6.
Cau 1. Cho hinh chop S.ABCD ¢6 S4 L (ABCD), ddy ABCD l1a hinh chir nhat va 4D=6. Goc giira
canh bén SD va mit day bang 30°. Khoang cach giira hai dudng thang 4B va SD bang bao
nhiéu?

Loi giai



B
Ké 4H 1 SD,tacod AB L(SAD)= AB L AH = AH la doan vudng goc chung ctia ABva SD .

Goc gifta canh bén SD va mit day 1a goc SDA =30".
Trong tam giic vudng SAD c¢6 SA = AD.tan30° =2/3 .

AH 1a dudng cao trong tam giac vudng SAD nén AH = S44D_ _ 2436 =3.

JS4? + AD? \/(2 ﬁ)z e

Pap an: 3

Céu 2. Mot nguoi dua thu Xudt phat tir buu dién (vi tri A) va phai di qua cac con duong dé
phat thu roi quay lai buu dién. So d6 cac con duong can di qua va d6 dai cta ching (tinh theo
mét) duge biéu dién ¢ hinh v& dudi. Hoi nguoi d6 phai di nhu thé nao dé duong di 1a ngan
nhat?

A 200 B
1000 300
{ 700 %% 1500 »C
900 400
E 1600 D
Loi gidi

Do thi trén chi ¢6 hai dinh bac 1¢ 13 A va D nén ta c6 thé tim dugc mot duong di Euler tr A
dén D (duong di ndy di qua mdi canh dung mot lan).

Mot duong di Euler tir A dén D 1a AFEABEDBCD va tong d¢ dai ctia nd 13

1000 + 900 + 700 + 200 + 800 + 1600 + 1500 + 300 + 400 = 7400.

Dé quay trd lai diém xuét phat va co dudng di ngan nhat, ta can tim mot duong di ngan nhat
tir D dén A theo thuat todn gan nhin vinh vién.

Puong di ngan nhat tir D dén A 13 DCBA va ¢6 d6 dai 1a 400 + 300 + 200 = 900.

Vay mot chu trinh can tim 18 AFEABEDBCDCBA va c¢6 do dai la

7400 + 900 = 8300.

Pap an: 8300

Céu 3. Trong khong gian v6i hé toa dd Oxyz, dai kiém soat khong luu san bay co toa do 0(0;0;0),
mdi don vi trén mot truc tng v6i 1 km. May bay bay trong pham vi cach dai kiém soat 417 km s&
hién thi trén man hinh ra da. Mot may bay dang & vi tri A(-688;-185;8), chuyén dong theo dudng

thang d c6 vecto chi phuong 1 u =(91;75;0) va theo huéng vé dai khong luu. E(a;b;¢) 1 vi tri

som nhat ma may bay xuat hién trén man hinh. Tinh T=a+b+c.
Loi giai



Taco E(-688+911;,—185+751;8)vdi ¢ 0.
E 14 vi tri sém nhat ma méay bay xuét hién trén man hinh
= OF =471 < (—688+91r)" +(—185+751)" +8” =417 < 139061” —152966¢ +333744 =0

t=3
= .
=8

Vi Elavi tri sém nhat ma mdy bay xuat hién trén man hinh = =3= E(-415;40;8).
Vay a=-415b=40,c=8=a+b+c=-367

Dap an : -367

CAu 4. Mot ngudi c6 miéng ton hinh tron c6 ban kinh bang 5 (m). Ngudi nay tinh trang tri son

v& trén tAm ton do, biét mdi mét vuéng son hét 100 nghin dong. Tuy nhién can c6 mot khoang

tréng dé treo tAm ton nén ngudi nay bét lai mot phan tim ton nho khong trang tri (phan mau tring

nhu hinh vé), trong d6 4B = 6 (m).

Hoi khi trang tri xong nguoi nay hét bao nhiéu tién chi phi (don vi nghin dong) ?

Loi giai
Dap an: 744S5.
Dién tich miéng ton hinh tron 1a: S, = 7.R* = 257r(m2 ) .

Xét hé toa do Oxy nhu hinh vé

Phuong trinh ctia dudng tron tim O, ban kinh bang 5 1a: x* + y* =25.
Phuong trinh nira phia trén truc hoanh ctia duong tron a: y =+/25-x?

5
AB=6=y,=3= x,=4. Vay dién tich phan tim ton trong 1a S, = 2.j\/25—x2dx(m2) .
4
5
Dién tich phan tim ton trang tri la: S =S, -5, =257 - 2._[ V25— x*dx (m2 )
4

5
Vay s6 tién chi phi la: T = 100.(2&: -2. j V25-x° J ~ 7445 (nghin dong).
4



Cau 5: Nha may 4 chuyén san xuat mot loai san pham cung cap cho nha may B. Hai nha
may thoa thuan rang, hang thang nha may 4 cung cap cho nha may B sb luong san pham
theo don dat hang cua B (t6i da 100 tan san pham). Néu sb luong dat hang 14 x tAn san pham
thi gia ban cho mdi tan san pham 1a P(x)=45-0,001x (tri¢u dong). Chi phi ¢ 4 san xuat x
tan san pham trong mot thang gdm 100 tridu dong chi phi ¢b dinh va 30 triéu dong cho mdi
tAn san pham. Nha may 4 can ban cho nha may B bao nhiéu tin san pham mdi thang d¢ loi
nhuan thu dugc 16n nhat? (1am tron két qua dén hang phan muoi).

Loi giai
S6 tién ma nha may 4 thu dugc tir viée ban x tin san pham (0<x<100) cho nha may B la:
R(x)=x.P(x)=x(45-0,001x") = 45x-0,001x" (triéu dong).
Chi phi dé 4 san xuat xtan san pham trong mot thang 1a C(x)=100+30x (triéu dong).
Loi nhuan (triéu déng) ma nha may 4 thu duoc la:
P(x)=R(x)-C(x)=x(45-0,001x")-(100+30x) = -0,001x’ +15x 100
Xét ham s P(x)=-0,001x" +15x~100 vé&i (0<x<100) ta co:
P'(x)=-0,003x* +15 =0 < x* = 5000 < x = 50:/2

Ta 6 P(0)=-100; P(505/2)=500v2 ~100 ~ 607; P(100) =400

Bang bién thién
x 0 5012 100
yf + 0 —_
5002 - 100
¥
100 400

Vay nha may 4 thu duoc loi nhuan 16n nhét khi ban 5042 ~ 70,7 tin san pham cho nha may
B mbi thang.
Dap an: 70,7
Céu 6: C6 hai thung I va II chira cic san pham c6 khdi lugng va hinh dang nhu nhau.
Thung I ¢6 5 chinh pham va 4 phé phim, thung 2 ¢6 6 chinh pham va 8 phé pham. Lay
ngau nhién 1 san pham tir thung I sang thung II. Sau d6, 14y ngau nhién 1 san pham tir
thung 11 dé st dung. Xéc suit lay dugc chinh pham tir thung II 13 bao nhiéu (Iam tron két
qua dén hang phan tram)?

Loi giai
Xét cac bién cb
A: “Lay dugc mot chinh pham tir thung I sang thung I1”
B: “Lay dugc mot chinh pham tir thung I1”



_ 7
15

Theo cong thirc xac suat toan phan, x4c suat cua bién co6 B la:

: P(B|Z)=£—3

5. o)A
Khi do: P(4)=7; (A):E,P(B|A) =

P(B)=P(4).P(B|4)+P(4).P(B[4)=2.—-+2 =~ 0.44

Dap an: 0,44



Cau 1:

Cau 2:

Cau 3:

Cau 4:

Caiu 5:

Ciu 6:

Cau 7:

SAN PHAM TAP HUAN NHOM 4

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. Thi sinh tra 1i tir cdu 1 dén cau 12.
M3i cau hoi thi sinh chi lya chon mét phuong an (3,0 diém).

Cho ham s§ f(x) = e +2. Khang dinh nao dudi day 1a dung?
A. j f(x)dx=e"+C. B. j f(x)dx=e"+2x+C.
C. jf(x)dxzex+C. D. jf(x)dx:ex—2x+C.
Cho ham s y=f (x) lién tuc trén doan [a;b] . Dién tich § cta hinh phéng gidi han boi dd thi
ham sb y = f(x) , truc hoanh va hai duong thang x=a, x=b la
A S=[|f(x)|dx. B. 5= f(x)dx.
a b
C.S:Ib|f(x)|dx. D.Szj.a—f(x)dx.

Thoi gian (phut) truy cdp Internet mdi budi ti cia mot sb hoc sinh duoc cho trong bang sau:

Thoi gian (phat) | [9,5,12,5) | [12,5;15,5) | [15,5;18,5) | [18,5;21,5) | [21,5;24,5)

S6 hoc sinh 3 12 15 24 2

Téng s6 hoc sinh 13
A. 24. B. 56. C.2. D. 22.

Phuong trinh nao sau ddy 1a phuong trinh mit cau (S) thm 4(2;1;0), di qua diém B(0;1;2)?

A (8): (x+2) +(y+1) +2*=8. B. (8):(x=2)" +(y-1) +2*=

C. (8):(x=2) +(y-1)" +2* =64. D. (8): (x+2) +(y+1) +2* =64.

Cho ham s§ y:ax+2 (¢#0; ad —bc#0) c6 dd thi ham s nhu hinh v& dudi day
cxX +

b

Puong tiém can ding ciia dd thi ham s6 la:

A y=-1 B. x=1 C.x=-1 D. y=1
Tap nghiém cua bit phuong trinh log, (x - 2) <11la

A. (2:3]. B. (-;7]. C. [7;+). D. (2;7].

Trong khong gian véi hé truc toa @ Oxyz, cho mit phang (Q) 2x—y+4z—-5=0 cb vecto

phap tuyén 1a
A.n;(2;—1;4). B.7n,(2; 1;4).



Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 1:

Cau 2:

C.n3(2;—1;—4). D. n,(1; —1; 4).

Cho hinh chop S.ABCD c¢6 d¢ay ABCD 1a hinh binh hanh tim O, SA = SC, SB = SD . Trong

cac khang dinh sau khang dinh nao dung?

A. S4 L (A4BCD). B. SO L (4BCD).

C. SC L(A4BCD). D. SD 1 (ABCD).

Nghiém cua phuong trinh log,(3x) =2 la:

A. x=25 B.x:%. C.x=32 D.xz?.

Cho cép s6 cong (u,) ¢6 u, =-3, uy =27. Tinh cong sai d .

’
fB"

_________

A d=17. B. d=5. C.d=8. D. d=6.
o
Cho hinh hép ABCD.A'B'C'D'. Pit AB=a, AD=b, AA'=c. Phan
tich vecto AC' theo a,b,c? A
A AC=—a+b+c. B AC=a+bc. | o
C. AC'=a+b+c.  D.AC'=a-b+c 1
Cho ham s6 y = f(x)=ax’ +bx* + cx+d c6 dd thi nhu hinh v& dudi day. i

Hamsd y=f (x) ddng bién trén khoang nao?

A. (-L1). B. (—o0;—1). C. (2;+00). D. (0;1).

2l

(ol

PHAN II Ciu tric nghiém ding sai. Thi sinh tra 18i tir cAu 1 dén cAu 4. Trong méi y a), b),

¢), d) & mdi cau, thi sinh chon ding hoic sai (4,0 diém).

Cho ham s0 f (x)=2sinx—x.
) f(O):O;f(gj:Z—g.

b) Pao ham ctia ham s da cho 1a f'(x)=—2cosx—1.

¢) Nghiém cua phuong trinh f(x)=0 trén doan {O;g} la g

d) Gia tri 16n nhét cua f(x) trén doan [0;%} léf—g.

Dé dam bao an toan khi luu thong trén dudng, cac xe 6 t6 khi dimg dén do phai cach nhau tdi
thiéu 5 m. Mot 6 t6 4 dang chay v&i van toc 16 m/s thi gip 6 t6 B dang dimg dén do nén 6 to



Cau 3:

Cau 4:

Cau 1:

A ham phanh va chuyén dong cham dan déu voi van tdc duge biéu thi boi cong thuc
v,(t)=16—4¢ (don vi tinh bdng m /s, thoi gian ¢ tinh bang gidy).

a) Thoi diém xe 6 t6 4 ding lai 14 4s.

b) Quéng dudng S(¢) (don vi: mét) ma 6 t6 A di duoc trong thoi gian ¢ gidy (0<¢<4)ké tr

khi ham phanh dugc tinh theo cong thirc S (t) = J. Zv(t)dt .

¢) Tur khi bat ¢au him phanh dén khi dimg lai xe 6 t6 4 di dugc quing dudng 32m.
d) Khoang cach an toan tdi thiéu gittaxe 6 t6 4 va 6 t6 B 1a 37m .

Lop 12A c6 30 hoc sinh, trong d6 c6 17 ban nit con lai 1a nam. Co6 3 ban tén Hién, trong d6 co 1
ban nit va 2 ban nam. Thay gido goi ngiu nhién 1 ban én bang.

r A A ST A \ 1
a) Xac suat dé co tén Hién la 0

, A A 7oA A re 3 A [N r ~ 12 3
b) Xéc suat dé c6 tén Hién, nhung voi di€u kién ban do nir 1a Tk

, A A 7oA A re 3 A [N r \ 2
¢) Xac suat dé co tén Hién, nhung véi di€u kién ban d6 nam la E

A A .7 . roAA \ A A 5 1 ’ A A & B ~ 1) 3
d) Néu thay gido goi 1 ban c6 tén la Hién Ién bang thi xac xuat dé ban do6 1a ban nir 1a Tk

Mot may bay di chuyén tir sn bay A véi toa do A(0;0;0) dén san bay B tai toa d¢ B(760;120;10)
(don vi tinh 1a km). Trén hanh trinh, may bay s& di qua ving kiém soat khong luu trung gian c6
ban kinh 100 km, v6i tAm tram kiém soat dit tai toa do O(380;60;0). May bay bay v6i van tbe
khong d6i, hoan thanh quing dudng trong 1 gior 25 phut (85 pht).

x =760t
a) Phuong trinh tham s ciia duong bay tir A dén B dugc cho boi: < y =120z, t € [0;1.42]
z=10¢t

(Tham s6 t biéu dién thoi gian bay duoc tinh theo gid)

b) May bay di vao pham vi kiém soat khong luu (ban kinh 100 km, tam tai O(380;60;0) tai thoi
diem 1=0.5.

¢) Quing dudng tir A dén B theo dudng bay 1a 766 km.

d) Néu may bay bay trong ving kiém soat trong 15 phiit (0.25 gio), no s& bay ding 1/6 quing
duong tir lic vao dén khi ra khoi ving nay.

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 16i tir cAu 1 dén céu 6 (3,0 diém).

Cho hinh lang try dung ABC.A'B'C' c6 AB=5,AC = 6,1& =60". Khoang cach giita hai duong
thang 44' va BC (1am tron két qua dén hang phan muoi)



Cau 2:

Caiu 3:

Cau 4:

Cau 5:

Cau 6:

Cong ty giao hang nhanh c6 4 kho hang A4,B,C va D. 4

Quén 1y mudn 1én ké hoach cho xe giao hang di qua tit ca

cac kho hang dé ldy hang va quay lai kho hang ban déu, 3 Z

voi diéu kién 1a moi kho hang chi ghé qua mét lan.

Khoang cach gitta cac kho hang (km) dugc mo ta trong Bz 4 D
hinh bén. Quing duong ngin nhit dé xe giao hang hoan c S

thanh viéc ldy hang ¢ cac kho va quay tré lai kho hang
ban dau 13 bao nhiéu?

Hé théng dinh vi toan cau GPS 1a mot hé théng cho phép xac dinh vi tri cia mot vat thé trong
khong gian. Trong cing mot thoi diém, vi tri ciia mot diém M trong khong gian s& dugc xac
dinh boi bdn vé tinh cho trude nhd cac bd thu phat tin hi¢u dat trén cac v¢€ tinh. Gia su trong
khong gian véi hé toa dd Oxyz , c6 bon vé tinh 1an luot dat tai cac diém A(3;1;0), B(3; 6; 6),
C(4;6;2),D(6;2;14); vi tri M(a; b; ¢) thoa man MA = 3, MB = 6, MC = 5, MD = 13.
Khoéng cach tir diém M dén diém O bang bao nhiéu?

Mot kién triic su thiét ké mot khu sinh hoat cong ddng c6 dang hinh vudng véi mdi canh dai 120
m. Phin san choi ndm & giita, va phan con lai dé trong cdy xanh. Cac dudng bién cia khu vuc
trong cay xanh 1a cac doan parabol, v&i dinh ctia parabol ndm céach trung diém cta mdi canh hinh
vuong 25 m. Tinh dién tich phan trong cdy xanh.

25m

120m

25m

120m

Do giam huyét ap ctia mot bénh nhan duoc xac dinh boi cong thirc G(x) =0,024x" (30 - x) ,
trong 46 x 14 liéu lugng thudc tiém cho bénh nhan cao huyét 4p ( x dugc tinh bang mg). Tim
lugng thube dé tiém cho bénh nhan cao huyét 4p dé huyét ap giam nhiéu nht.

C6 hai hop dung bi: hop I c6 6 vién bi vang va 4 vién bi do; hop Il c6 7 vién bi vang va 3 vién bi
d6. Chon ngdu nhién mot vién bi tir hop I va chuyén né sang hop II. Sau d6, chon ngau nhién
mot vién bi tir hop II. Tinh xac suét dé vién bi dugc chon tir hop II 12 vién bi da dugc chuyén tur
hop I, biét rang vién bi d6 1a vién bi vang (1am tron két qua dén hang phan tram).



PHAN L.

BANG DAP AN

(Mdi ciu tra 1oi dung thi sinh dugc 0,25 diém)

1.B 2.A 3.B 4.B 5.C 6.D 7.A 8.B 9.D 10. D
11.C 12.D

PHANII.

Diém téi da ctia 01 cau hoi 14 1 diém.

- Thi sinh lya chon chinh x4c 01 y trong 1 cau hoi duogc 0,1 diém.

- Thi sinh lya chon chinh x4c 02 y trong 1 cau hoi duoc 0,25 diém.

- Thi sinh lgya chon chinh xac 03 y trong 1 cau héi dugc 0,50 diém.

- Thi sinh lya chon chinh x4c 04 y trong 1 cau hoi dugc 1 diém.

Bang dap an:

Caul Cau2 Cau3 Cau 4
a)b a) b a)b a) b
b) S b) S b) S b) b
c)b c)b c)b c)b
d)b d)b d)S db

PHAN IIL
(M&i cau tra 16i dung thi sinh dugc 0,5 diém)
Bang dap an:
Caul | Cau2 | Cau3 | Caud | Caus5 | Caub6
4,7 15 3 2000 20 0,08




Huwoéng din giai chi tiét

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. Thi sinh tra 1i tir cdu 1 dén cau 12.
M3bi cau hoi thi sinh chi lya chon mét phuong an (3,0 diém).

Caul: Chohamsd f(x)=e"+2.Khang dinh nao dudi day 1a dung?
A. j f(x)dx=e"+C. B. j f(x)dx=e"+2x+C.
C. jf(x)dxzex+C. D. jf(x)dx:ex—2x+C.
Loi giai
Chon B.
Ta cb: jf(x)dx = j(e +2)dx=e"+2x+C
CAu2: Cho ham s6 y=f (x) lién tuc trén doan [a;b] . Dién tich § cta hinh phéng gidi han boi dd thi
ham sb y = f(x) , truc hoanh va hai duong thang x=a, x=b1la
A S=[|f(x)|dx. B. 5= f(x)dx.
a b
C. S=[']/(x)dx. D.S=| - f(x)dx.
Loi giai
Dién tich S cua hinh phang gi6i han béi do thi ham sé y = f'(x), truc hoanh va hai duong
thang x=a, x=blé:S=Ib|f(x)|dx.
Pap an: A
Cau 3: Thoi gian (phut) truy cap Internet mdi budi téi ctia mot sb hoc sinh dugc cho trong bang sau:
Thoi  gian | [9,5;12,5) [12,5;15,5) [15,5;18,5) [18,5;21,5) [21,5;24,5)
(phut)
Sé hoc sinh | 3 12 15 24 2
Tong s6 hoc sinh 1a
A. 24. B. 56. C.2. D. 22.
Loi giai
S6 hoc sinh 1a 3+12+15+24+2=56.
Chon B
Cau 4: Phuong trinh nao sau day la phuong trinh mat cAu (S ) tam A(2;l; O) , di qua diém B (O;l; 2) ?
A (8):(x+2) +(y+1) +2* =8, B. (8): (x=2) +(y—1)" +2* =8.
C. (8):(x=2) +(y-1)" +2* =64. D. (8): (x+2) +(y+1) +2* =64.
A \ A ax+b £ 2A o1 T A s A 1z an
Cau5: Chohamso y= (¢ #0; ad —bc #0) ¢6 d6 thi ham s6 nhu hinh vé& dudi day

cx+d



Ciu 6:

_'_'_‘—-n.._\\ _I : .
| ) X
:
|
l
Puong ti€ém can ding ctua dd thi ham sd 1a:
A y=-1 B. x=1 C.x=-1 D. y=1
Loi giai

HD: Dya vao d6 thi ham sd ta c6 tiém cén dung 1a duong thing x = —1 chon dap 4n C

Tap nghiém cua bat phuong trinh log; (x - 2) <lla
A. (2;3]. B. (-o0;7]. C. [7;+). D. (2;7].
Loi giai

Bat phuong trinh log, (x—2)<1 tuong duong véi:

0<x—2<5'

& 0<x-255

& 2<x<T.
Pap an: D
Trong khong gian véi hé truc toa dd Oxyz, cho mit phang (Q) c6 phuong trinh 2x — y + 4z —
5 = 0. Vecto nao sau ddy 1a mot vecto phap tuyén ciia mat phang (Q)?
A.n7(2;—-1;4)B. n5(2; 1;4)
C.n3(2;—1;—4)D. n (1; —1; 4)

Loi giai

Chon A.
Vecto phap tuyén ctia mit phang (P) c6 phuong trinh 2x —y + 4z — 5 = 0 la n;(2; —1; 4).

Cho hinh chép SABCD c6 day ABCD la hinh binh hanh tdm O, SA = SC, SB = SD. Trong cac
khang dinh sau khang dinh nao ding?
A.SA 1 (ABCD).B. SO 1 (ABCD).
C.SC L (ABCD).D.SD 1 (ABCD).
Loi giai




Cau 10:

Cau 11:

Cau 12:

O 1a trung diém ciia AC va BD
Ma SA=SC;SB=SD= S0 1L AC; SO L BD = S0 1 (ABCD)
Chon B

Nghiém cua phuong trinh log,(3x) =2 la:
A. x=25 B.ng. C. x=32 D.ng.

3 3
Cho cép s6 cong (u,) ¢6 u, =-3, uy =27. Tinh cong sai d .
A.d=T7. B. d=5. C.d=8. D. d=6.

Loi giai

Chon D.
Tacod u,=u,+5d =27=d =6.
Cho hinh hép ABCD.A'B'C'D'. Pit AB=a, AD=b, AA'=c. Phan tich vecto AC" theo

a,b,c?

A. AC'=—a+b+c. B. AC'=a+b—c. C. AC'=a+b+c. D. AC'=a-b+c.

Loi giai
D' o
I
A B
| D
[ ,»‘l _________ TT T = (Y
3/,/ _
A a B

—_— —_ RN _— _ —

Chon dap an C

Cho ham s y = f(x) =ax’ +bx* +cx+d cb do6 thi nhu hinh vé& dudi day.

e

-1 O

Hamsb y = f (x) dong bién trén khoang nao?
A. (-L1). B. (—o0;—1). C. (2;+x). D. (0;1).
Loi giai
Quan sat do thi, ta thiy ham s y = f(x) dong bién trén khoang (0;2)nén ha s6 dong bién trén
khoang (0;1).



Cau 1:

Cau 2:

Chon dap 4n D

PHAN II. Cau tric nghiém diing sai. Thi sinh tra 16i tir ciu 1 dén cu 4. Trong mdi y a), b),
¢), d) & mdi ciu, thi sinh chon diing hoic sai (4,0 diém).

Cho ham s f(x)zZSinx—x.

AN
a)f(O)zO,f[zJ 2 Z

b) Dao ham ctia ham sb da cho 1a f(x)=—2cosx—1.

¢) Nghiém ctua phuong trinh f ’(x) =0 trén doan {0;%} la %

d) Gia tri 16n nhat cta f(x) trén doan {0;%} lé\/_—g.
Loi giai
r .7 r
0)=2sin0-0=0 va — |=2sin———=2——. Dung.
) 1(0) i 7{ 5] -2 22 -2-% bing
b) Pao ham cua f(x)=2sinx—x la f'(x)=2cosx—1. Sai.
. e - T Tooo .
¢) f'(x)=2cosx+1 khido f (;j:ZCosg—lzo, suy ra x = 12 nghiém ctia phwong trinh
' A T .
f'(x)=0 trén doan {O;E] Pung.

d) f(x)=2sinx—x,

f'(x):ZSinx—lc() nghiém X=§e{0;%}

T n
0)=0;f| = |=2-—==0.429,
7(0) f(2j 2
T . T P4
— |=2sin———=+/3-—=0.684.
f(3j 3 3 V3 3

Do d6, gia tri lon nhét cua f(x) trén doan [0;%} la \/g—g Dung.

Dé dam bao an toan khi luu thong trén dudng, cac xe 6 t6 khi dimg dén do phai cach nhau tdi
thiéu 5Sm. Mot 6 t6 A4 dang chay véi van toc 16 m/s thi gip 6 t6 B dang ding dén do nén 6 to
A hdm phanh va chuyén dong cham din déu véi van tdc dugc biéu thi boi cong thic
v,(t)=16—4¢ (don vi tinh bing m/s, thoi gian ¢ tinh bang gidy).

a) Thoi diém xe 6 t6 A dimg lai 1 4s.



Caiu 3:

b) Quéng dudng S(¢) (don vi: mét) ma 6 t6 A di dugce trong thoi gian ¢ gidy (0<¢<4) ké tr
khi ham phanh duge tinh theo cong thite § ()= [ v(r)dr.

¢) Tur khi bat ¢au him phanh dén khi dimg lai xe 6 t6 4 di dugc quing dudng 32m.
d) Khoang cach an toan tbi thiéu giita xe 6t0 4 va 6 t6 B 1a 37m.
Loi giai
a) Piing vi khi 6 t0 4 dunglai thi v,(1)=0<16-41=0<1=4.
b) Sai vi quang duong S(7) (don vi: mét) ma 6 t6 A4 di dwoc trong thoi gian ¢ gidy (0<¢<4)
duoc tinh theo cong thire S (1) = _[Ov(t)dt :
¢) Pung vi quing dudng 6 t6 4 di dugc ké tir khi bat dau him phanh dén khi dimg lai 1a
4
s(t) = _[(16—4t)dt =32(m)
0
Nhu vay, 6 t6 A di chuyén quing duong 32 mét trude khi dimg lai hoan toan.

d) Pung vi dé dam bao khoang cach an toan tbi thiéu 1 mét khi dimg lai, 6 t6 4 phai bat dau
ham phanh khi cach 6 to B it nhét 1a: 32+5 =37 (m)

Lép 12A ¢6 30 hoc sinh, trong d6 c6 17 ban nit con lai 1a nam. C6 3 ban tén Hién, trong d6 co6 1
ban nit va 2 ban nam. Thay gi4o goi ngiu nhién 1 ban 1én bang.

a) Xac suat dé co tén Hién 1a %

b) Xac suét dé co tén Hién, nhung véi diéu kién ban d6 nit 1a %

’ A A S A 7 gr A A r \ 2
¢) Xac suat dé co tén Hién, nhung véi dieu kién ban d6 nam la a3

d) Néu thay gido goi 1 ban c6 tén 1a Hién 1én bang thi xac xuat dé ban d6 14 ban nir 1a %

Loi gii
a) b) c) d)
PUNG SAI PUNG SAI

a) Xac suat dé thay gido goi ban do6 1én bang c6 tén Hién la
Goi A 1a bién ¢0 “tén la Hién”
Goi B 1a bién ¢c0 “ni”.

. . . I 1
Xéc suat dé hoc sinh dugc goi ¢6 tén la Hién la: P(A) = % = m

b) Xéc suét dé thay gido goi ban dé 1én bang ¢ tén Hién, nhung voi diéu kién ban do6 nir 1a
P ( A| B)

Ta co:



(5)-17
1
P(ANB)=—
(4nB)=+7
1
, P(ANB) 2o 1
Do do: P(A|B):w:%:ﬁ
30

¢) Goi C la bién ¢0 “nam”.

Xac suat dé thay gido goi ban d6 1én bang c6 tén Hién, nhung véi diéu kién ban d6 nam 1a
P(A|C)

Ta co:
13
P(C)=—
(©)=3,
2
P(ANC)=—
(4nC)=1;
(4nC) 3
, P(ANC 20 2
Do do: P(A|C):W:%:E
30

d) Néu thay giao goi 1 ban co tén 1a Hién 1én bang thi xac xuit dé ban d6 12 ban nir 1a P(B | A)

P(B|A):P(%2)B)=

[US] W
0\“’|O\H
W | —

Mot may bay di chuyén tir san bay A véi toa do A(0;0;0) dén san bay B tai toa d6 B(760;120;10)
(don vi tinh 14 km). Trén hanh trinh, may bay sé& di qua ving kiém soat khong luu trung gian c6
ban kinh 100 km, v6i tdm tram kiém soat dat tai toa do 0(380;60;0). May bay bay v&i van tbe
khong d6i, hoan thanh quing dudng trong 1 gid 25 phut (85 phut).

x =760t
a) Phuong trinh tham s6 cua dudng bay tir A dén B duoc cho béi: {y=120¢, ¢ €[0;1.42]
z=10¢

(Tham s6 t biéu dién thoi gian bay duoc tinh theo gid)

b) May bay di vao pham vi kiém soat khong luu (ban kinh 100 km, tam tai O(380;60;0) tai thoi
diem 1=0.5.

¢) Quing dudng tir A dén B theo dudng bay 1a 766 km.

d) Néu may bay bay trong ving kiém soat trong 15 phit (0.25 gid), n6 s& bay dung 1/6 quéng
duong tir lic vao dén khi ra khoi ving nay.



Loi giai

a) bung.
x =760t
Phuong trinh tham s6 cta duong thang di qua hai diém A(0;0;0) va B(760;120:10). < y =120z,
z=10¢
1 €[0;1.42]
b) bung.

x=760x0.5=380
Tai t=0.5, toa d0 may bay la < y=120x0.5=60
z=10x0.5=5

Khoéng cach tir (380;60;5) dén 0(380;60;0) 1a Skm.

Nhu vay, may bay da vao ving kiém soat.

c) bung.

Quiéng dudng tir A dén B 1a khoang cach gitra hai diém AB xép xi 769.5km.
Gia tri nay gan dung voi 766 km thuc té.

d) bung.

Véi thoi gian trong ving kiém soat 1a 15 phut (0.25 gid), quing duong tuong tng 13 1/6 toan
b6 hanh trinh (do tong thoi gian 13 1.42 gid). Vay két luan nay 1a chinh xAc.

PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cdu 1 dén cau 6 (3,0 diém).

Cau 1: Cho hinh lang try dung ABC.A'B'C' c6 AB=5,AC = 6,1& =60". Khoang cach giita hai duong
thang 44' va BC (1am tron két qua dén hang phan muoi)

Loi giai
A’ "
.-“'/
B r =
6
A R = C
5 h t,;-.gf’##
B

Ké 4AH 1 BC,ta dugc AH la duong vuong goc chung cua AA’ va BC



Cau 2:

Cau 3:

Suyra d(AA',BC)=AH .

Ta co:

153
2

Sisc =%.AB.AC.sinA =%.5.6.sin 60° =

BC =+/5% +62—2.5.6.c0860° =~/31

) 1543

g~ Bawe 2 _15V93

BC b1 31

Dap s6: 4,7

4,7

Cong ty giao hang nhanh c6 4 kho hang 4,B,C va D. Quan ly

mudn 18n ké hoach cho xe giao hang di qua tit ca cac kho hang

dé lay hang va quay lai kho hang ban dau, v6i diéu kién 1a mdi 7

kho hang chi ghé qua mot 1an. Khoang céach gitta cac kho hang 3

(lfm) dugc mo ta trong hinh l?én. Quang duong ngan nhat dé xe? 32 3 D
giao hang hoan thanh viéc lay hang & cac kho va quay tr¢ lai 5

kho hang ban dau 1a bao nhiéu?

Loi giai
Xe giao hang c6 thé xuat phat tir mot trong 4 kho hang 4, B,C,D .
Gia str xe giao hang xuét phat tir kho 4.
Pé di qua tit ca cac kho hang va quay trd vé A4, xe giao hang c6 thé di theo mot trong cac
duong di:

buong di Tong quing duong
A—>B—>C—>D—>A4 | 3+2+5+7=17
A—>B—>D—>C—>A4 | 3+4+5+3=15
A->C—>B—>D—>A4|3+2+4+7=16
A->C—>D—>B—>A4|3+5+4+3=15
A->D—>B—>C—>A | 7+4+2+3=16
A->D—>C—>B—>A | T7+5+2+3=17

Néu xuét phat tir dinh khac thi chi 1a phép thay thé budc di trong so db trén.

Vay quing dudng ngan nhat dé xe giao hang hoan thanh viéc lay hang & cac kho va quay tro lai
kho hang ban dau 1a 15 km.

Dap an: 15.

Hé théng dinh vi toan cau GPS 1a mot hé théng cho phép xéc dinh vi tri ciia mot vat thé trong
khéng gian. Trong cing mot thoi diém, vi tri ciia mot diém M trong khong gian s& dugc xac
dinh bai bdén vé tinh cho trude nho cac bo thu phat tin hi¢u dat trén cac v¢ tinh. Gia st trong
khong gian véi hé toa dd Oxyz , c6 bon vé tinh 1an luot dat tai cac diém A(3;1;0), B(3; 6; 6),
C(4;6;2), D(6;2;14); vi tri M(a; b; ¢) théa man MA = 3, MB = 6, MC = 5, MD = 13.
Khoang cach tir diém M dén diém O bang bao nhiéu?

Loi giai

Ta co:



Cau 4:

(MA=3 ( (a—3)2+(bh—-1)?*+c*=9
MB=6 _ (a—3)2+(b—6)>+(c—6)2 =36
MC =5 (a—4)2+ (b —-6)2+(c—2)2=25
MD =13 (a—6)2+(b—2)%+ (c —14)* = 169

a’?+b?+c?—6a—2b=-1
a’?+b?+c?—6a—12b—12c = —45
a?+b%?+c2—-8a—12b—4c=-31
a’ +b?+c?—12a—4b —-28c = —-67
bit d = a? + b? + c? ta dugc:

d—6a—2b=-1
d—6a—12b—12c = —45
d—8a—12b—4c=-31
d—12a—4b —28c = —67

Giai h¢ phuong trinh nay, tatimdugca = 1,b=2,c=2,d =9 = M(1; 2; 2)
Do d6, khoang cach tir diém M dén diém O 1a: OM = Va2 + b2 + 2 =+/d =3

Mot kién tric su thiét ké mot khu sinh hoat cong d@)ng c6 dang hinh vudng véi mdi canh dai 120
m. Phan sin choi ndm & giira, va phan con lai dé tréng cdy xanh. Cac duong bién cta khu vuc
trdng cay xanh 1a cic doan parabol, voi dinh cta parabol nam cach trung diém ctia mdi canh hinh
vudng 25 m. Tinh dién tich phan tréng cdy xanh.

25m

120m

25m

120m
Loi giai
Chon h¢ truc toa do Oxy nhu hinh vé:

120m

Y | 25 m

120 m

25m

(6]

Dién tich cia mdi phan trong hoa bang dién tich ctia mot parabol.

Gia su xét mot canh hinh vudng lam tryc hoanh x, voi trung diém cua céac canh tai géc toa do
(0;0). Pinh cua parabol nim tai diém ( 0; 25) va di qua hai diém trén canh day (-60;0) va (60;0)
( vi canh hinh vudéng la 120m).

Phuong trinh parabol c6 dang: y = ax? + 25

vi parabol di qua diém (60;0) nén ta cé:



Cau 5:

25 1

3600 144

0 =a(60)>+25=>a=—
Phuong trinh parabol la: y = — ﬁxz + 25
Dién tich ctia phan trong cdy xanh béng:ffgo(— Elétxz + 25)dx = 2000m?

DPap 4an: 2000 m?

Do giam huyét 4p ctia mot bénh nhan duoc xac dinh boi cdng thirc G(x)=0,024x%*(30-x), trong d6
x 12 liéu lwong thude tiém cho bénh nhan cao huyét ap ( x dugc tinh bang mg). Tim luong thudce
dé tiém cho bénh nhan cao huyét ap dé huyét ap giam nhiéu nhat.

Loi giai

Bai toan di tim xe[0;30] dé G(x) dat gia tri 16n nhat.

G(x)=- i)c3 +Ex2
125 25
G'(x)=- ix2 +ﬁx
125 25
x=0
G'x)=0 <
x=20¢€[0;30]

Ta c6 G(0)=0; G(20)=96; G(30)=0. Vay G(x) dat gi4 tri 16n nhét la 96 khi x=20



Co6 hai hop dung bi: hop I ¢6 6 vién bi vang va 4 vién bi dd; hop II ¢6 7 vién bi vang va 3 vién bi
d6. Chon ngiu nhién mot vién bi tir hop I va chuyén né sang hop II. Sau d6, chon ngiu nhién
mat vién bi tir hop II. Tinh xac suat dé vién bi duoc chon tir hop II 14 vién bi dd duoc chuyén tir
hop 1, biét rang vién bi d6 14 vién bi vang.

Giai:

Goi bién ¢b A: vién bi duoc chon tir hop 1T 1a vién bi da duoc chuyén tor hop L.

Goi bién ¢b B: vién bi dugc chon tur hop II 1a vién bi vang.

Can tinh xac suat P(A[B), tirc 13 x4c suét dé vién bi duoc chon tir hop II 13 vién bi dd duoc

chuyén tur hop I, véi dicu kién rang vién bi do6 1a vién bi vang. Str dung cong thirc xac suat co
dicu kién:

P(A N B)

P(A[B) = B

Xac suit chon mdt vién bi vang tir hop I: Hop I c6 6 vién bi vang trong tong sé 10 vién bi,
nén xéc suat dé chon mot vién bi vang tur hop I 1a:

6
P(chon vién bi vang tir hop I) = 0= 0,6

- Néu vién bi vang duoc chuyén tir hop I sang hop I1, thi s6 vién bi vang trong hop II sé& ting
1én thanh 8 vién bi. Khi d6, xac suat dé chon duoc dung vién bi vang da chuyén tir hop I (trong
tong s6 11 vién bi ¢ hop II) 1a:

1
P(AnB):ﬁ

P(B) 14 xac suat dé chon duoc mdt vién bi vang tir hop I1, sau khi c6 mét vién bi tir hop I da
dugc chuyén sang.

C6 hai kha ning dé chon mot vién bi vang tir hop II:
TH1: Chuyén mét vién bi vang tir hop I sang hop II:
Xac suét chon vién bi vang tir hop I 1a %.
Khi chuyén mét vién bi vang tir hop L, s6 vién vang trong hop II s& 1a 8. Xac suat dé chon mot
vién bi vang tir hop I1 khi d6 la: P(B,) = —x—
TH2: Chuyén mt vién bi dé tir hop I sang hop II:
X4c suit chon vién bi do tur hop I 1a 14—0.
Néu chuyén vién bi d6 sang hop I, sé vién bi vang trong hop II van 1a 7. Xéc suat dé chon mot

vién bi vang tir hop IT Ia: P(B;) = —=x =

Téng xac sut dé chon dugc mot vién bi vang tu hop II 1a:



6 8 4 7 76
P(B) = P(B;) + P(B,) = EXH-I_EXH =

Ap dung cong thirc xac suat co diéu kién:

6

P(ANB) T1p 6 3
P(A|B) = P(B) _ﬁ_7_6_£~0’08
110

Vay xac suét dé vién bi duge chon tur hop II 1a vién bi da dugc chuyén tr hop I, biét rz‘ing vién
bi d6 1a vién bi vang, 1a khoang 0,08.



SAN PHAM TAP HUAN NHOM 5

PHAN I. Thi sinh tra 10i tir cAu 1 dén ciu 12. M&i ciu héi thi sinh chi chon mt phwong an.
Cau 1. Ho nguyén ham cia ham sé f(x)=3x"+1 1a

3
A. X*+C B.%+x+C C. 6x+C D. X’ +x+C

Céu 2. Cho hai ham s6 f(x) va g(x) lién tuc trén [a;b]. Dién tich hinh phing gi¢i han béi dd thi cua

cachamsd y = f(x), y = g(x) va cac dudng thang x =a, x =b bang

A ([[f(0)-g@]dx. B. [|f(x)+g@|dx. C. [|f(x)-g@|dx. D. [[f(x)-g(x)]dr.

Cau 3. MJi ngay bac Huong déu di by dé ren luyén sirc khoé. Quéng duong di bo moi ngay (don vi:
km ) ciia bac Huong trong 20 ngay dugc thong ké lai ¢ bang sau:

Quang duong | [2,7;3,0) [3,0;3,3) [3,3;3,6) [3,6;3,9) [3,9;4,2)
(km)
Sb ngay 3 6 5 4 2

Phuong sai cia mau s6 liéu ghép nhom la
A. 3,39. B. 11,62. C.0,1314. D. 0,36.

Céu 4. Trong khong gian Oxyz, cho duong thing d : x;l = y—53 = Z+2

. Vecto nao dudi day 1a mot
vecto chi phuong cta duong thiang d ?
A. &:(1;3;—2). B. ﬁ:(2;5;3). C. ;2(2;—5;3). D. ﬁ:(l;3;2).

3x+2

D

Ciau 5. Tiém can dimg ctia 6 thi ham sé y = 1a duong thing c6 phuong trinh

A. x=2. B. x=-1. C. x=3. D. x=-2.
Cau 6. Gidi bat phuong trinh log, (3x—1) > 3.

A. x>3. B.%<x<3. C. x<3. D.x>?.

Céu 7. Trong khong gian Oxyz , cho mit phing (P):x+3y—4z+5=0 . Vecto ndo sau day 1a mot vecto
phép tuyén ctia mit phang (P)??
A. 1, =(34;5). B. 71, =(1;3;-4). C. i, =(13;4). D. 7, =(3;-4;5).
Cau 8. Cho hinh chép S.ABCD c6 day 1a hinh vuéng, S4 vudng goc véi mit phing day. Ménh dé nao
sau day dung?
A. BAL(S4D).  B.BAL(SAC).  C.BAL(SBC).  D.BAL(SCD).

3-2x
Cau 9. Nghiém ctua phuong trinh (ZLSJ =5"%1a

A. x=-3. B. x=5. C. x=-5. D. x=3.



Cau 10. Cap s cong (un) cOu =-2vau,=3. S6 hang u, cua cap sb cong la
A. 33. B. -33. C.s. D. 38.

Cau 11 . Cho hinh 1&p phuong ABCD.A'B'C’'D' (minh hoa nhu hinh bén).

A’ D'
1
'/
B i CJ’
|
]
]
Abeeemee- -=3D
B C
Phat biéu nao sau ddy 1a ding?
A.E+ﬁ+ﬁ=ﬁ. B.E+H+E=A—C’.
C. AB+AC+ AA' = AC'. D. AB+BC' +C'D' = AC'.

Cau 12. Cho hamsb y = f(x) c6 do thi nhu hinh dudi

Ham s6 da cho dong bién trén khodng nao sau day?

A. (—o0;-1). B. (-1 1). C. (-2:1). D. (1;+).

PHAN II. Thi sinh tra 19i tir ciu 1 dén ciu 4. Trong mdi y a), b), ¢), d) & mdi ciu, thi sinh chon
ding hoac sai.
Chu 1. Cho ham s6 f(x)=-2sinx—x.

a) 1(0)=0;f(7)=-x.

b) Pao ham ctia ham s dd cho 1a f”(x)=2cosx—1.

¢) Nghiém ctia phuong trinh f'(x)=0 trén doan [0;7] 13 2775 .

d) Gi4 tri nho nhét cua f(x) trén doan [0;7] 1a —%—\/5.

CAu 2. Mot vat dugc ném lén tr d0 cao 300 m voi van tdoe duge cho boi cong thuc
v(z‘)=—9,81t+29, 43(m/s) (Nguon: R.Larson anh B. Edwards, Calculus 10e, Cengage). Goi

h (t)(m) 12 d6 cao cua vat so vai mat dét tai thoi diém t(s) tinh tir lc bat diu ném vat.



a) Van tdc cua vat triét tiéu tai thoi diém t=3s.

b) Ham s6 h(t)=—4,985¢* +29,43¢.

¢) Vat dat do cao 16n nhat 1a 344(m) (lam tron dén hang don vi).

d) Sau 11 s tinh tir Iac ném thi vat d6 cham dat (1am tron dén hang don vi).
Cau 3. Mot chiéc hop c6 80 vién bi, trong d6 cd 50 vién bi mau d6 va 30 vién bi mau vang; cac vién
bi ¢6 kich thuéc va khdi lugng nhu nhau. Sau khi kiém tra, ngudi ta thiy c6 60% s6 vién bi mau dé danh
sO va 50% sb vién bi mau vang c6 danh s, nhitng vién bi con lai khong danh sb.

a) SO vién bi mau do c6 danh s6 1a 30.

b) Sb vién bi mau vang khong danh s 1a 15.
A X LN A LN . A . A A A . A r r A 11 3
¢) Lay ra ngau nhién mot vién bi trong hdp. Xéc suat dé vién bi dugc lay ra c6 danh so la r

A X [N A A . A , A A o . A A r r A 7
d) Lay ra ngau nhién mot vién bi trong hdp. Xéac suat dé vién bi dugc lay ra khong c6 danh so e

.Céu 4. Hinh minh hoa so d6 mot ngdi nha trong hé truc toa dd Oxyz , trong d6 nén nha, bén birc tudng

va hai mai nha déu 1a hinh chir nhat.

02:5:4)

- G4:5:3)

P(2:0:4)

E0:0:3) v F
o SRR R B(4:5:0)

00 ;0 0) A X

a) Toa do cua diém 4 1a (4;0;0).
b) Toa do ciia vécto AH 1a (4;5;3).

¢) Tich v6 hudng cia AH va AF bang 3.
d) Goc dbc cua mai nha, tic 1a sd do cua g6c nhi dién co6 canh 1a duong thrfmg FG , hai mit 1an luot
1a (FGQP) va (FGHE) bang 26,6  (lam tron két qua dén hang phan mudi cua do).
PHAN III. Thi sinh tra 16i tir cAu 1 dén cau 6.
Céu 1. Cho hinh ling try ding ABC.A'B'C’ ¢6 day la tam giac déu do dai canh bang 63 . Khoang
céch gitra hai duong thang 44’ va BC bang bao nhiéu? (1am tron két qua dén hang phan muoi).
Ciu 2. Gia str 4 thanh ph6 A,B,C,D véi khoang cach (don vi: km) giita cac thanh phd duoc cho boi

bang sau:




B 10 0 25 35
C 15 25 0 30
D 20 35 30 0

Hay tinh quing dudng ngan nhit dé di qua tat ca cac thanh phd dung mét 1an rdi quay lai thanh phd xuat
phat?

Cau 3. Trong khong gian voi mdt he truc toa do cho trude ( don vi tinh br:ing mét), mot con chim dang
bay v6i tbe d6 va hudng khong dbi tir diém A4(20;40;30) dén diém B(40;50;50) trong vong 4 phit.
Néu con chim bay tiép tuc gilt nguyén van toc va huéng bay thi sau 2 phat con chim & vi tri C(a;b;c)

Tong a+ b+ ¢ bang bao nhiéu?

Cau 4. Bac Nam lam mot cai ctra nha hinh parabol c6 chiéu cao tir mat dat dén dinh 1a 2,25 mét, chiéu
rong tiép giap v6i mat dat 1a 3 mét. Gia thué mdi mét vudng 1a 150000 dong. Vy s tién bac Nam phai
tra la bao nhiéu?

Cau 5. Mot cong ty san xuat dqu cu thé thao ~nhém duoc n}ét don ,dét hang san xuét 8000 qua bong
tennis. ,Céng ty nay s¢ hitu mdt s may m<">c, moi méy c6 thé san xuat 30 gué bong trong mot gi(‘y.’Chi
phi thiét 1ap cac may nay la 200 nghin dong cho moi may. Khi dugc thiét lap, hoat dong san xuat s&
hoan toan dicn ra ty dong dudi sy giam sat. SO tién phai tra cho nguoi giam sat la 192 nghin dong mét
gi0. SO may moc cong ty nén sir dung l1a bao nhi€u dé chi phi hoat dong 1a thap nhat?

Cau 6. Mot cong ty dugc phém gidi thiéu mot dung cu dé kiém tra sdm bénh sdt xut huyét. V& béo cdo
kiém dinh chat lugng ctia san pham, ho cho biét nhu sau: S6 nguoi duoc thir 1a 8.000, trong s6 d6 c6
1.200 nguoi da bi nhiém bénh st xuat huyét va co 6.800 ngudi khong bi nhiém bénh sdt xuat huyét.
Nhung khi kiém tra lai bing dung cu cta cong ty, trong 1.200 nguoi da bi nhiém bénh s6t xuat huyét,
c6 70% s ngudi d6 cho két qua duong tinh, con lai cho két qua 4m tinh. Trong 6.800 ngudi khong bi
nhiém bénh sbt xuat huyét, co 5% s ngudi d6 cho két qua duong tinh, con lai cho két qua am tinh. Xac
sudt ma mot bénh nhan véi két qua kiém tra duong tinh 13 bi nhiém bénh sbt xuit huyét bang bao nhiéu?
(viét két qua dudi dang s6 thap phan va lam tron dén hang phan tram).



HUONG DAN GIAI PE NHOM 5

PHAN I. Thi sinh tra 10i tir cAu 1 dén ciu 12. M&i ciu héi thi sinh chi chon mét phwong an.
Cau 1. Ho nguyén ham ciia ham s§ f(x)=3x"+1 1a

3
A +C B.%+x+c C. 6x+C D. ¥ +x+C
Loi gidi
Chon D.

I(3x2 +1)dx=x3 +x+C.
CAu 2. Cho hai ham s6 f(x) va g(x) lién tuc trén [a;b]. Dién tich hinh phang gi6i han boi db thi ctia
cachamsé y = f(x), y=g(x) va cac duong thing x=a, x=>b bing

A |[[f () -g()]dx

B [|f(0)+g@dx. C. [[f(x)-g@|dx. D. [[£(x)-g(x)]dx.

Loi giai
Chon C.
Theo 1y thuyét thi dién tich hinh phang dugc giéi han bai dd thi cua cac duong y = f(x), y=g(x),

b
x=a, x=>b dugc tinh theo cong thirc S:'|.|f(x)—g(x)|dx

Ciu 3. Mdi ngay bac Huong déu di bo dé ren luyén ste khoé. Quang duong di bo mdi ngay (don vi:
km ) cia bac Huong trong 20 ngay dugc thong ké lai & bang sau:

Quéng duong | [2,7;3,0) [3,0;3,3) [3,3;3,6) [3,6;3,9) [3,9;4,2)
(km)
Sb ngay 3 6 5 4 2

Phuong sai ciia mau s6 1iéu ghép nhom la

A. 3,39. B. 11,62. C.0,1314. D. 0,36.
Loi giai
Chon C
Gia tri dai| 2,85 3,15 3,45 3,75 4,05
dién
Sb ngay 3 6 5 4 2
S trung binh:

_ 3.2,85+6.3,15+5.3,45+4.3,75+2.4,05
X= 0 =3,39




Phuong sai:

3.2,857+6.3,15” +5.3,45° +4.3,75% + 2.4,05

S? -3,39° =0,1314
20
n o . . 2 x-1 y-3 z+2 . e an s
Cau 4. Trong khong gian Oxyz, cho duong thang d : 5 = . = . Vecto nao dudi day la vecto
chi phuong ciia duong thang d
Au=(L3;-2).  B.u=(253). C.u=(%-53). D.u=(132).

Léi giai: Dya vao phuong trinh dudng thiang suy ra mot vecto chi phuong cua d 1a

u = (2;-5;3).

. A . 4 3 2 2
Cau 5. Tiém can dung cua do thi ham s6 y = X la duong thang c6 phuong trinh

x—=2
A.x=2. B. x=-1. C. x=3. D. x=-2.
Loi giai: Phuong trinh tiém can dimg ctia d6 thi ham sé y = % (a;c#0)1a

—-d -2
X=—=——=2.
c 1

Cau 6. Gidi bat phuong trinh log, (3x—1)>3 (1)
A. x>3. B.%<x<3. C. x<3. D. x>—.

Lai gidi: Diéu kién xdc dinh: 3x — 1> 0 ¢x >~
Te()=>3x—-1>23=8 x> 3.
Két hop voi diéu kién xac dinh => x > 3.
Ciau 7. Trong khong gian Oxyz, vecto nao sau diy 1a mot vecto phap tuyén cta mat phang
(P):x+3y-4z+5=07?
A. 1, =(3:4;5). B. i, =(1;3;-4). C. i, =(1;3;4). D. 71, =(3;-4;5).

Cau 8. Cho hinh chép S.ABCD c6 day 1a hinh vuéng, S4 vudng goc véi mit phiang day. Ménh dé nao
sau day diang?
A. BA1(S4D). B. BA L (S4C). C. BAL(SBC). D. BA1(SCD).

Loi Giai

Chon A




Ta co:
BA 1S4 (do SAL(ABCD))
BA1 AD (do ABCD la hinh vudng)

= BAL(S4D).
1 3-2x
Cau 9. Nghiém cta phuong trinh (E] =5 1a

A. x=-3. B. x=5. C. x=-5. D. x=3.

Loi giai

3-2x
1 (3
(Z_SJ =58 5202 _ 5 o _Gi4x=x+3x=3.

Cau 10. Cép sé cong (u,) c6 u, =—2 va u, =3.S6 hang u, ciia cap sb cong la
A. 33. B. -33. C.5. D. 38.
Loi gidi
Cong thirc tong quét cua cap s6 cong (u, ) 1a: u, =u, +(n—1)d , trong d6 d 1a cong sai clia cap s6 cong.
Tru =-2vau,=3,taco d=u,—u =3+2=5.
Do db, u, =u, +7d =—2+7.5=33 .
bap an: C

Cau 11 .Cho hinh 1dp phuvong ABCD.A'B’'C'D’ (minh hoa nhu hinh bén).

A D'
1
/s
13 i (j!
:
1
|
Abeeeenn- -=-3D
B C
Phét biéu nao sau day la dang?
A. AB+BB'+BA = AC'. E.ZE+Z47+ZB=A—(?7.
C. AB+AC+ A4 = AC' . D. AB+BC'+C'D' = AC'.
Loi giai

Theo quy tic hinh hop ta c6 AB+ AA + AD = AC’

Dap an: B



Céu 12 .Cho ham s6 ¢6 d6 thi nhu hinh v& bén. Ham s6 di cho dong bién trén khoang nao sau day? Cho

ham s y = f(x) c6 d6 thi nhu hinh dudi day.

“

A. (—o0;-1). B. (-1;1). C. (-2:1). D. (L;+00).

Gidi Ttr d6 thi ham sb, ta thay ham sb dong bién trén khoang (—1;1).
Pap an: B

PHAN II. Thi sinh tra 19i tir ciu 1 dén ciu 4. Trong mdi y a), b), ¢), d) & mdi ciu, thi sinh chon
ding hoac sai.
Chu 1. Cho ham s6 f(x)=-2sinx—x.

a) [(0)=0;f(z)=-x.

b) Dao ham cua ham sb da cho la f"(x)=2cosx+1.

¢) Nghiém ctia phwong trinh f'(x)=0 trén doan [0;7] 1a Z?E :

d) Gia tri nho nhét coa £ (x) trén doan [0;7] 1a —2%—\/5.

Loi giai
a) b) c) d)
PUNG SAI PUNG PUNG

a) f(0)=-2sin0-0=0 va f(z)=-2sinz—7=—r.Ding.
b) Pao ham ctia f(x)=-2sinx—x 1a f’(x)=-2cosx—1. Sai.

¢) f'(x)=—2cosx—1 khidéf'(%]z—2cos%—l=0

Suyra x = 277[ 1a nghiém cua phuong trinh f'(x) =0 trén doan [0;7]. Pung.
d) f(x)=-2sinx—x,

/' (x)=-2cosx—1cb nghiém x:%re[O;/z],

£(0)=0; f (7)==,



Do d6, gia tri nho nhat cta f(x) trén doan [0;7] 1a —2%—\/5. Dung.

Cau 2. Mot vat dugc ném lén tr do cao 300 m véi van téc dugc cho boi cong thirc

v(t) =-9,

81¢+29, 43(m/s) (Nguoén: R.Larson anh B. Edwards, Calculus 10e, Cengage). Goi h (t)(m)

1a d¢ cao cua vat so véi mit dét tai thoi diém (s) tinh tir luc bat dau ném vat.

a) Van tde cua vat triét tiéu tai thoi diém t=3s.

9,81

b) Hamsd h(t)= Tz2+29,43z.

c) Vatdat do cao 16n nhéat 1a 344 m (lam tron dén hang don vi).
d) Sau 11 s tinh tir lac ném thi vat d6 cham dit (Iam tron dén hang don vi).

Loi giai
a) b) c) d)
PUNG SAI PUNG PUNG

a) v(t)=0 khit=3 s

b) Ta c: A(t)=[v(t)dt=[(-9,81¢+29,43)dt = —%zz +29,43t+C .

Vi vat dugc ném lén tir o cao 300 m nén 4(0)=300= C =300.
Vay h(t)= —%ﬁ +29,43t+300.

¢) Khdo sat ham bac hai h(t) v6i t duong (hodc vé mat vat 1y d6 cao lon nhat dat duoc khi van
tde triét tiéu tic khi 1a t=3 s) suy ra vat dat do cao lon nhét 1a 344 m
d) Khi vét bat dau cham dat img véi h(¢)=0.

Nén ta co: —%t2+29,43t+30020<:>tz11 hoac r=-5.

Do t>0 nén tzll(s).

Cau 3. Mdt chieéc hop c6 80 vién bi, trong d6 ¢6 50 vién bi mau dé va 30 vién bi mau vang; cac vién bi

c6 kich thudc va khéi luong nhu nhau. Sau khi kiém tra, ngudi ta thdy co6 60% s6 vién bi mau d6 danh

s0 va 50% s0 vién bi mau vang c6 danh so, nhitng vién bi con lai khong danh so.

a) SO vién bi mau do c6 danh s6 1a 30.

b) S6 vién bi mau vang khéng danh sb 1a 15.

A X ‘A A ‘A . A ’ A A A . A r , A 1x 3
¢) Lay ra ngau nhién mot vién bi trong hop. Xac suat dé vién bi duoc lay ra c6 danh so la 3

A X A A A . A r A A on . A A J r A 7
d) Lay ra ngau nhién mdt vién bi trong hdp. Xac suat dé vién bi dugc lay ra khong cé danh so o

Loi giai



a) b) c) d)

PUNG PUNG SAI PUNG

a) S6 vién bi mau d6 c6 danh sé 1a 60%.50 =30.
b) S6 vién bi mau vang khong danh s6 1a 50%.30=15 .

c) Goi 4 1abién co “vién bi dugce lay ra c6 danh s6”

r
A GG

Goi B la bién c6 “vién bi dugc lay ra ¢6 mau dé”, suy ra B 1a bién co “vién bi dugc lay ra c6 mau
vang”,

Lic nay ta di tinh P(4) theo cong thirc: P(A):P(B).P(A|B)+P(§).P(A|§)

Ta co:
50 5
P(B)=""==
(8) 80 8
—\ 30 3
P(B)="—==
(2) 80 8
3
P(A|B):60%=g
P(Au_!?)=100%—50%=l
2
- — 53 31 9
Vay P(A)=P(B).P(4|B)+P(B).P(4|B)==2+=.—=—
iy P(4)=P(B).P(A|B)+ P(B)P(4]B) =2 3+2 7 =10

d) A 1a bién co “vién bi dugc lay ra c6 danh s0” suy ra 4 1a bién co “vién bi dugc lay ra khong cé

danh so6”

9 7

Ta cc'):P(Z):l—P(A):l—E:E

CAu 4. Hinh minh hoa so dd mot ngoi nha trong h¢ truc toa dd Oxyz , trong do6 nén nha, bdn birc tuong
va hai mai nha déu 13 hinh chir nhat.

EN2.:5::4)

Hooo oo, G(41 51 3)

ZA P2:0:4)

E0:0:3)

o) ISR . G B(4:5:0)

-y

O00:0:0) A



Xét tinh dang sai cia cac ménh dé sau:

a) Toa do diém 4 1a (4;0;0).
b) Toa do ctia vécto AH 1a (4;5;3)

¢) Tich vo hudng cua vécto AH va vécto AF bang 3.

d) Géc dbc ciia mai nha, tirc 1a s6 do cua goc nhi dién c6 canh 1a duong thang FG , hai mit 1an luot 1a

(FGQOP) va (FGHE) bang 26,6  (lam tron két qua dén hang phan mudi cua do).

Loi giai
a) b) c) d)
PUNG SAI SAI PUNG

a) Vinén nha la hinh chit nhat nén t&r gidc OABC 1a hinh chit nhat, suyra x , =x, =4, y. =y, =5.
Do A nam trén truc Ox nén toa do diém A4 1a (4;0;0). Pung

b) Tuong nha la hinh chit nhit nén t gidc OCHE 1a hinh chit nhét, suyra y, =y. =5, z,, =z, =3.
Do H nam trén mit phing (Oyz) nén toa d6 diém H 1a (0;5;3). Tt giac OAFE 1 hinh chit nhat nén

xp=x,=4z,=z,=3.Do F nam trén mat phéng (Ozx) nén toa do diém F la (4,0;3).
Nén AH =(—4;5;3) . Sai
¢) Taco AF =(0;0;3) Suyra AH.AF =0+0+9=9. Sai

d) Pé tinh gbc dbc ctia mai nha, ta di tinh s6 do cua gdc nhi dién co6 canh la duong théng FG , hai mat
lan luot 1a (FGOP) va (FGHE). Do mit phang (Ozx) vudng goc voi hai mit phang (FGOP) va (
FGHE) nén goc PFE 1a goc phiang nhi dién ung v6i géc nhi dién d6. Ta cé:
FP =(=2;0;1), FE = (—4;0,0).

Suy ra cos PFE = cos(ﬁ’, ﬁ) :ﬂ
| FP|-| FE |
(=2)-(—4)+0-0+1-0 25

COS]§F'\E' = =
JEP+07 + 17 (-4 + 02 +0° 5

Do d6, PFE ~26,6 . Vay goc déc ctia mai nha khoang 26,6°. Ping

PHAN II1. Thi sinh tr3 10i tir cAu 1 dén cu 6.
Céu 1. Cho hinh ling try dimg ABC.A'B'C’ cb day la tam gidc déu do dai canh bang 63 . Khoang
cach giita hai duong thing 44’ va BC bang bao nhiéu? (lam tron két qua dén hang phan muoi).

Loi giai



=1

Ké AH 1 BC taco AA' L (ABC)= AA' L AH = AH la doan vudng goc chung cua A4'va BC . Do
d6, khoang cach giira hai dudng thing 44’ va BC bang AH .

Xét tam giac ABC

6343 _

AH = AB.sin 60 = 5 9
Pap an: 9.
Céu 2. Gia sir 4 thanh phd A,B,C,D véi khoang cach (don vi: km) giira cac thanh phd dugc cho boi
bang sau:
A B C D

A 0 10 15 20

B 10 0 25 35

C 15 25 0 30

D 20 35 30 0

Hay tinh quing dudng ngan nhat dé di qua tit ca cac thanh phd diing mot 1an rdi quay lai thanh phd xuét
phat?

Loi gidi

Str dung thuét toan lang giéng gan ta co:

Tir dinh A dinh gan nhét 1a dinh B v6i quang duong 4B = 10(km)

Tur dinh B, dinh chua dén gan nhat 1a C vé6i quang duong BC = 25(km)

Tur dinh C, dinh chwa dén con lai 1a D vé6i quing dudng CD = 30(km).

Dén day, khong con dinh nao nita nén quay lai dinh A, v6i quing dudng: DA = 20(km)
Tong s6 quing dudng di duoc theo chu trinh ABCDA 1a: 85(km)

Tuong tu v6i cac dinh con lai, ta c6 bang sau



Pinh bit diu Chu trinh Tong s6 quing duong(km)

A ABCDA 85
B BACDB 90
C CABDC 80
D DABCD 85

Viy can chon duong di ngin nhat 1a CABDC véi tong s6 km 1a 80.

Pap sob: 80.

Ciu 3. Trong khong gian véi mot hé truc toa do cho trude ( don vi tinh bang mét). Ban Huyén quan sat
va phat hién mot con chim dang bay véi toe do va hudng khong doi tir diém 4(20;40;30) dén diém
B(40;50;50) trong vong 4 phut. Néu con chim bay tiép tuc giit nguyén van téc va hudng bay thi sau 2
phut con chim ¢ vi tri C(a;b;c) Tong a+ b+ ¢ bang bao nhiéu?

-— ‘____-:F____

= B

A

Dap an:
Vi hudng bay va vén toc bay ctia con chim khong d6i nén AB,BC cung hudng.

Mit khac, do thoi gian bay tir A dén B gap doi thoi gian bay tir B dén C nén AB = 2BC

= {50 —40=2(b—50) ©{2b =110 {b=55=>a+ b+ c = 165.

40 — 20 = 2(a — 40) {2a=100 {azSO
50 — 30 = 2(c — 50) 2¢ =120 c =60

Cau 4: Bac Nam lam mdt cdi ctra nha hinh parabol co chiéu cao tir mat dat dén dinh 1a 2,25 mét, chiéu
rong tiép giap voi mat dat 1a 3 mét. Gia thué mdi mét vudng 1a 150000 dong. Vay sd tién bac Nam phai
tra la bao nhiéu?

Loi giai

Goi phuong trinh parabol (P): y = ax’ +bx +c . Do tinh d6i x(tng clia parabol nén ta c6 thé chon hé tryc

toa do Oxy sao cho (P) co dinh 7€ Oy.



9
Z=c,(ze(13)) c:%
Ta c6 hé phuong trinh: %a—%b+c:0(Ae(P))<:> a=-1
9 b=0
Za+—b+c:0(Be(P))
. 2,9
Vay (P):y=—x +Z.
Dua vao db thi, dién tich cira parabol la:
3 9
2 3 4
I(—x +— )dx 2](—)6 +9jdx 2(—+9xj :2 m’
3 4 34 ) 2
2

Sb tién phai tra 1a: %.1500000 = 6750000 dong

Cau 5. Mot cong ty san xuat dung cu thé thao nhan dugc mot don dat hang san xuit 8000 qua bong
tennis. Cong ty nay so hitu mot s6 may méc, moi may co thé san xuat 30 qua boéng trong mot gio. Chi
phi thiét 1ap cdc may nay 1a 200 nghin dong cho moi may. Khi dugc thiét 1ap, hoat dong san xuat s&
hoan toan dién ra ty dong dudi su giam sat. S6 tién phal tra cho ngudi gidm sat 13 192 nghin déng mot
gio. S6 may moc cong ty nén st dung 1a bao nhiéu dé chi phi hoat dong 1a thap nhat?

Loi gidi

¢ Goi s0 may moc cong ty st dung dé san xuat la x(x eN, x> O) .

N o 8000
Thoi gian can dé san xuat hét 8000 qua bong la: 0
X
. . . 8000 51200
Tong chi phi dé san xuat la: P(x) =200x+ 192 =200x+
30x X
x=16
Ta co: P'(x):200—512200:0<:>x2:256<:> .
x x=—-16(L)
x 0 16 400
P'(x) - 0 +

P (r) \ £400 /

Vay cong ty nén st dung 16 may dé chi phi hoat dong 14 thap nhat.

Cau 6. Mot cong ty duoc pham gidi thiéu mot dung cu dé kiém tra sém bénh sét xudt huyét. Vé bao
cdo kiém dinh chat lugng cua san phém, ho cho biét nhu sau: S& nguoi duogc thu 1a 8.000, trong s6 do
¢6 1.200 ngudi da bi nhidm bénh sot xut huyét va co 6.800 nguoi khong bi nhidm bénh sot xuat huyét.
Nhung khi kiém tra lai bang dung cu ctia cong ty, trong 1.200 ngudi di bi nhiém bénh sét xuat huyét,
c6 70% sb ngudi d6 cho két qua duong tinh, con lai cho két qua 4m tinh. Trong 6.800 nguoi khong bi
nhiém bénh st xuat huyét, c6 5% sb nguoi d6 cho két qua dwong tinh, con lai cho két qua am tinh. Xac



sudt ma mot bénh nhan véi két qua kiém tra duong tinh 13 bj nhiém bénh sbt xuit huyét bang bao nhiéu?
(viét két qua dudi dang sb thap phan va lam tron dén hang phan tram).

Loi giai
+ Khi kiém tra lai, trong 1200 nguoi da bi nhiém bénh s6t xuat huyét, cd 70% s6 nguoi cho két qua
duong tinh nén ta c6: 70%.1200 =840 (nguoi).
Khi d6 s6 bi nguoi nhiém bénh sét xuat huyét cho két qua am tinh trong s6 1200 nguoi do la:
1200 —840 = 360 (nguoi).
+ Khi kiém tra lai, trong 6800 ngudi khong bi nhiém bénh sbt xudt huyét, c6 5% sb ngudi d6 cho két
qua duong tinh nén ta c6 la: 5%.6800 =340 (nguoi).

Khi d6, sb nguoi khong bi nhidm bénh sdt xuat huyét cho két qua am tinh trong 6800 nguoi do la:
6800—-340=6460 (nguoi).

Tt do ta co bang sau: (don vi: nguoi)

S6 ngudi S6 nguoi khong , .
~ N Tong so
nhiém bénh nhiém bénh
1200 6800 8000
Duong tinh 840 340 1180
Am tinh 360 6460 6820

+ Xét cac bién co sau:

A: “Ngudi duoc chon ra trong sb nhitng ngudi thir nghiém 14 bi nhiém bénh sét xuat huyét”;

B: “Ngudi duoc chon ra trong s nhirg ngudi thir nghiém 1a khong bi nhiém bénh sét xuat huyét”;
C: “Nguoi duoc chon ra trong sb nhitng nguoi thir nghiém cho két qua dwong tinh(khi kiém tra lai)”;

Khi d6, ta co P(C)=@=£; (A4 )=ﬂ=i.
8000 400 8000 200

Vay P(A|C):22—010:j—090:%z0,71.

Pap so: 0,71.



SAN PHAM TAP HUAN NHOM 6

PHAN L. Thi sinh tra 1oi tir cAu 1 dén cAu 12. M&i cau hoi thi sinh chi chon mét phuong an.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Nguyén ham cta ham sb f(a:) =2 1a
A. 4x* +C. B. 3x* +C. C.x'+C. D. %x4+C.

Goi D 14 hinh phang giéi han boi cac dudng y = e,y = 0,z = 0 va z = 1. Thé tich ctia khéi
tron xoay tao thanh khi quay D quanh truc Oz bang

1 1 1 1

A7 [ e¥de, B. 7 [eda C. [eda. D. [¢*da.
0 0 0 0
Cho mAu s liéu ghép nhém duoge cho & bang sau
Nhom Tén s
[25;35) 10
[35; 45| 7
[45;55) 5
165:75) 9
[75:85) 9
n =40

Do 1éch chuan ctia mau sé liéu ghép nhom trén (Iam tron két qua dén hang phan muoi) 1a
A. 15,1. B. 15,0. C. 14,8, D. 14,9.

Trong khong gian Oxyz, phuong trinh cua dudng thiang di qua A<—1; —1; 1) va c6 mot mat
vecto chi phuong u(1;2;3) 1a

r—1 y—1 2+1 r+1 y+2 2+3

A. B.
1 2 3 -1 -1 1

C.x—|—1:y+1:z—1. D-x—lzy—2:z—3‘
1 2 3 -1 -1 1

Cho ham s6 y = “zi 2 (c = 0,ad — be = 0) c6 dd thi nhu hinh v& bén. Tiém can ding cta

CT

db thi ham s6 1a '

A.y=1. B. z=-1.

C.z=1. D.y=-1.




Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Tap nghiém cta bat phuong trinh log, (2x - 1) < log, (x + 2) la

A.S=(3;—|—OO). B.S:(—oo;?)). C.S:[%ﬁ .

D. S =(-23).

Trong khong gian Ozyz, cho mit phang (P) :2x —y + 2z — 3 = 0. Vécto nao dudi day 1a mat
vécto phap tuyén ctia mit phing (P) ?

Ao =(-211).  B.n, =(211). C.n,=(3-L-1). D.n =(-21-1).

Cho hinh chép S.ABCD c6 ddy ABCD la hinh vuong va SA | (ABCD). Puong thang BC

vudng goc véi mit phang nao sau day?

A. (94B). B. (SBC). C. (SCD). D. (SBD).
Nghiém phuong trinh log, » = 3 1a

A,z =3. B. z=6. C.z=8. D.z=5.
Cho cép sb cong (un> cO u, =3, u, = 5. Cong sai d cua cap sb cong la:

A. 1. B. 2. C.8. D. 4.

Cho hinh hop ABCD.A' B'C'D’. Khang dinh nao sai trong cac khang dinh sau

A. BA+BC + BB'= BD". B. AC' = AB+ AD + AA'.
C. AB+BC +CC' = AC". D. AB+ AA = AD + DD'.

Cho ham s6 f (x) c6 bang bién thién nhu sau:

T —00 -2 0 2 +oo

fl(z) - 0 + 0 - 0 +
+00 3 +00

Ham s6 da cho dong bién trén khoang nao dudi day

A. (0;+00). B. (0;2). C. (-20). D. (—o0;—2).



PHAN II. Thi sinh tra 10i tir cAu 1 dén cdu 4. Trong mdi ¥ (a), (b), (c), (d) & mdi cau, thi sinh
chon ding hodc sai.

Cau 1:

Cau 2:

Cau 3:

Chohamsb y = 2° — 3z +1

a) Ham sb dong bién trén (1; +oo>.

b) Ham s6 c6 gia tri cuc tiéu bang 3.

¢) D06 thi ham s6 cat truc tung tai diém cé tung d6 bang 1.

d) Gia tri 16n nhat cia ham sb trén [-2;1] bing 3.

Mot 6 t6 dang chay vai te do 108 km/h thi ngudi 1ai xe bat ngd phat hién chudng ngai vat
trén dudng. Ngudi 1ai xe phan img mot gidy sau do bang cach dap phanh khan cip. Ké tur
thoi diém nay, 0 t0 chuyén dong cham dan déu véi toc do v (t) = —10t+ 30 (m/ s) , trong dé
t 1a thoi gian tinh bang gidy ké tir lac dap phanh. Goi s(t) 1a quang duong xe 6 0 di duoc
trong t (s) ké tir lic dap phanh.

a) Cong thirc bieu dién ham s0 s(t) = —5¢* + 30t (m).

b) Thoi gian ké tir lac dap phanh dén khi xe 6 t6 ding han 13 6 gidy.

¢) Sau 3 gidy ké tir lac dap phanh, quing duong xe 6 t6 di chuyén duoc 13 45 (m) .

d) Quing dudng xe 6 to da di chuyén ké tir lic ngudi 1ai xe phat hién chudng ngai vat trén
dudmg dén khi xe 6 t6 ding hén 1a 120 (m).

Mot cong ty truyén théng dau t‘hﬁu 2 dy an. Kha ning thing thau gﬁa dy an 1 1:21 0,§ Vé’du
an 2 1a 0,6. Kha nang thang thau cua ca 2 du an 1a 0,4. Goi 4, B lan lugt 1a bién co thang
thau du 4n 1 va dy 4n 2.

a) Xac suat P(A) = 0,5va P(B)=0,4.

b) Xac suit cong ty thing thau dung 1 du an1a 0,3.

¢) Biét cong ty thang thau du an 1, xac suat cong ty thing thau du an 212 0,4.

d) Biét cong ty khong thing thau du an 1, xac sudt cong ty thing thau du an 2 1a 0,8 .

Mot méay bay dang di chuyén vé phia san bay. Tai thoi diém hién tai, Yi tri cia may bay la
B(150;150;5000) (trong d6 5000m 1a d§ cao cia may bay so v4i mat dat). May bay dang di
chuyén thang t&i san bay v&i van téc 700 km / k. San bay c6 toa do C(0;0;0) va may bay dang
tién dan dén vi tri ha canh tai sin bay.

x =150 — 150¢
a)Phuong trinh tham sb ctia dudng thing ma may bay di chuyén theo 1a{y = 150 — 150¢

z = 5000 — 5000¢

b)Khoang cach tir vi tri hién tai cia may bay B(150;150;5000)dén san bay C(0;0;0)1a

V15250000 = 3905, 6km



Cau 1:

Cau 2:

Cau 3:

Cau 4:

¢)Vé6i van toc trung binh ctia may bay 1a 700km/h, thoi gian dé may bay ha cach 1a khoang
5,5 gio.

d)Néu hé thong kiém soat khong luu yéu cau lién lac véi may bay khi né con cach san bay
40km thi khi mdy bay & vi tri (6;6;200)n6 con céch san bay Ia 40 km.

PHAN III. Thi sinh tra 1oi tir cAu 1 dén ciu 6.
Cho hinh chép S.ABCD c6 day 1a hinh vudng canh bang 1, SA vudng goc v6i mit phang
(ABC’D) va SA = g Khoang cach tir diém A dén mit phang (SCD) bang bao nhiéu?

(1am tron két qua dén hang phan muoi).

Mot nhan vién cua bao tang ngh¢ thuat dang co ké hoach gid1 thiéu nd1 dung cudc trién 1am
ctia bao tang dén ba trudng hoc trong khu vire. Ngudi d6 mudn dén timg truong va quay tre
lai bao tang sau khi tham ca ba truong. Thoi gian di chuyén (don vi: phit) giita cac truong
hoc va giita bao tang v6i mdi trudng hoc duge mo ta trong hinh v&.Tim thoi gian di it nhat
dé thuc hién chu trinh trén .

Truong B

2 _ Bio tang

Truwong .

Truong C

Mot chiéc may bay khong ngudi 1ai bay 1én tai mot diém. Sau mot thoi gian bay, chiéc may
bay cach diém xuat phat vé phia Bic 50 (km) va vé phia Tay 20 (km) , dong thoi cach mat

dat 1 (km) Xac dinh khoang cach cta chiéc may bay véi vi tri tai diém xudt phat caa né.

Mot gia dinh thiét ké chiéc cong c6 dang 1a mot parabol (P) ¢6 kich thudc nhu hinh vé, biét
chiéu cao cong bang chiéu rong ciia cong va bang 4m . Ngudi ta thiét ké cira di 1a mot hinh
chit nhat CDEF sao cho chiéu cao ctra di 1a €D = 2m , phan con lai dung dé trang tri. Biét

chi phi phan t6 dam 1a 1,5 triéu dong/m?.Tinh sb tién (triéu dong) gia dinh d6 phai tra dé
trang tri phan t6 ddm(lam tron két qua dén hang phan muoi).



P) 1

E D 41

. 1111 ——

Trong mdt bai thyc hanh huin luyén quan sy c6 mot tinh huéng chién si phai boi qua song
dé tin cong muc tiéu ¢ ngay phia bd bén kia séng. Biét rang 10ng song rong 100m va vin
tdc boi cua chién si bang mot phan ba van tdc chay trén bo. Biét dong séng 1a thang,muc
tiéu cach chién sy 1km theo duong chim bay va chién sy cach bo bén kia 100m.Hay cho biét
chién s§ phai boi bao nhiéu mét dé dén dugc muc tiéu nhanh nhat(lam tron két qua dén hang
don vi)?

Cé hai hdp bong ban, cac qua bong ban ¢ kich thude va hinh dang nhu nhau. Hop I chtra 3
bong ban mau tring va 2 bong ban mau vang, hop II chira 6 bong ban mau trang va 4 bong
ban mau vang. Lay ngdu nhién 4 qua bong ban & hop I boé vao hop II r6i 1y ngau nhién 1
qua bong ban tir hop 11 ra. Tinh xac suit dé qua bong ban 1y tir hop II c6 mau vang.



DAP AN VA LOI GIAI

PHAN L. Thi sinh tra 10i tir cAu 1 dén cAu 12. Mi ciu hoi thi sinh chi chon mot phuong an.

Cau 1:

Cau 2:

Cau 3:

Nguyén ham cta ham s f (x)=x"1a
A. 4x* +C. B. 3x* +C. C.x'+C. D. —x*+C.
Loi giai
x4
Ta ¢ J.x3dx:T+C.Ch(_)n D.

Goi D 1a hinh phéng gi61 han boi cac duong y=e",y=0,x=0 va x=1. Thé tich cta khdi
tron xoay tao thanh khi quay D quanh truc Ox béng

1 1 1

1
A. njezxdx. B. njexdx C. Ie"dx. D. Iezxdx.
0 0 0 0
Loi gidi
Chon A
Cho mAu s liéu ghép nhém duge cho & bang sau
Nhom Tan so
[25;35) 10
[35;45) 7
[45;55) 5
[65,75) 9
[75;85) 9
n=40

D6 1éch chuan cta mau s6 liéu ghép nhoém trén (1am tron két qua dén hang phan mudi) 1a:
A. 15,1, B. 15,0. C. 14,8. D. 14,9.
Loi giai

Ta c6 bang thong ké sau:

Nhom Gia tri dai dién Tan s6
[2535) 30 9
[35;45 40 7

)
[45;55) 50 5
) 60 10




[75:85) 70 9

S6 trung binh cdng cua mau s6 liéu ghép nhoém la:

30.9+40.7+50.5+60.10+70.9
40

=1

=50,75
Phuong sai ciia mau so ligu 1a:

, 9.(30-50,75)" +7.(40-50,75)" +5.(50-50,75)" +10.(60 - 50,75)" +9.(70 - 50,75)’
S =
40

=221,9375

Do 1éch chuan cia mau sd lidu trén 1a: s =+/221,9375 ~14,9.

Cau 4: Trong khong gian Oxyz , phuong trinh cuia dudng thang di qua A(-1;-1;1) va c6 mot
mot vecto chi phuong u(1;2;3) 1a:

A, x—lzy—1:z+1. B. x+1:y+2:z+3.

1 2 3 -1 -1 1

C. x+1:y+1:z—1' D. x—lzy—2:z—3'

- 1 2 3 -1 -1 1
Cau5: Cho ham sé y=22 2 (c #0,ad —bc #0) c6 dd thi nhu hinh v& bén. Tiém can ding cta dd

CcxX +

thi ham s0 1a:

A. y=1. B. x=-1.

C. x=1. D. y=-1.

Loi giai
Tir d6 thi ham s6 ta thay tiém can dung cua d6 thi ham s6 1a x=1.

Cau 6: Tap nghiém ciia bat phuong trinh log, (2x-1) <log, (x+2) 1a



Cau 9:

Cau 10:

Cau 11:

A. S=(3;+oo). B. S:(—oo;3). C. S:(—;3j. D. S=(—2;3).

Chon C

oo [2x=1>0 1
biéu kién: S x>—.
x+2>0 2

Ta co: log, (2x—1) <log,(x+2) <= 2x—1<x+2 < x<3.

Két hop didu kién, tap nghiém cua bt phuong trinh da cho 1 %< x<3.

Trong khong gian Oxyz, cho mit phang (P):2x—y+z—-3=0. Vécto nao dudi day la mot
vécto phap tuyén ctia mit phing (P)?
A. n,=(-211). B. n, =(211). C.n,=(3-5-1). D.n=(-21-1).

Loi giai
Chon D
(P):2x—y+z-3=0.
Suy ra: mit phing (P) c6 mot vécto phap tuyén la n =(2;-1;1).
Taco: n =(-2;1;-1)=n, =—n.
Vay: n, =(-2;1;-1) 1a mot vécto phap tuyén clia mt phing (P).
Cho hinh chép S.4BCD c6 ddy ABCD la hinh vudng va S4 L (ABCD). Dudng thang BC
vudng goc voi mat phang nao sau day?
A. (54B). B. (SBC). C. (SCD). D. (SBD).

Loi giai

Duong thing BC vudng géc véi mit phing (S4B) vi BC L SA va BC L 4B.
Nghiém phuong trinh log, x =3 la:
A. x=3. B. x=6. C. x=8. D. x=5.
Cho cép sb cong (u,) c6 u, =3, u;=5. Cong sai d clia cap s6 cong la:
A. 1. B. 2. C.8. D. 4.
Cho hinh hop ABCD.A'B'C'D' . Khang dinh no sai trong cac khang dinh sau:

D

A. BA+BC+BB'=BD". B. AC'= AB+ AD + AA'.



Cau 12:

C. AB+BC+CC = AC'. D. AB+ A4’ = AD+ DD’

Cho ham s6 f(x) c6 bang bién thién nhu sau:
x —00 -2 0 2 +o00
() -0 + 0 - 0 +

+00 3 00
f(x) \i/ \i/
Ham s6 d3 cho dong bién trén khoang nao duédi day
A. (O;+oo). B. (0;2) . C. (—2;0) . D. (—oo;—2).
Loi giai
Chgn C
Tl bang bién thién, suy ra trén khoang (-2;0) ham sb dong bién.

PHAN II. Thi sinh tra 18i tir cAu 1 dén cu 4. Trong mdi ¥ (a), (b), (c), (d) & mdi cau, thi sinh
chon dung hodc sai.

Cau 1:

Cho ham 86 y=x"-3x+1

A. Ham s dong bién trén (L;+0).

B. Ham s6 c6 gia tri cuc tiéu bang 3.

C. D6 thi ham s0 cat truc tung tai di€ém c6 tung do bang 1.
D. Gia tri 16n nhét ciia ham sé trén [-2;1] bang 3.

Loi giai

A- DPUNG B-SAI C-DUNG D-DUNG

y'=3x"-3

y'=0sx=Lx=-1

X —00 -1 1 +00
y' + 0 - 0 +
y 3 +00
- / \ | /
A. Bing.

B. Sai. Ham s6 c6 gia tri cuc tiéu bang —1
C. buang. D6 thi ham s cit truc Oy tai diém c6 toa do (0;1)



Cau 2:

Cau 3:

D. Dung.
y(-2)=-1, y(-1)=3, y(1)=-1. Vay gia tri 16n nhét ctia ham s6 trén [-2;1] bang 3
Mot 6 to dang chay véi tbe do 108 km/h thi nguoi l4i xe bat ngd phat hién chudng ngai vat

trén duong. Nguoi 1ai xe phan g mot gidy sau d6 bang cach dap phanh khan cap. Ké tir
thoi diém nay, 6 t6 chuyén dong chdm dan déu voi toe do v(t)=-10t+30 (m/s), trong do ¢
14 thoi gian tinh bang gidy k¢ tir luc dap phanh. Goi s(t) 1a quang dudng xe 6 t6 di dugc
tinh bang don vi m trong ¢ (s) ké tir lac dap phanh.

A. Cong thuc biéu dién ham s6 s(t)=-5t>+30t(m).

B. Thoi gian ké tir luc dap phanh dén khi xe 6 t6 dimg han 12 6 gidy.

C. Sau 3 gidy ké tir liic dap phanh, quing duong xe 6 t di chuyén duoc 1a 45 (m).

D. Quing dudng xe 6 to da di chuyén ké tir luc nguoi 14i xe phat hién chuéng ngai vét trén
dudng dén khi xe 6 t6 dimg han 1a 120 (m)

Loi giai

A- DPUNG B-SAI C-DUNG D-SAI

A. Cong thirc biéu dién ham s6 s(t)=-5t>+30t(m).

Taco s(t)=[ov(t)dt=[(-10t+30)dt =—5¢* +30t +C..

Do 5(0)=0 nén C=0.

Vay s(t)=-5t>+30t (m).

» Chon PUNG , 7

B. Thoi gian ké tir luc dap phanh dén khi xe 6 t6 dung han 1a 6 giay.

Xe 6 10 dimg han khi v(t)=0<-10t+30=0<t=3.

» Chon SAI

C. Sau 3 gidy ké tir lic dap phanh, quing duong xe 0 t0 di chuyén duogc 1a 45 (m).

Sau 3 gidy ké tir lac dap phanh, quing duong xe 6 to di chuyén duoc 13
5(3)=-5.3+30.3=45(m).

» Chon PUNG o

D. Quang duong xe 6 t6 da di chuyén ké tir lic nguoi 1ai xe phat hién chudng ngai vat trén

dudng dén khi xe 6 t0 dimg han 1a 120 (m).

Ta co 108 km/h =30 m/s.

Vay quing duong xe 6 to di di chuyén ké tir lic nguoi 1ai xe phat hién chudng ngai vat

trén dudng dén khi xe 6 0 dimg han 1a 30+45=75 (m).

» Chon SAI

Mot cong ty truyen thong dau thau 2 du 4n. Kha nang thang thau cua du 4n 1 12 0,5 va du

an 2 1a 0,6. Kha nang thang thau cia 2 du an 1a 0,4. Goi 4, B 1an lugt 1a bién c6 thang thau

duan 1 vaduy an 2.



a) Xac sudt P(4)=0,5va P(B)=0,4.

b) Xac suat cong ty thang thau dung 1 du an 13 0,3.

¢) Biét cong ty thang thau du 4n 1, xac sudt cong ty thing thau du an 2 1 0,4

d) Biét cong ty khong thang thau du an 1, x4c suat cong ty thang thau dw 4n 2 13 0,8.

Loi giai

A- DPUNG B-DUNG C-SAI D-SAI

a) P(4)=0,5= P(4)=0,5; P(B)=0,6 = P(B)=0,4. Ping.

b) Goi Cla bién cb thang thau ding 1 dy an.
P(C)=P(ANB)+P(ANB)=P(4)— P(ANB)+ P(B)— P(AN B) Diing.
= P(A)+P(B)-2P(ANB)=0,5+0,6-2.0,4=0,3

¢) Goi D 1a bién ¢ thang dy an 2 biét thang du 4n 1.

P(BNA) 0,4

P(D)=P(B\ A) = 2 0

=0,8. Sai.

d) Goi E1a bién c6 thang du an 2 biét khong thang dy an 1.

P(E)=P(B\4)=2 (ﬁ(g)fl) _P(B) ; 21)4 nB) _0, 60_50, 4

=0,4. Sai.

Mot may bay dang di chuyén vé phia san bay. Tai thoi diém hién tai, vi tri cia may bay la
B(150;150;5000) (trong d6 5000m 1a do cao ctia may bay so véi mit dat). May bay dang di
chuyén thang téi san bay v6i van toc 700km/h. San bay cé toa dd C(0;0;0) va may bay dang
tién dan dén vi tri ha canh tai san bay.
x=150-150¢
a)Phuong trinh tham s6 cua duong thing ma may bay di chuyén theo 1a{ y =150—150¢
z=5000-5000¢

b)Khoang cach tir vi tri hién tai ctia mdy bay B(150;150;5000)dén sin bay C(0;0;0)la
15250000 ~ 3905, 6km
¢)Véi van tde caa may bay 1a 700km/h, thoi gian dé may bay ha canh 13 khoang 5,5 gio.

d)Néu hé thong kiém soat khong luu yéu cau lién lac véi may bay khi né con cach san bay
40km thi khi may bay & vi tri (6;6;200) né con cach san bay la 40km.

Loi giai

A- DPUNG B-SAI C-SAI D-SAI




Caul:

a)bung.

Véc to chi phuong cia dudng thiang BC 1a: BC = (~150;-150;-5000) do d6 phwong trinh
x=150-150¢

tham s6 1a { y =150—150¢
z=5000-5000¢

b)Sai.

doe= \/(150 —0) + (150 — 0)> + (5000 — 0)> = ~25045000 ~ 5004, 5

c)Sai.
5004,5

Thot gian ha canh 1a ¢ = ~ 7,15 gi0

d)Sai.

Toa do may bay tai thoi diém con cach san bay 40km phai thoa man diéu kién khodng cach
12 40km. Tinh khoang céch tir (6;6;200) dén (0;0:0):

d =J(6—0)> +(6—0)* +(200—0)> =~/40072 ~ 200,18/km

PHAN III. Thi sinh tra 1oi tir cdu 1 dén ciu 6.

Cho hinh chdp S.4BCD c6 day 1a hinh vuéng canh bang 1, S4 vudng goc v6i mit phing
(ABCD) va S4= ? Khoang cach tir diém 4 dén mit phang (SCD) bang bao nhiéu? (lam

tron két qua dén hang phan muoi).

Loi giai

Trong (SAD), goi H 1a hinh chiéu ciia 4 dén dudng thang SD. Khi d6 4H L SD(1).
Mat khac DC L (SAD)= DC L 4H(2).

SA.AD

1
JSA*+SD? 2

Tu (1)(2)= 4H L (SCD)= d(4,(SCD))= 4AH =

Dap an: 0,5



Cau 2:

Cau 3:

Mot nhan vién cua bao tang ngh¢ thuat dang co ké hoach gi61 thiéu nd1 dung cudc trién 13m
ctia bao tang dén ba truong hoc trong khu vic. Ngudi d6 mudn dén timg trudong va quay trd
lai bao tang sau khi tham ca ba truong. Thoi gian di chuyén (don vi: pht) gifta cac trudng
hoc va giira bao tang v6i mdi trudng hoc duge mo ta trong hinh v&.Tim thoi gian di it nhat
dé thuc hién chu trinh trén .

Truong B

2 _ Bio rang

Truwong .

Truwong C
Loi giai

Tir vién bao tang, thoi gian di chuyén dén trudng A 14 ngan nhat: 19 phut.
Tir truong A, thoi gian di chuyén dén truong B 14 ngan nhat: 38 phut.
Tir truong B, thoi gian di chuyén dén truong C 1a ngan nhat: 32 phit.

Pén day, khong con dia diém nao chua di qua nén quay lai vién bao tang véi thoi gian di
chuyén: 51 phut.

Do d6, chu trinh xuét phat tir vién bao tang, qua trudng A, truong B, truong C rdi quay lai
vién bao tang c6 thoi gian di 13 it nhat va thoi gian di 13: 19 + 38 + 32 + 51 = 140 (phat).

Dap an: 140

Mot chiéc may bay khong nguoi 1ai bay 1én tai mot diém. Sau mot thoi gian bay, chiéc may

bay cach diém xuét phat vé phia Bic 50(km) va vé phia Tay 20(km), dong thoi cach mat

dat 1(km). X4c dinh khodng cach ctia chiéc may bay véi vi tri tai diém xuét phat cia né.
Loi gii

Chon h¢ truc toa d§ Oxyz, voi goc dat tai diém xudt phat cua chiéc may bay, mat phang

(Oxy) trung v6i mit dat, truc Ox hudng vé phia Béc, truc Oy huéng vé phia Tay, truc Oz

hudng thang dung 1én troi, don vi do 1ay theo kilomét (Nhu hinh v§).



Cau 4:

o

R S . |

Chiéc mdy bay c6 toa d§ (50;20;1).

Khoang céch clia chiéc may bay véi vi tri tai diém xudt phat 1a: V50 +20% +1% ~ 53,9 (km)

Pap an: 53,9(km)

Mot gia dinh thiét ké chiéc cong c6 dang 1a mot parabol (P) c6 kich thude nhu hinh V&, biét
chiéu cao cong bang chiéu rong cta cong va bang 4m . Nguoi ta thiét ké ctra di 1a mot hinh
chir nhat CDEF sao cho chiéu cao cira di 14 CD =2m, phan con lai ding dé trang tri. Biét
chi phi phép t6 dam 1a 1,5 triéu ’d(‘Sng/ m’ Tinh sd gién (triéu dong) gia dinh d6 phai tra dé
trang tri phan t6 dam(lam tron két qua dén hang phan chuc).

) 1

E D 4

—~——e drn —_——

Loi gidi
LG) Chon hé tryc toa do Oxy, nhu hinh v& thi phuong trinh ctia duong cong (P) canh
congla y=f(x)=—x"+4.



Cau 5:

Tir hinh v&, ta ¢6 parabol (P) c6 dang: y =ax’ +bx+c; a,b,ceR.

Do (P) ¢6 db thi 1a parabol c6 dinh (0;4) vadiqua diém co toa do 1a (2;0) nén
b=0 a=-1
c=4 &1<b=0 .Vay (P) c6 phuong trinh y =—x*+4.
4a+2b+c=0 c=4

Theo gia thiét diém D thuc d thi (P)co tung 6 bang 2 suy ra hoanh d¢ 14 nghi¢m phuong

trinh —x*> +4=2 < x =+/2. Theo dd thi diém D c6 hoanh do duong nén D(\/E ;2)

Chiéu rong ciia ctra [a CF =2.0D =232 (m).

Ta c0, dién tich cua (P) tao voi truc hoanh la: S = Ii(_xz +4)dx = %mz'

Dién tich hinh chit nhat CDEF 13 S,,,, =2.242 =442

Dién tich can trang tri 1 S, =SS, = %—4[ = M

1,5=7,514718626 ( dong)

Chi phi dé trang tri phan t6 dam 13 (%j

S tién gia dinh d6 phai tra dé trang tri phan t6 ddm 1a 7,5 (triéu dong)
Pap an: 7,5 (triéu dong)

Trong mot bai thyc hanh huin luyén quan sy c6 mdt tinh huéng chién si phai boi qua séng
dé tin cong muc tiéu ¢ ngay phia bd bén kia séng. Biét rang 10ng song rong 100m va van
tdc boi cua chién si bang mot phan ba van tdc chay trén bo. Biét dong séng 1a thang,muc
tiéu cach chién sy 1km theo duong chim bay va chién sy cach bo bén kia 100m.Hay cho biét
chién s§ phai boi bao nhiéu mét dé dén dugc muc tiéu nhanh nhat(lam tron két qua dén hang
don vi)?

Loi giai



&A.LI D

b

10

B
Goi A 1a muc tiéu; B 14 vi tri chién s§ va BD 1a dudng boi cua chién s.
Chon mot don vi do dai 1a 100m suy ra BC =1; 4B =10; AC =311

Goi van toc boi cua chién s 1a mot don vi van toc thi van toc chay cua chién sy la 3 don vi
van toc. Goi x 1a quang dudng chién sy boi suy ra BD = x

Véy quing dudng chién s§ chay 1a 4D = AC—CD =3J11-+x* -1

3J——\/x7—_

Thoi gian chién sy dén dugc muc tiéu 1a: 1= =11 - —\/x -1+x

X¢ét ham f( ) 1——\/)(? —1+x COf( ) l—gﬁ ) _ﬂ

Bang bién thién:

f'(x)

f(z) \ /
32

Vay thoi gian chién s§ dén muc tiéu ngén nhat khi f(x) = x= e

Vay chién sy phai boi %.100 =75v2 (m) ~106(m).

Pap an: 106(m)

Cau 6 :Co hai hop bong ban, cac qua bong ban cé kich thudc va hinh dang nhu nhau. Hop I chura 3
boéng ban mau trang va 2 bong ban mau vang, hop II chira 6 bong ban mau tring va 4 bong ban mau
vang. LAy ngiu nhién 4 qua bong ban & hop I bo vao hop 11 réi ldy ngiu nhién 1 qua bong ban tir
hop 11 ra. Tinh x4c suat dé qua bong ban 13y tir hop II c6 mau vang.

Loi gidi.

Goi 4:"Lay duoc qua bong ban mau vang tir hop 11" va



B:"Lay duoc 4 qua bong ban & hop L, trong d6 ¢ dung 1 qua mau vang".
Ta c6 B: "Liy dugc 4 qua bong ban & hop I, trong d6 c6 ding 2 qua mau vang".
THI1. B xay ra

+) S6 cach lay 4 qua bong ban 6 hop 1 1a CF, co 1 cach 1ay 3 qua trang va 2 cach lay 1

1.2 2
uavang. Tacod P(B)=—=—.

qué vang (B) s

+) Sau khi b6 4 qua & hop I sang hop II thi hop I s& c6 9 qua mau tring va 5 qua mau
vang.

, 5
Do d6 P(A4|B)==.
14

TH2. B xay ra

+) S6 cach lay 4 qua 6 hop I1a C?, c6 C? cach lay ra 2 qua trang va 1 cach liy ra 2 qua

2
Cﬂ;l —3 hogc ¢ thé tinh P(B):l—P(E):l—Ez—.
ct s 55

mau vang tir hop I. Ta co P(E) =

+) Sau khi bo 4 qua & hop I sang hop 11 thi hop II s& c6 8 qua mau tring va 6 qua mau
vang.

A - 6 3
Vay P(A|B) ==
Cudi cung ap dung cong thirc xac sudt toan phan:

El

P(4)=P(B).P(4|B)+P(B).P(4[B) :% o

+§.E:O,4
57

Dap an: 0,4
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